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e —sinxy =e AR x RG1E

e« (1+y") —coszy » (y +23") =0,fLATE 5'(0) =%—1,
BRI OLTEA
1 1
y_l=(?_1>(x—O),Eﬂy=(:_1)x+1.

14. [BYH FO—0)=f0)=f(0+0)=018 f(x) ¥ = =0 &b 4k,
Yz <O, f'(x) =2cos2x;

pY 4 — 2
£ (0) =lim f{z)— fF0) —lim sin2zx —2,
0" x 0" X
@t LD IO k2

r—0" X s X

B =, =218 0 =2,

JZCOSZx, x <0,
[ (x)= 2
s = 0.
T2z’ *=°
15.[1&) ]imw=1im 1 T
x-+0 v r—0 1+2]

i lim — =118 - (0) =1, lim —— =0 /. (0) =0,
x-+0 1+zx J*0+l+21
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A F_ 0 # fy (0BT f(x) £ = =0 b AT 5,
16 . [BYF(0—0)=b,/ (O =Ff0+0)=

H ) Ex=00FEEH=1;

£ (0) =lim fO=f©@ | 2rtl-1
a0 x a0 x
. (0) = lim [ =f@ o nGten)+1-1_
ot x a0" x
B O=f,©Bae=2,8a=2,b=1.
1 1/ 1
17. 1y = 2—1_7(x—1_x+1) &
w ¢ )=l[(—~l)"n! (= D"a! }
YT =D A+ D
CETEX ).
Q HEE
1 x
1.[BY Dy =2ln(z + V2" F1) s ————— . {1+ )
z+ 1+ 27 ( JT+2°
2
= In(z + Vx> +1).
Jzt 41
1 1 arcsin/x

(2)y" =2arcsiny/x «

J1— (Jz)? ) 2«/;_-\/1(1 =
2. Y De” ="+ y+ 1 FHENY » KRG8

ot )z g gl 2
x re” —1
(2) Hx=00,My+lny=17%y=1,
Vit + 3y +lny =14 2xy AR > KFH
dy
zty—=—
dx 1 dy dy dJ’
—+ = = =2y +2zx —, LA =1.
Ey v AR

3- [ﬂ] $ y =xsin21 15‘), =esin2:|n.r 9BI\[J

’ i 1 . ] . .
y' = estxInr . (200821‘1]’1.1‘ + —sm21)= (ZCOSZ.I']I].‘[ 4 —sin2x ).1' singa
T x

#Hdy = (20052xlnx + %sian ) ™ dx.

4. [f#]Jarctan % =Invz* +y* FAREX > kK FHE

=x+y

1 zy' —y 1 2z +2yy’ ay dy
7 ° z = m = ’ﬁﬂﬁtd_ — .
1_'_(%) x Jri+y 2/t +y S ¢
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5. Y%z =0 R, i e + cos(zy) =sindz +2 8 y =0;
e + cos(xy) =sin3x + 2 WA RN » R EH

+ -(1+g—y)—sin(xy)°(y+xj—) 3c033x,ﬁ/\1§'fdy =0=2.
6.(%15&1 f(x)l =118 FQDO=2,f (D =1,1
g SATR) —f=1+2R) . fA+R)— f—2h)
A0 h A0 h
i LA = Q) L fA 2R = f QD
o0 h A0 — 2h
=3f/(D=
7.[%@]Hﬂl@%=2ﬁf(a)=l,f'(a)=2,:F%
2 —_ 2 — . .
IA‘I'Jf (a+2h)h fia h)=£i}3[f(a+2h)+f(a“h):l'f(a+2h)h fla—h)
—Zf(a)l_of(a+2h)l:-f(a_h)
o flat2r) = fla) | fla=h)=[(a)
_ZIh‘-’i.‘[z 2k —h }
=6f"(a)=12.
8. [RYAHiE—
£00) = *OM —lim(z — 1) (z +2)-(x —99)(z + 100) =1001.
FEZ

B @) =>E—DE+2)(x—9(x+100) + x(x +2)*(x + 100) + - +
z(x— D (x +2)(x—99) 18 £'(0) =1001.
9 [BYEN f(x) BEEHLFU () HBEELED £/(—1) =2,

if(.z:s) . =3z f'(z2*) - =3f(—1)=6.

f(x)-I-Z

10.[##) ml =3 f(H)=—2,f(1)=3;

f(—3)=f<—4+1>=f<1)=—z,f’(—3>=f’<1>=3,
WKL TR N
oy +2=3(z+3),B) y =3z +7.
11.[BYf(0+0)=a,f(0)=f(0—0) =1,
HF flx) FEx=0FELE Fha=1;
W L= FO Ao

=07 x x»—o* x

— br
£/~ (0) =lim M=]im e_1=b’

=0 v 0" x

BHAf(x)Ex=040F,FLLbs=2.
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x 2r—t=u x 2r
12.(@](1)J0f(21—t)dt=J-2f(u)(-—du)=J fQu)du,

Bl z—In(l42) ~ %xz(x»o) (=3

- 2r
Jf(Zx—t)dt ' I:f(u)du=lim2f(2x)—f(x)

lim =lim

a0z —In(1+x) =+ 1, 20 x
Ex
—lim [4 fQRx)—f(0)  f(x) —f(O)]
1-+0 2x x

=4f(0) — £(0) =3f'(0) =3=.
(2)[’:;‘(;2 — ) de =——12—J:f(12 — ) d(x? — 1Y)

2
i =" =

. —-%—J;f(u)du=%_[: FC)du,
muij’:f(xz—tz)dz=xf<xz).
d.l' 1]
z xr—t=u ¢ T
13. (&) aajofu—z)dtzj Fa—dw = fardu @

J’f’(x—z)dz jxf(u)du

. o Jo _l o f@ 1 ) O Ly
Ll_{xg p; —]rlﬂr'Iol e =3 lﬁn =3 mol - = 2f (0) =2,
4.1 =227, 2| =2,
. dx dx
Ay%%ﬁ%ﬁw@ﬁy=ﬂx)E§n=—1HMﬁﬁ£ﬂ
j—z :_le=0.15,E£—2f'(1)><0.05=0.15,ffﬂ15f'(1)=—%.

7x —2 _ Tx —2 _ A 4 B
22 +r—1 Qzr—DE+D 2x—1 z+1°
HAGx+1)+BQRr—1)=7x—218A=1,B=3,\A
(— 1)) 2" 3(—D"n!

15 . [f) % f(x) =

(n)( —_ ,
S = e o TG D
. i »
[5/4 f‘"’(0)=(—(_1)—;’,,;1—2—+3(—1)"n! =—n! 2" 4+3(—D"nl.
y dy/dt 2cos2t cosZt
16. (YD ix dr/di - raat
d cosZt)/dt — 2tsin2t — cos2t
dz_)’__ d (dy) _ t* _ _ 2tsin2¢ + cos2t
dx? dx\dx dx/de 2t 20 .
dx 1
P

e =y + 2+ 1 FFER: kFE

o (y +z5)=$+2 ﬁ?ﬂé _Zoye

’
e —1
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ﬁkﬂi’:dy/d’ _G+ 1)(2—ye"").
dr _ da/dt e — 1
QO B‘EZR
17 . [BIF ) = f0),
F’_ (0) = lim w= lim L322 — £(O) tf(x) Lsinz | r¢0y — £c0y
F'\ (0 =.lim' P PO LSO sinz | gy 4 sy,

18.

19.

20.

21.

22

BA F(x) FEx =040, F  (0)=F', (0),
FR £0) =0, M %A,

(ﬂ]F’(r)=/‘(lm‘)-(ln.r)'—f(%)(l) =—f(lnx)+ zf( ) B (A).

X

(82 % 2 (1 =0,/ (1) = lim w=limi_i (2t 4z +Dglz) =0,
a1 - -l -
/s D =lim w=lim(.rz+.r+l)g(x)=0,
o1t X st

Bh D=7 (D=0, f(2) fE 2 =1 47§,
W () FEx=140F,

£ (D = lim VACR Al ASONNNTING St (*+x+Dg(zx)=—3g(1),
o x—1 s —1

£ (D = lim 1—(1;)—"{-Q= lim (2% 4z + Dg () =3g (1),
et T a1’

HH 7 (=f".)=0,FLh g(1) =0,
Mg =0R f)TExr =147 S I LI KM, NEEC).

[BIE K 70+0)=lim 1_C"S"'=o,f(0)=f(o—0)=|i12x2g(x)=o,ﬁ)fu flx) %
o0’ T K

x =0 4biEL:;

lim fl) = [0 lim mzo,ﬁp £, ) =0,

r—~0t x 40" »r'\/a—

f(l) IACO N limzg(x) =0,80 y'_ (0) =0,
x a0

r-0

RA £ 0 =/". (0)=0,FFlh f(x) fF z =0 AL T 5, B ik (D).
[#R1 BA £0)=0,Hlimf(x) =0, f(z) 7E z =0 &b ELE.

- I f(:r) j(O)

X | flo |<2t o< ~<|1 | ARYE B T

f(l)—fm) =0, //(0) =0.3%(C).

1*0

ORY S e =0t — (e a =0y =1,

1._J‘""e'*'zdz=owqu¢.u:ﬁtv‘é‘ﬁé1—e*‘-' ? (1+dy) 0,
\ dx
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Bl ' 1,5
dx

~ =e—1,

dx
2
o = e(””z°2(I+y)-(1+g—z)1§y”(0)=3—3§ =2¢", R (A,
va o=

d?
dx
23.[ﬁ]ﬂf(x)—-«/_,ﬁﬁ'ﬁllmf(.z)—o =] llmf (r) = lim -
r—“o r—~o" 0" X

Hlf(x)—cosx,ﬁﬁllmf (:c)—hm(— sinx) =0,1H llmf(x)—l #0,(B) R"¥%};

0" x—=0" x=0?

B flx)=x,B8% llmf(x)—+°° 8 lim f'(x)=1,(C) A3, iE(D).

[T

=+400,(A) ¥}

$$J:,Exs=é>o,lﬂﬂy lim £ () =A BFBLEAE X > 0,% z > X B,
| f(z)—A |< ,}Mrﬁf( >>—
§§x>XW.f(x)—f(X)=f’($)(x—X)>%(1—X)(X <E< ),

Mffﬁf(x)>f(X)+—(x—X) (gl BX*&KE@ llm f(x) =400, (D).
24. (&) %J%Jhmf(x)—o ]1m F(2)=FC0)=0,fFlh f(x) 7€ x =0 4biELE;

Eiilimf—(i)—f(—())= limxzsinl=0,lirrlf(1—)—& limx= 0,18 f(x) TEx= 0 &b

0" x 0" x 0 X a0

A%, 0 (0= 0;
Mr>0 Hﬂ',f’(x)=3xzsin—l——xcosl;1:¥'{ < O0mt,f(x)=2x,

lilﬂylnmf (z) = llmf () =f' (0. FTLh f(x) 7 z =0 b S HESL, (D).

25. U BEhlimf () = li_glli;—_;ﬁ lim(e® +2+1)= 3= [(D,BI /) 7 2 = 1 4bit
lﬂ%{jf} f(x;:{(l) _ lﬁ[}lx"’ +Ix;|-11—3
L x;ﬁ1Eﬂ‘,f'(.r)=21+l,1151§~711i3;1f'(x)=3=f'(1),}5)fu O Er=10EFEETS,
(D).

26.TBYEN f(2) HHBREL U £/ () BBRE, BAEG— 0,0 BE () >0 BH
F(x) RERELFFUFE(— 0,0 B f(x) <0,

=3,k f(2) 2z =1 LA F.

QO BEE
27. U88Y E Hlimf (o) =lim &= i € =172 i =1 L rco,
20 aw0 g(e" —1) a0 x o 2x 2
FRBA f(x) #E x =0 4b#ZE.
it 2
limf(x)—f(0)=l.lm1 e —1 2 =ll 2(e" — 1) —2x —x(e"— 1)
20 x ) x 2 xvo ¥ =D
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28.

29.

30

Yy =
31.

—li 2e"—-2—.1:—.::e“_ill e —1—zxe"
2 x—‘:[(} x.’i 6 x=~0 1‘2
—ilim_xex——i
12 220 x 12°

W £ (0) =—%,ED fl2) Ex =0 AT S,

Itan«/t—dt
[f&)f(0)=Ff(0—0)=0, f(0-|-0)=limJ’o Ve = lim

20" xT z—0% 1

2Jx

Z2rtanr _

*

B AO—0)=Ff0+0)=f(0)1H f(zx) 7E x =0 L %L,

—— M 2
i lim L2 = SO %=01§ £~ =0,

2=+0" x—0 =0~
2x « tanx

2
J tanvz dt
lim L2 =@ = =lim =——= =018 f’, (0) =0,
.r—-O+ T — O J’"O+ xf .r-’0+ ix7

BHR =1, 0)=0,FLL f(2) 7 2 =0 LT[ .

’ 1 x 1

s U e

_*

(xz-l-l)%

(2)y'=—l—-seczmo LA 1 .
tans/xZ + 1 YT+l Jzi41 sin(2/Zz7 1)

21—1).2(x+l)—(2x—1)___ 1 n2:::—1

z+1 (x+1? (z+1D* 41"

[BYI Dz =0RAsin(zy)+In(y —z) =z By=1,

y”=—%(1‘2 +D7 2z =—

sin(zy) +In(y —z) =z 1% TF = KBH cos(zy) - (y +x g_z).{_ =1,

y—x

=1.

=0

#x =0,y =1 RALRBL
(2) Hz=08t,y=1.
27 =z +y WHAF o RHB 272+ (y+2 2)=1+2,

Bx=0,y=1 ﬂ’.A?%j—z l.co=1In2—1,% dy |,_, = (In2 — 1)dzx.

(3Dx =08,y =0.

e’ +xly—)=1+zFARF s RKEB/B -y +y—24+2G'— D= 1,0y (O = —1;
—ey' +y—x+2 (' —1)=1FH%TF 2 K5 e (¥ —e?y'+2(y' =D +zy" =0,
RAB y'(0) =-3.
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32.

33.

34.

35.

36.

37.

38.

x— I}, e dr= 0 FMAT 2 RSB 11— (1 e

D)= o feABE| = el

(5) B f(x) =1i30u(1 +itx) ==z 1%[(1 +tx)* ) =z 18 f(x)=(x+De",
M £ (1) =2e, 8 df (x) | .- =2edx.

dy/dt _3e“f (" —1), _3/7(0
(m’mdx dz/d - @ ‘*E’ — o
dy _(=3)In3 . dy| __In3
L etk Sl Wit ot
# dy |0 =—%ln3dx.
4r — 3 4x —3 A B
A = = =
(1< [ 222 —8r—2 (x—2)Qx+ 1 x—2+21+1’
2A + B =4,
EA(2x+1)+B(x—2>=4x—315{ ®miBA=1,B=2,
A‘-'ZB=_39
_ n' . n' n+1
B f () =——+ o () =Dl Sl 2

2x +1 ( ___2)n+l (2x+l)n-v"l *
(##Yy ™ =Cf,x2(ln.r)(") +Cl2z « (nz)*™ +C2 « (Inz)"™?,
D" 'a =D,

(n—1)
i (nx) ™ = (l) = . e
X X
. n—1 — | __1 n—2 — 1 —_ n—3 . ]
y(,,,___( 1 ”(_r; D! +2n( ) n“(Zn 2! Fni—1) - —D "(1: 3!
x X . x
— a—1 - 1
=2( D" n—3)! (n > 3).

T n—2

2

(21 Ehj: xf<x—t)d:=xfz faa—nd =27 rawe du)=xJI_2f(u)du %

ad;r xf(x—t)dz=J" zf(u)du +x[f(x)—(1—2x)f(x_xz)]_
0 x=r

[1FO0—0)=1,f(0)=Ff0+0)=c,H F)TEx=0EFZEBc=1;

, 2™, x <0,
f(x)=
2ax +b, x2=0,
lim f'(x) =2, 11mf (2)=b,f (O =b,H f () Ex=0FLEBbs=2,0
=0 1—'0
2 21, 09
f’(x)={ e x <
2ax+2, x=0;
" @ =fO . 2" —2
f-w —xllrrl ~—0 ——Jlﬂr:} o =4,
f” 0) = f(x)—f(O) —lim 2ax+2-—2=2a’
-»0+ z—0 r-0" x

i f(0) FEB/a=2
[8RY Y 2=y =08, £(0)=2£(0),FR f(0)=0.
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39.

40.

41

42.

43.

44.

XEI."EEEQI € (— oo, + o),

flx+h)— flz) S+ f(h) 4+ 2xh — f(2)

f'(z) =lim =lim
h—0

h B0 h
= lim [M+21J=2x+f’(0)=21+1.
il f(x)=x2+x+Cyﬁij(0)=0,}5Jfl3lC=0,i§5(f(x)=x+x2.
[RIBFZ O] f(2) |=| x|« T<l=z|l, 4rarllmf(x)—0 fQO), 8 F()FE =0
1+e*
REZE.
H lim f(x)_f(o)=lim 1 =118 f_ ) =1,
r—+0" x r—=-0" 1+e7
Fllim 22O Lm0 =o,
.r—>0+ x x——0+ 1+e

BX £ 0% £, (0, BFL f(2) # 2 =0 AR,
GERY lip LT H @D =2 @ St h) = f ' = h)

=lim

h? h~0 2h
=l£i_{r()1[f (a +h;3_f (a)+f (a—h_)h—f (a):’=f”(a).

X8| fatarde—[ fa—arde [ fatar+a)—| f—ad—a)

=J:af(x)d.7; —J.o flx)dx =raf(x)dx +J_2af(x)dx,

2

X ln(l+a) a——+o(a ), B a—08f,a—In(l1+a) ~7 7 F B

Juf(x)dz +J;2uf(x)da:

lim m“ flz+a)de —f flx —-a)dx] =2 1im

a—=0 a z

=lm2f(2a)—2f(—-2a)=4lim[f(2a)—f(0) f(—2a)— f(O)]

a—~0 a a—+0

=8f7(0) =8.

a — 2a
22 In 2
IR ceat| o TTTa = Wt k98
2 —1ldy _, ld_y__Zx(]—,rZ)e’z

2z » z'¢” +yJ/1+In’y S dx 2xe ,deI———1+ln2y .
x u=z~t 0 z

(ﬁg]g(x)=—xzj flax—dx—1t) = —xz'[ ) du =x2J fu)du,
0 . .

g () =Zxrf(u)du L2t f ().
0

GEB) vV +5 =2 Bl eF - kem —— 4 L dv_o %45 Yy

2/ 24y dx Jx
w%ﬁﬁﬁY—y=—J£f(X—x),

x
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45.

46.

47.

48.

49.

50.

AY=0BX=x+Vzy; ¥ X=08Y=y+Vzy,
M X +Y=x+2/7y +y=Gzx +4/3) =2

(215 (o) =1,,i_r_r(} f(zx +hlz — f(x) =;i‘rgl f(:c)f(hh)—f(.r) — F () Ell;lg f(hz—l,

i F0) =f£2(0). 1 £(0) =08 f(0) =1,
£ =0,MMEFEM 2 € (—co, +0),H flx)=f(x)f(0)=0,
W (x> =0,5 f0)=1F&E, AT f£(0)=1,

FUO=1_ o f(h)— f(O

T f’(x)=f(x)&i113 =f(2) f (O = f(x),

B /' (x) — f(x) =0,/ f(2) =ce‘j‘°‘" =Ce"  f1 f(O=11BC=1,% f(z)=¢".
GERAY(D) MHEEH x, € [a 0], AT MEHE
0| f@)— fla) ISM | z—x, |, limflz)=[(zs),

Fith z, WEEHER £ 7(a.b] L.
@) FHERH x, € Lo b EH &> 1B o< [T DI 17

e E A £ (x) =0,BAR 2, RIEE—& FTL () =0, f(z) =EH.
(RYH f(x) 7z =0 Rbi%ELE, 18 b =0.

7. (0 =lim L2 =LO Ind+ax) _ -
PR x 0T x
" —_ 2
£ (0) =lim LSO oz TET_
0" X a0~ X

B () Ex=00"%,%a=2,
21'_*-2’1 <09

2 +2x, <0, J
FiA f(2) = W ) =1 2
ln(1+2x),x>09 L1+2x

9I>0.
()% > € [—1,0] H‘j’.f(.r)=—;—f(x+l)=%(x+l)(xz+21),

1 . .
£y — £ . 2(x—|—l)(x + 2x)
m>———— = lim
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-0 X -0 x
J— 2 __
T P T IAC.2 el AC NN A S L
. X w0t xT
B 0% 1 (0),FFLL f(2) FE 2 =0 A ARFF.

Bl k'

xr 0 T
[ﬂlJ’ cos{x —¢)idt = J cosu’(—du) =J cost’dt,

0 r 0
%KJ’T—J e dt =J: cost’dt Wish*t x 3R&,18 e . (g—i — 2.7:) =cosz’,
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x
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X a0
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X
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% r =0 B, fylim 82 €Oy =z i L) = (@
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_ Ly = 1,
2 I—‘O x - Zf(O)’
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B/ (0)=—1"(0),80 g'(2) = 1 x
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(2) [ﬁﬂjl]mg (zx) =lim zf'(x) = f(x) li xf (x)_zf (O)x_limw
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=limJM_l“’“M=lf’(0)=g’(0),
0 x 2 a0 x 2

Bk g’ (x) 76 x =0 Abi#ELE.
SI1.MBIEN f(2) Ex =0 T BB f(2) Tz =0 AbESE, N A
SO+0)=2a =f(0)=f(0—0)=3b,

£ = lim S(x)—f(0) = lim In(1+3x) 4+ 2a(e" —1) =31 24,
x—0F x r—ot x
2x
Sarctan -+- 3b(x+1)2—3b
S0 = lim L2 = 1= =10+ 66,
x=0" x 0" x
M) Ex=04TF, 0 3+22 =10+ 6b,%78 q =—%,b=—%.

=i € B 5 — I e B0 Sy o B L

1.[1f(x) € C[1,2], f(x) #(1,2) AR, B £(1) = f(2) =2,
B () €[1,2] LHEFREBMB KM, NEEE € (1,2) 58 & =o,

M f(x)=2x—3,4 fF(&)=08e=2
2. (&1 (I)——-,EE flx)=f"6x)x 18

x
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1 1
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i — 1 [ 1 _L}= r—lnQtz) x4
gt ,_,r:l In(14+2x) =z ot ZIn(l-+x) e z2
1— 1
—g® 2x e 1+ 27
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BHBREM, FEELC (£,,8) C(x,,2,),#H f(€)=0,T f(z)=e"+2F#0,FN&,
WHB e =—z+axr +b AAEHEZAFRNIR.

1 1 1 3 1
¥ A — . )l = ) —_— e = = —_— —_1 = =
GEBRYID 4 ()= fx) x,h(z)—f(z) 5= >0,A(D= fAD—1= 5 <0,

ﬂig.ﬁﬁﬂ,ﬁﬁc € ('%‘91)C (091)"{§1§ h(c)=09EI] f(C)=C.

2) 4 px)=€[f(x)—zx],

B £(0)=0,f(c)=c & ¢(0) =¢(c) =0,

BHP/REE,FEEE (0,0) CO,D,fH118 ' (&) =0,

il () =e[f D)+ fa)—1—z] He #0,8 f(E)+ ) =1+¢&
b z

[iERE) 4 ¢(x)=f(x)J g()de +g(x)J F(t)dt,
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41.

42

43.

44.

o (z) = [f’(x)rgmdz —f(x)g(x)]-l— [g(x)f(x>+g’(x>rf(t>dz]

=f'(x)ﬂg(t)dt +g'(x)£f(t)dt,
B4 ¢Ca) =pb) =0, FF g B /REH, 7 £ € (a,b) B o' (6) =0, 80
f’(e)ﬂg(nd: +8'®] rwd=o,
HTF g =0RK g (x) <0,fiUR [ (a,b) ALH g(zx) >0,

J'Ef(t)dt
f/($)+ : =0.
g (&)

Lg(t)dt

GEBXD 4 o(x) =™ f(2),BH f@) =) =0,k pa) =) =0,
MPIREH,FTEE E (a,b), 1818 ¢'(8) =0,

Mo’ (x) == [f(x) —2zf(x)] B e # 0,8 £ (&) =26£(8).

(2) % o) =zf(2),BH fla) =Fb) =0, p(a) =¢(b) =0,
HBREH,FTE 9 € (a,b) 1] o' () =0,

il o' (x) =zf'(x) + f (&), 8 9f () + f() =0.

AT [ g Ode >0, F R

(a1 dHJ:f(t)dz + (- Df(x) =0, %'}J':f(t)dt +zf(x) — fx) =0, AT

(xJ:f(t)dz —J:f(z)dt)’=o,$ﬁiﬂiuﬁ§k;‘b o) =z frde —J:f(t)dt.

(imﬂﬁlé»\go(x)=xf:f(t)dz—j:f(:)dt.

EH 0(0) =) =0, FART /REM,FE € € (0,1, o (&) =0.
ﬁ'ﬁgo'(:c)=£f(t)dt+(x—1)f(x),i5kJ:f(t)dt+($—1)f(€)=0.

(ST RERHEFESEWBH A, BN E5S e NTARTLOE, EAWEH B B &
AR T L I L LAChai AC D M€ DRy

glx)—g) g'(x)
F@)g®) + flarg (x) — f'(x)glx) — flx)g'(x) =0,

[f()gB)+ fladg(x) — flx)g(x)] =0,
WE B HH
F(x)=f(x)g) + fla)g(x) — f(x)g(x).
[ERAY 4 F(x) = f(x)g®) + fla)g(zx) — f(x)g(x) W F(x) 7E[a,b] kL, &
(a,b) AAI R, HF(a)= Fb) = fla)g) B /REE,ELEELE (a,b),HBF (&) =0,
MF ()= f'(x)gd)+ fladg'(x) — f'(x)glx) — f(x)g’' (), BF LA
fla)— &) _ &
g(& —g) g’

[SH 8 2f () — f0) = F@) —2p) LD S f@—2fAD)
X

0,
N
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45.

46.

47.

48.

49.

flx)+ f2)—2f(1)

X

f(x) f(Z)—Zf(l)
}Mfﬁ[ - ] —O MBI ERK Y o) =

EB] 4 o(2) — f(x)—l-f(j)—Zf(l)
MW o(x) FE[1,2] EH#ESR,7E1,2) HA R, B (1) =¢(2) =f(2) — f(1),

' "(2) = f(x)— f2)+2fQ) ,
ﬂﬁ(p(.r)=xf ) = flz zf f JHES(E) — (&) =F(2)—2f(D).

X

CESI#EE € (0,5 ) 7 € (501) 4@
/(3

O
£ = _)_o =2 Lf(%)—f(O)] :
2
1
Fra—£(=)
£Gp =#=2 o —f(%)] :

=3

EH £0)=f£(D,FE f'(5)=—f'(77) B £(&) + £ () =0.

[(iERR) 4 g(z) =arctanx,g'(z) = + > # 0(x #0),
mA P EEHE, FE 9 € (0,1, 17
AS DAY f(”),ﬂu— QD) — FO]=+7Df (),

g(L)—g) g
HHhAEBEAE *{Eﬁa,ﬁiﬁ £ € (0,1, f#B (1) — fO)=F(&),#

2@ =47 .

[iEPAY 4 F(x) =Inzx,F'(x) =i #0, M EER,FEEE (1,2),#5

f2)—fQ) _ £ o f@— f(l)_f’(s)_ ,
FO—FD F© " hz—ial 1 =616,
¢

B g B H HEE BB In2 — Inl =% c(2—1D =%,ﬁ¢' 7 € (1,2),

£(2) —f(l) = (OC-D=Ff . Kb e Q,2),

@
&f ® 17'
GEMY 4 F(x) = 22, F'(z) = 2z # 0a <z <b), AW FEEH , F7E 1 € (a,0) .7

fW) = fl@) _ f(p g f)— f(a) _fp f(b) —/@ _ a+b
Fo) F@ Fp' o = 7y rEER AR

RiAg B B P EER,FEE € (a.h), ﬁm&M F©.# e = f( ).

ERBY AN f(x) fEla 0] L REREEE (@) =) FTFEc € (a,b) 15
. 221 »
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fle) # fla) =fB), RETE f(c) > fla) =f(b),
B A P EEHE,FHEE € (a,0)\y € (c,b) 87

f(cz:i’(a) >0, f,(77)=f(b):cf(6) <o.

= 5

50.GGERAY FE— 4 () =Int,

A R ETEB £(6) — fla) = £ () (b —a) =”;“,£4= £E (a,b).
11 1
ﬁyﬂ0<a<€<69ﬁ}fu;<?<;,
At <t cbma gboa b boa
b & a b a
HiE= b;“<1n§%ma=b(1nb—lm>>b—a,é\¢,(x)=x(lm—lna)-(x—w,
¢1(a) = 0,¢",(x) =Ilnz —Ina > 0(x > a).
#1(a) =0, B0 (2) > 00z >a) T b>a, Bl ¢, (6) >0
¢ () >0z >a), T roen e ’
A% <l mEaiEnd <222
b a a a

51.[GERBRY(Y) MR, FTE c € 0,2),#18 f(c) =0,
HMAEBAEPEEE,FIEE € (0,0),8, € (c,2),fH8
) — FO)Y=F"(&)ec,
fQ)—fry=fEpe—o,
FR| O I= fFED e <M, | f2) =] f/&D | 2—c) < M2 —0),
WO [+H] F(2) << 2M.
(2) MR, FHE c € (a,b).f818 f(c) AB/ME, T f' () =0,
MBI H P EEHE, FE & € (a:0),8, € (¢,b),f#B
)= fa)=F)(c—a),
JHOENHOESACRICETIR
FEI ff@ =] /&) | (c—a) < M(c—a),
| £/ ) |=| ff¢D | b—c)<M®B—c),
@ |+ @) I<KM®G—a).
52. GEMY h #FHARE
_ ' (& 2
FO=fx)+f (1)(0—x)+T(0—x) & € (0,2,
f(l)=f(x)+f'(x)(l—x)+&(l-x)z € (z,1)
21 TR A
eV T @ =5 L@z — Fipa -1,

B 44 %4178 | () |<%[x2+(1—x)’],
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53.

54.

55.

56.

AR 22 <r, 1= <12, il 2"+ Q-2 < 1,8 | () Ié%

[H4F1% 2> 1 w,l“(ll+’) > X #uFd+ )0 +1) —zlnz >0,
nx 1+=x

GERBY 4 f(a)=(14+x)In(14+x) —xlnz, f(1)=2In2 >0,

ESh] f'(.r)=]n(l+1)+l—ln1—1=ln(l+-ij)>0(.r >1),

FREA f(x) FE[1, + o) REFEKEm,

B f(D=2In2 > 0,/8% > 1 B, f(z) > 0,0t 5 £
Inx 1+=x

GERAY A f(2) =2 — 1+ 2) I (1 +2x), f(0)=0;
F(x)=2z— 1A +2)—2In(1+2), f(0)=0;
” _, 2ln(0+x) 2 x—In(d+x)
f(x)=2 7= 1+x_2 T+ > 0(x >0),
"(0) =0, ,
Eh{f,,, B ) >0z >0
[ (x) >0z >0)

(0) =0,
: {f B () >0 >0, x>0+ I (1+2)(x > 0).

(@) >0(x >0)
GEM] 4 f(x) =arctanz + Jl

1

W/ (1)=1+I2

L 0t > 00, BT £ () 40, +00) PR,
X

XHERH llmf(.l) =%,F)ﬂ?)\ f{x) > %,Eﬂ arctanx +% >

1
R
1—=x

14+ z° ’
FEH y"(0)=1>0,y"(1) =—%< 0, FF Lk o =0 Fyth/IME &5, B/MER y =052 =1 Ak

(#2814 y' =(1 —x)arctanr =0,78 r =0 H x =1.,y" = —arctanz +

1

1 1
KES . HKEHR y(D =J (1 —¢)arctantdt =J arctanzd? —J- tarctanzdt
] 0 (]
1 IJI tz
0 + 2Jo 1+tzdt

bid 1
—g—?(l —In2).

1 2

I —J —t——dt — t—-arctant
0 0 l-i—t2 2

=tarctant

1
2

In2 —

o —

T T
T 3

57. K14 Pa.5) B y =0 KTy MAHR FHR 0 > 0.

Y@ =%t P ,réiﬂ’ﬂ?i&éééﬁﬁﬂay—a—=—%(x—a),

2z

a a

3

PQ B RERTEF N L () =6 —a)* + H(bz_az)rmwz(pr%) ,
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EEL'(a)=8a(1+a42) (1——) 078 a =242 HWE—BE A, T 5/ME S ,

# PQ HISR/NEBHVL (242) =643,
58. TRY B y = ™™ 4 (x — D™,

1 =Iz +xe%+arcmm’
1+z% 14z
Hr<—1H,y' >0:¥—-1<zx<0ft,y <0;¥x>08,y >0,

y=(z—Del ™™™ g ¥ JAHY K 7] 4 (— oo, — 1] U (0, + o), BB K E H[—1,0],
z=—1 FRKMEE L RKER y(— 1) =—2¢ ;2 =0 H R /ME B /IMEN y(0) = —e? .
B limy = oo, BLAML y = (z — De* ™™ BAKPHEL

=08 x=—1.x=0.

XEY y =z — e’ ™™™ W EHL U y = (r — Det ™™™ WH M E BT,

B lim < =1,
lim (y —zx)= lim [I(e7+“"’"”“ —1)— ?+arcmnx]
X tarct 5 Farctanr . 1
. 2 arctanr _ 1 ) 1 5
= lim ——— — 1= lim +x 1=y
I-—+—00 l emon _ 1
x IZ
B y=z—2 HHMRHPHEL;
ﬁ'-EE lim b =e",
x>+ T
Iim (y —e"x) = lim [I(ef‘l-arcmn.t _ ex) _ e?+arct:m.r:|
F>too I-++00
arcmn.r-% l
earcmu-% —1 . T =
=e" lim —————¢"=¢" lim — e =—2¢"
x—>too aisiru _ i
X .ZZ

B y=cz— 2 WML y =z — Det ™™ WAREL.
59 . [5#r) / ln(l to) EHF A +2)In(d +x) > /1 — x%arcsine,

arcsinx

[ﬁEHH]/é\f(x) =0+ Inl+zx)—+1—zx*arcsinz, f(0)=0,
@) =In(1+=z)+

arcsinz > 0(0 << x << 1),

11—zt
f(0) =0, J_ ln(1+x)
0 1 s 0, .
Eh{f'(x)>0(0<x<l)4§§ <z <1Hf) > 0.8 aresinz
60.[5#)e ™ > i_*_ —2x>In(l—zx)—In(l14+2),

EREY 4 £(x) =In(l 4+ z) — In(1 — z) — 22, £(0) =0,

’ _ Zx
f(x)—1+ + — 2—1 ;s > 0(0<<x <1,
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61.

62.

63.

64.

f(0)=09 .
( )>0(0 <].)9 2 O< ]. MYy
Ii’{f’(x)>o<o<x<1)'g’fJC <z MEO < <1M.e™>177

[iERAY 4 f(x) =z —sinz, f(0)=0,
f(x)=1—cosz > 0(0<x << %—) s

f(0) =0,

i 15f(:c)>0(0<x<%),

lf/(x)>0(0<x<%),
Eﬂ§0<x<izt—ﬂfj‘,sinx<x;

/‘v\g(x)=sinx—%x, g0) =g (%) 0,
Ehg”(x)=——sm:c<0(0<x<%) Eﬂg(z)E(O, )I*J%Jl’_‘lﬁﬁ

0= 0,g(=)= 0,
A ¢ g(2> 1§g(1)>0(0<1<%),Eﬂ§0<1<%ﬂ‘f9£x<simc
lg”(x) <olo<z<3). "

ﬁ&[é’10<x< H‘f,—x<smx<x

1
(ﬂ-lf(x)=L | z—¢ | dt =L(.r—t)dt+J (t —x)de

21—zt 1
=zl =4+ —z(l—x)=x"—x+—.

2 2 2

5] f'(:r)=2:r—l=0?5=:c=%,

- 1 1y_1 _1
%af(O)—Z,f(z)—4,f(1)—2,

B £ () 7E[0,1] Lﬂﬁﬁt{ﬁ%i,ﬁfl\{ﬁﬁjl.

(iiEﬂE]I V1 —cos2z dz =242 ,i% f(z) =Inx ——+2«/_,/?\f (x) =——%=0,?§
z=e, ARl fle)= ,FJMf(e)— 22 >0H F(x) WEKRME, X lim f (2) =—e°,

0"

lim f(x) =—°°»Efu f(x)=0%E(0, + o) HFHMNEH/I L],

x-++to0

[#&)f (x) BE XL H 0, 4 ), hmf(.z) =k, llm f(x) =+oo,

ff () =1nx+1=o,1§g£,r§%u=:,m f”(:c)=;>0,?§r=% A f(x) BI%/ME

AL RMER BOME £(S) = —

(1 %> % B, B £ () 7EC0, +o0) HEEEA;
e 225 o
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65.

66.

67.

68.

69.

(2) % & =% B, 8 £ () TECO, +o0) MAM—TM = =%;

B0 <k <M, BE F) EO, o) RARARL AHETF (0,4) 5
1
(:,-}—OO) W.

LRI E N £/ () —e T > 0,578l f(z) TE(— o0, +oc0) _E BRI,

AN fw(x)=—xe_%xz Mz <OBF, () >0;%z>00F, f(2)<<0,M y=f(x) TE
(—o0,0) WEMAE,ZE, +0) HEMBK, 0,00 A y=Ff(z) BWHA.
BH f(—zx)=—f(),FFLh f(x) HABH.

1.
teo 1z Pl T 1J+°" -1 _ L3 JT T
. —_ 2 — 2 ] p— — [ —_ 5 — —_—
EE,l_l.ﬂ.f(x) L e c:lt:——\/50 u ‘e “du [2 By ,2 5y /2 ]

HZk y = f(x) BB FKTEHEL.
EREY 4 o(t) =In(x +¢), MBI EA H HEEHEE

ln(l-l—%):ln(x F1) —lnz =g(1) — p(0) =¢’ () =——(0< e < 1),

T+E
m$>ﬁ1§,1n(1+—i—)>xi1.

[EMY 4 f(z) =arctanr — az » i f'(x)=1_:x2—a=0'7%x= =,

B () =—ﬁ <0z =JT:7 Hf(x) WRAMEA,

i lim f(x) =—00,f(0) =0 18} arctanx =azx TE(0, + o) HH BNAME—LR, L

x40
ﬂ;( 1"“,+oo)|7~1.
a
[ERAY 4 ¢(2) = f(x)sinz, @(0) =¢(x) =0,
MBI/REHE,HFEE € (0,70),#E ¢ (8) =0,

M ¢ (x) =f"(x)sinx + f(x)cosz,
TR f(&)sinf+ f(E)cosé =0,8 f' (&) =— f(&)coté.

GEBRY(D 4 F(x) =th(t)dh F'(x)=f(x),

2
jf(t)dt=F(2)—F(O)=F'(c)(2—0)=2f(c),ﬁ¢'0<c < 2.
0

EH F(x) #[2,3] L, U f(x) 7£[2.3] EBBIB/MEm MEKRMEM,

mgwgyb

HAEEE,FE z, € [2,3],E8 f(x0) =%f—(3—),all F+ F3)=2f(zy),

FR O =f)=f(x0)»
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BB /REM,FEE € (0,¢) C (0,3),6, € (crx,) C (0,3),f18 (6, =f"(&) =0.
(2) % p(x) =e ™ f(x),p(&) =¢(&;) =0,

HBIRERFEE € (6,,6) C(0,3),#1 o' (6) =0,

Mo (x)=e™[f(x)—2f ()] H e # 0,8 f(&) —2f'(&) =0.

70. GEMAXD) %4 h(x) =Inx,F(x) =th(t)dt;ﬂ F'(x)=f(x)#0,

h(2) —h(1) h(S),Ep In2 1

mﬂﬁqﬂ{é%ﬂ,ﬁlﬁééé(1,2),{§15F(2) F() F(® Jf(t)dt G

(2) 1 lim ) @ F» =o,
mngBE LP{E‘EI_!:«% fFO=FfO—-—FO=FfPE-D,KEP1<y<g,

Eﬁ(ﬁf(t)dz =& — 1 f (pIn2.

fQx —
x—

X +Iz

71.[&55’ X‘TEEB{J T +X; E (a 9b) .E.xl #1—'2 1mxo = m%@]ﬂiﬁ‘%

flx)=flxy)+ fi(xe)(x —x0) +f;fe)(z —z) ) HF EN T2, 52 ZMH.
BAR f(2) >0, f(x) = flxy) + f(x)(x—x6),“=" AL BHANY“r =2,",

J%f@.) > %f(xo) -I—%f’(xo)(.rl —zy)
M R
Eﬂxz) > %fm) -l-%f’(xo)(rz —x)

FSA I £ (xy) < L0 erf(“ B £

B M BR BRI E L, f () FECa,0) W MRS,
72. (&) lii}.i’rgf(x) =118 y=1AHMEHKFHIEL;
Hﬂxlipl_‘.f(x) =coffx=—1HERNBEINTL;

f(l'])'*‘f(l'g)

< 2

b4

x,+:cz)

l}‘!hmf(x)—ll Lil_z __h—-xiii l=§—e'§ =1 REMENBEIIEL;
hlim £ o) = lim T2 726 = oo 18 2 =0 N MBEAEL.
73.(%]Fﬁhm——llm Zx—le =2,

T
1

e —1_1= 178

llm(y—Z.r)— an;[(Zx—l)e —Zx:| = Z}Lrgx(e% —1) —Iligloe;l =2 lLrg

x

ML RRR R y =22 + 1.
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WA ER T

@ AIM%:3)

z? _l z* 2 _l %t
I.Kﬂ](l)J-xe dx—zje d(zx )—2e +C.

(2)[(1 - ;17) &t dz =Je’f%d(x n %) e 4 C

d(1+z8 1 )

(3)[1Jr dz = R (42t +C.
_ 1 d(z*) 1 2

(4)!1+ 4dx—?jl_’_(xz)z—zarctan.z: +C.

2. mlmj j—_dx =zjeﬁd(ﬁ) —2¢7 +C.

ol

(Z)J Si;_ﬁdx =2J %“J@dx =2Jsinﬁd(ﬁ) =—2cosvz +C.
X x

dx dx d(1+vx)
(3) ———=zj =2 =2In(1++z) +C.
JJE(1+J§> 2z 1+ Vz) J 1+Vz
dx dx d(Vz)
4) =2 =2 =2arctanvzx + C.
JJJF(1+x> jzJ.?<1+x) J1+<JZ)z
sy gz (4o 1 o
zlnx Inx Inx
1+ Inx d(zlnz) 1
2 = =— C.
2 <xlnx>2 j(xln.r)z Tz T
. d(2x + 3) 1
4’(3“(1)1 2z +3)2_ (2z +3)° ezt ©
x (x+2)—2 1 1
—_—dr = =V———  _Zdr = ————dxr —2
(Z)J G (z+20° & J(x+2)’dx Gt
-t 41 e

z+2 (z+2)°

4 de"—1) _[de—1)
5. (D —=—dz = =2/ —1+C.
(71 J«/e“—l * Jet—1 '[2«/e -

_ d(e”) 1 e’
—J m ?arctan ? +C.

e.l'
— d
(2)J4+ez, x

6. (ﬂ](l)J sin*zcosxrdz =J sin*zd(sinx) =% sin‘z + C.

cosx + sinx d(sinx — cosx) 1
2 . zdx = - 7 ===
(sinx — cosx) (sinx — cosx) sinx — cosx

+ 228 -
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HEHF

+C.

arctan

(3)I cosx d(sinz) 1 sinx
4 + sin’ x 4 +sin*zx 2 2

(4)J tan’zdx =J(sec2.r —1)dxz =tanx —x +C.

1 1
d(.z—l-—) z+
dx 2 2 2
. = —_ — c
(ﬂ](l)sz+x+l J TR T J3_arctan i +
I 3
2
2 2z +1
= —arctan +C.
NE) NEY
. d(x-l-
(Z)J' 2.7:+1 dx=l'[(2.::+l)+1dx=l d(xz +x+1)+_1_J
' +x+1 2 x*+x+1 2 zt+x+1 2
1 1 2z +1
=-—=In(z? 4+ z + 1) + —arctan +C
2 V3 V3
1+=x ) x
. (ﬁ](l)[ d.r dx =arcsinz +j dz
l—x J1—zt
=arcsinxr — M=arcsim:—\/1—xz +C
2»\/1—.1:2
dx V=1 t _ _ 1 o
@) = sz dt = zj1 e )dt 2t — 2ln(1+2) +C
=2z —2In(1++z) +C.
2x _lJ’ 2x _l Zx_l 2x _l Zx_l 2x
BRI | xe dx—z xd(e )—zxe 2'[3 dx—zxe i +C.
2 _1 D SUSF ST 3 NPT SRR S TR S
(Z)JI Inxdx = 3Jlnxd(x ) = P Inx Sj.x xdx— 3% Inx e +C.
(3) | x%sinrdx =—szd(cos.r) =—z%cosx + 2J.xcosxdx
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= ¢ tan —'12:— —je’ tan %dx +Je"tan %dx =¢”" tan % +C.
Q EEE
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—2?,F(x) =%13 F2,88 F(o) HERELEF () HESEBER, (O R

# f(2) NE B F () =j’fmdt,

B % F(—x)=J—’f(z)dz L=
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+
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(9)I dx x = 2Zseci J'
22/ rt —4 4sec’t + 2tant
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ﬁj (z —3)(z* — 6z +8) ‘H 2a—0  2G—D (x—s)z} 4
. 235 -

i —4




EHMPENTHR 1800(KE—)/BEW

=225 ‘+—+c
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24’[ﬂ)j1+cosxdx_ )z 1+cosz 4" zd(z) j 1+ cosz
2 cos >
=tan%—ln(1+cosx)+c.
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= V1+sin’z 1J’ t . j 1
—_ p— 1_
7} T ( 1+t2)dz
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1§13 | Jz f(x —n)dx =J0 fla—mdlxz—m=| f(x)dx

0 1 n 0 L4
=J ﬂz—d.r +Ixsin2xdx=—arctan(cosx) +1J sinxdx
-x 1 4+ cos’x 0 - 2Jo
. ST SO S . lyn__=, o
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_J d(2+smx) 7 —1n3
- "2+ sinzr -3 :
FiEZ
7 cosz cosz
J_% (—-—2 T eing + z%sinx d.r J__ 5T sinz

7({ cosx cosz 7 cosz

_Jo (2 ~+ sinx + 2— sin:c> dx _'4J’o 4 — sinzxdx
_d(sinz) sint —2|%
4J sinz — 4 n sinx + 2 = In3.

(2) Ve —1 =¢,0l z =In(1 +:¢%),
In5 2

Y R U
0 0

dt —ZJ 1——-— dt—4—2arctan2

) HE—

J% sinx — cosz I=_J% d(sinx +cosx) _ 1 T _

o 1+ sin2x o (sinx 4+ cosz)?® sinx + cosx o

FiEZ

x . zH=2 .

__ [z sinz — cosx _2-”0 cost —sinz

I—L 1+sin2z 5 1+sin2¢ (—do>
_J’% cost — sinz _J?’ coszx —sinx | I

o 1+ sin2t o 1+ sin2x ’

7 sinx — sinz — cosz |
ﬁUJ "1+ sin2z dz =0.

(4)J x cos— )«/ﬁdx——f Vi— 2% dz

x=2sint

2
=I Ji—ztdx J 4 cos’tdt =4 X ; X%=7t.
(S)J z +sin*x ZEsinz J'% smx I% sin’x
-3 (1+ cosz)? -3 (l-i-(:os:c)2 o (14 cosx)?
_ J — cos® 1—cos’x _ZJ cosx
Qa+ (:os.zc)2 1+ cosz cosx
—ZJ 1+cosx)dx__u+4J. 1+cosx
=—n+4tan = 7=4—1t.
2 1o
(S)J% dx _J% sec’zdr _ 1(7 d(1+ 2tanx)
o (cosx + 2sinz)® Jo (14 2tanz)? 2Jo (1+ 2tanz)?
1 % 1 1
T 201+ 2tanz) o 7O0=D=7
! z? = sint Jf sin’t
(7)J-1 mdx = 2 . H—Tst o costdt

. 252 -



R E®R

z s 2 x z 2
=27 (sin?e — S0 L =f2-z —gfF Locoss
Zjo(smt l+cost)dt o o tde —2 o 1+ cost de

T 7 T 7
E—ZIO (l—cost)dt——z-—n"l‘z—z—?.
(S)J‘ x | sinzcoszx | EJ"' | sinxcoszx |

1+ sin'z T T %) 14sin'z
. rz" sin.rcosxdx _EJ% d(sin*z)
o 14+ sin‘z 2Jo 1+sin'x

S wmfa

_T
=

T )
Earctan(smzx)

so. 0, L e [} Vine aane) [ e far=2f car =1,

n—Dr

nx x 2n nm
31.[ﬂ]j z | cosx | dx =Lx | cosx | dx +J z | cosz | dx+---—l—J( z | cosx | dz,
0 E
Jxx | cosz | dx=£J‘R | cosx | dx =7!J—2'COSIdI=7l's
0 2Jo 0
2% r—x=t = T £
J x | cosz | dx=J (¢t +x) | cost | de =J t|cost | dt +=| |cost|dt=n+2r=3x,
[}
3 x—2x= £
J x | cosx | dx—J (t +27n) | cost | dt = Jt | cost | dt+27[.[ | cost | dt =5m=,
)

ﬁ!']_[ z | cosz | dx =n+3n+ -+ 2n —Dra=n’n

dr x = tant J'T' sec’t .
° (14 x) / o (1+4 tant) » sect

=J: ﬁ@ =J—§J:csc(t + %) d(t +%)

F__In(2—1D _In1+42)
: :

2.1

=—ln csc(t+%)"60t(l "i‘%) 7z = JZ
s3.um1 f‘:ifz . i(jnf,} -[ 13 e

[ e R e 4 D[ = —t

34. [ﬁ)AJ zf(x)dxz =AM f(z) =sin*z +A,

zf(zx) =z sin’x + Ax Wﬁiﬂfnﬁ'{%‘[ zf(x)dz = J" z sin*rdx —i—r_ Axdzx,

41:

sinfzdx = 3’

© Ml

Bl A =J" z sin*xdzx =2Jl‘x sinfxdx ='rtr sin’*zdx =21tj
-n V]

Q
})kﬁ’ﬁf(.r)=sinsx+4§,
x _ S . 3 4_7_1: _ LI 3 g n —i 2
ﬁ&zjofmdx —L(sm T+ ) dz —L sin®zdz + Sjodx— T+,
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35. [SE]AJ f(zx)sinzdx =A, B!'Jf(x)——-i-A,
1+ cos’x
FR f(@)sing =—% _ 1 Asinz, Btk — x Bl = B4
1+ cos’x
xsinx = rsinz sinx
=2 =
A J—:-l+cos.1c fOI—l—cosx J'l-l—cosa:
* 7
= — qrarctancosx =
0 2
ol s
I = T .
m £z +co%x+ 5
1 1 l 1 1 1 ,
36.[ﬁlJ xzf(x)d:c=—J f(x)d(x3)=—x3f(x)‘ ——J z* f(z)dx
0 3Jo 3 0 3Jo
=—% l:tcae_zzd:::=—%‘r|!e:_'clt
0 0
N Y ‘_J‘ R PP
—G(te , € dt)—G(Ze .
37. CEBI B4 £ ) = f ) = fo =[ /W,
x 2 T 2 x r
2 _ ' _ . 23, 2
il f(x)—[Jof(t)dt:' —Uol f(t)dt:' <Ll d Jof ()dr
x 1 1
xJ.of’Z(t)dt <xfof'2(t)dt =1Jof'z(x)dx,
1 1 1 B 1 1 ,
[ sz(x)d.z <J.1d.r -I fz(x)dx=—sz(x)dx.
0 o 0 2Jo
1
_1 — —=dt
dx T ¢t 7z tde
38. (] = =[
ng«/l-i—x + 321 LZ' 1 I 3 ' i +i+3
7 1+tz+t_"
1
_lrf de?) f:«ij —lr d(“+?)
R V/ AL 20 S Fu+3 Z‘J(+l)2+(m)z
u — Al
2 2
1 [ +«/_—2+ T3 ]| 1, =ll (245 —3)
> u —2 275 T 5 In .
39.[ﬁlj V1 - WI sin‘tcos tdz _J:Sln t(1—sin*t)dt =1, — I,
3 1 n 5 3 1 n 1 3 T
B R A A ol i S S T Th

40. [ﬁ)] 2 f"(2z2)dz ——I (22)* f"(2x)d(2x) ——szf”(r)dx

1 _ 17 . |2_ : _ 1
=3).* FLf ()] [x f(x) , ZLIf (.r)dx:' = 4,[01df(1)
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41.

42.

43

4.

45.

_1 I:xf(x)l —j f(x)de =—71—[2f(2) —1]=o.

(m]I7 —M—dx =J% 1 j =arctanf (1) ,

o 1+ f*(x) o 1+ f2(x) 2
W f(5) =J_ lf’;;zzdt =arctansint | © ==, BT BURR % F arctan .

| 1
(ﬂ]J’ y(x)dx = xy(:c)‘ —J zrarctan(x — 1)?dx
¢ o
1 1
=y(1) —J (x — Darctan(z — D?*d(x — D) ——-[ arctan{x — 1)*dx
[ [}

1 1
=— ij arctan(x — 1)*d(x — D? =lJ arctantds
2Jo 2Jo

1 ‘_J" L
= (tarctant \ g dt) 3 1 In2.

.m)j 2 F(d = Jf(z)d(t >——f(:)| —;—Jltse’zdt,

1 1Mn ) 10, =
.[tzf(t)dt=——I e dt=——J tPe dt?)
0 3Jo 6Jo

__LJ' S PP
= 6O:z:ed:r 6(1 De

o |~

[ﬁljnf(x)cosxdx =Juf(x)d(sinx) = f(x)sinx :

—rf’(wsimdx
0

=—jnf'(1)sin:cdx =—J"e°°s' sinzdz =J"e°°”d(cosx)
0 0 [}

CORT

0

RY E N £ () FEEEL T RBIE f(2) [0, + ) WKRKESR/MEBIT.
& f(x) =222 —z%)e™ =0,18 f(x) TE(0, +o0) NIYME—BEAN 2 =42,

W€ (0,/2) Ht, f(2)>0,%x € (W2, +o0) B, f(x) <0, EEINESAHME—H,

Wz =2 B x=—v2 REHK f() MEKRME BKREN FW2)=F—V2) =1+elz’

B f(4o00) = f(—o0) =j+°° (2— e di =1 & £(0) =0, FF LB /ME N 0.

46 (ﬁ]{ _r x(«/x +1—x)
) x+«/ B I Y VA —r)
—J_]x(«/ —1)d.r=—2j 2dx——%
e dx e dx —1)
47.[#&]) =
'[3 (x —D'"Vx?—2x L (z—D'V(ax—1?"—1

a—1=sect J‘_zn_ sect tant dt _J.

Ed
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48. (ﬂ)Jil(2+sim) VJ1—z%dx =2Jl_ V11— 2t dx =4J: V1= 2% dx

x=sing = 1

= 4 cost-costdt 4X—X%=n.

2
49. [f#)z =1 %Hﬂ%&ﬁﬂ‘]ﬂﬁ%’ﬂﬁ?"—i DI'J

z d
J%/uf—m f% N +J

r — —

f‘ dx J" d( 2)

=arcsin(2zx — 1) =1,
7 2

(x—%)+m\ |l%=ln(2+«/§),

= 0 -2 -(3)
Ei\:=-g—+ln(2+«/§).

50.(1‘Eﬂﬂl/<"\g(x)=rf(t)dt—be(z)dt,
BH f(x) Ela,b] E#ES,H f(z) >0,
Efug(a)=—be(t)dt<0, g(b)=fbf(t)dt>0,

¢ »
HMEREE,FEEE (a,0), 18 g8 =o,Euf f(z)dx =Lf(x)d:c.
S1. (DUEBT 4 1 =] zf Csinz)dz,

I —j xf (sinx)dx 1[ (r—1) f(sint)(—dt) —'[ (n—1) f(sint)dt

=J (n—z) f(sinx)dx =7:J' f(sinz)dx —J zf (sinx)dx

[} 0 [

= J:f(sinx)dx—I,

m I =J:xf(sinx)d.r =%J:f(sinx)dx =1tfjf(sin.r)dx.
2n x ®

(Z)UEHH]L f{ sinx |)dx =J_ f({ sinz |)dx =2Lf(| sinx |)dx

=2J“f(sinx)dx =4fjf(sinx)d1.

(3)(ﬁ]J xsinr =_J sinx dz

o 3sin’x + 4cos’z o 3sin’x + 4cos’x

J' sinx 7 d(cosz)
== — dr=—mn|
o 3sin“x + 4cos‘x o 34 cos‘x
= —larctan cosz | =1

J3 3 e 63
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52.

53.

54.

55.

56.

57.

58.

[iERA ]Ij sin"xcos"rdxr = 2—"'1J? sin"2xd(2x) = 2_"_lrsin"x dz = 2"'[7 sin"xdzx.
0 0 0

LiERAY H | f(x) |=| f(x) — F(1) |<| arctanx — arctanl |= arctanx——' B
1 1
” f(.r)dx' <J | f(x) | dx <J. Iarctanx——ldx—J ———arctam:)dx
0
1
=%—J arctanxdx=%—:rarctanx| +j0 T4z —d
(l)lﬁljaxf(x)f'(x)dx=%Lxdf2(x)=JZ: = %

OUERY] zf @) @dr= —2=(] zr o> f 2dz) "= <[ @l @,
[ERAY 4 ¢(x) =22 f(x),
MRS P EERSB (D =2J:x2f(.r)dx =c’flc), Hc € [ , ] Bl () =9(1),

Mo (x) =2xf(x) +x"f' (), BTLA 26 (&) + € f' (&) =0, T EB £ £ 0,8 2£(&) +
gf' (&) =o.

b x x x
(&) & f(:z:)J g()de =g(.z)J fQ)de % g(x)j f()de -I-f(I)J g)dt =0, B
x a a b
(ff(z)dzf:g(wdt)’=o.mmﬂm£m o) =] rwaf g,
a a b
[iERRY 4 ¢(2) =rf(t)dtJ:g(t)dt Y BR ¢o(z) #Ela,b] LR, X pla) =¢(b) =0,
MPREME,FEEC (a,b),ﬁﬁgo'(f)=O,ﬁﬁ§0'(x)=f(x)ng(t)dt+g(x)rf(t)dt,
b a
€ ¢ s ¢
Fr A f(E)Lg(:c)dx +g($)J F(x)dx =0,B] f(E)j g(x)dz =g($)f f(x)dx.
a & a

[iEfAY 4 F(x) =J:f(t)sintdt.ﬁﬁ FO)=F(®) =0,fLATETE =, € (0,%), {78

F,(Il) =01El] f(xl)sin.r, =0,1@§9 Sin.l‘] -_;é O,Efu f(Il) =0.
Wz £ F(2)7EO, ) NE—HNEE, MYz € 0,n) Hx F#x, 8,8 sin(z—z,) f(z)

fBFEskfE R, ﬂ:%j sin(x — x,) f(x)dx # 0.

ﬁﬁj:sin(x—x, ) fx)dx= conljof(x)simdx—sinxl'rf(x)cosxdx= 0, FEETLL fx)
0

O, RELERHIZR. AR f(x)= f(z,)= 0,x,,2, € 0,n) Hz, <z, HER
FEEHR,FEEE (z,,x,) C 0,0,88 £ = 0.

GEMY B FEHEERSR f(© —fO=Ff ¢z, HP o< <=z,

P flo) I< 2z,

| flz) K< 2(2—2),

2 2 1 2
Mﬁﬁ|ff(x)dx‘<J |f(:c)|dx=J If(x)ldx-l-J | F(x) | dx
] 1] 1] 1
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59.

60.

61.

62.

2
< J' 2zdz +Lz<z — 2)dz =2.
1]

EM] 4 FG) = | £2de B o) Zela 6] EEMBELTS Bz, = 2 il
F”(.ro)

SHEHARE
F” (El)

F(a) =F(z)+F ' (zy)(a—zx)+ (a—x,) + (@a—x0)° 48 € (a,xo),

4 F
F( )(b_xo)+ (z.=z>

F(b)=F(z) +F (2)(b—z4) + (b—x,)° 18, € (z4,0),

FRABE F) —Fa)=F' (:co)(b-a)+——|:F’”($1)+F (§2)1, 8]

Jf(x)dx —6—arf(® +b)+( :8“) £ + £/,
BH f(z) #TEla,b] EHELE,FUFEE € [£,,6]1C (a,b),f#H

£1® =576 + 1761 T

33
Jf(x)dx—(b—a)f(a+b)+(b 24“) .
GEB IS, () =cf(c)»S,; () =J F(e)de =—J'rf(t)dt, BIEBE S, (c) =S,(c)» &
c 1
cf(c>+rf(t)dz =0.4 ¢(z) =xj’f<x)dz,¢(0) =o(1) =0, BEB/REHE,FFEc €
1 1
0,1), 1§78 ¢’ (c) =0, Bl cf(c)+j'f(t>dz=o,ﬁﬁu S,(c) =S,(c) , A EBiE.
1

(2) 4 h(x) = zf(x) —J-‘f(t)dtyﬁyﬂ R (x)= 2f(x)+zf () > 0,7A h(x) #E[0,1]
R TRREBTAD) P c BME—H.
63 |78 =wJ1 cos’zdx =27‘[J cos’zdxr =2x X —

1 x w
XE—E

Blz,z+dx]C [0,%],% dV, =2xrxcoszdzx,

v, —er'[z xcosxdx

0

x

=21t‘[?:cd(sinx) =21t(xsinx li —J?sinxdx) =21r(£ — 1) .
0 0 0
[#AY) S, @ =J;(sint — sinx)dx =t¢sint + cost — 1,

S,() =J?(sinx — sint)dx =cost — (-;i -—t) sint ,

MW S =S, (2) + S, () =z(z ——}) sint + 2cost — 1.

’ . _r —04 =£
N:: ) (t)—Z(t 4)cost 0758 T
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Bk =T 0L S (0 BUBUME, BRAMEN S(T) =42 — 1

HHN S0 =1> s(%)=%—1,ﬁﬁu t=08,S() Bk, HBAMEY SO =1.

63. AWM % —1<z<om,f@ =] a-l:pa=] ¢+na

G+ D _(x+1)2_
o 2 - 2 ’
0 x 1 xzt
é‘ix>OH¢,f(x)=J_l(z+l)dt+_[o(l—t)dt=?+x—7,
2
J(:c-l—l)’ 1< 2 <0
B f(x) = .
{l—f'x—x— x>0
2 29 .

2
EE%+1—-IZ—=0151=1+«/§v

sskmmmy A= ED 0 4 (L, 2y

_1 54442 242
=5t -1+~

64 . (B hBEC.y =12,C1:y=%xz,v C,ix=f(3y),P BBFEH(,y),

usA=J (= —-;—xz)d:c——.r, B_J f(y>de=—y —f F(dy,

v 3 2 ? Y \ Y 7 1
F}fu-()tx =3 —Lf(y)dy;lﬂﬂ:‘lpGC,FJI"UFLf(y)dy=?y —€x3=?x3,ﬂﬂ

2
fo F(ydy =%x3,WjiZIX‘JLx RS, 18 2z f(xZ):%xz,Eu F(z?) =%x.

AT C, BN = =/ (3) =—/3 B y —%
65. [BIBEMAB y=a+x—x' 5 MELHZTHBELIENa,8(a < B), HEMHE
—J:(a +x—z¥)dx =r(a +z—z*)dz, BB

J:(a +x—x%)dr +Jp(a +x—z2)dx =Ji(a +x —x")dx =0=>p(4a + 28— 5*) =0,
EHR B> 0,8 da + 28— =0.
XEAPB.0) HHEK y=a+z—2' 5z BIHZR FUF a +p—p =0,

MTMA f=—3a=>a —3a + 27a° =0=>a =_‘/?€.
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2 1 3
1+ (=z*—z%) \
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3 2 3
v, =21tj x| f(x) | dx=2=n U]x(Zx —z%)dx +Lx(x2 —Z.r)dx:]
1

e [(Ze = Lat) [+ (Ret = 2a7) []

V=21tﬁ(2—x)[«/2.r—x2 —.2::|d:c=21rj;(2—:c)|:\/1—(.75—1)Z —x ]dx

x~1=sint

0 2
ZRJ . (1 — sin¢) (cost — 1 — sint ) costdt =% — 2-3—’1

68. IRIDV (@) =x ™ dz =1 — ™),

DV =51, imVi) == BEQ—e*) =~ . & @i . = Lin2,
2 T 2 22 2

ey 2

69.[RYFE— Blx.x+dz]lC[—2,2],MdV=2x(3—2)(4—x*)dx,

2

2
V=2n _2(3—1)(4—xz)dx =6n 2(4—.7:"')d.2:

2 ) 16
=127rJ' (4 —x )dx=121r><?=6471:.
0
k= Bly.y+dylc[0,4],
MdV =[x3+V/4—y) —=(3—Vd—y)*]dy =122+/4 — ydy,
V=121tJ:«/4—ydy=—127rJ1j«/4—yd(4-y)

4
=64m.

0

: 2 3
=—121r><§(4—-y)2

70. (B B R LHRA (@,a®) (e > 0), ML F BN

y—a®=2a(zx —a), i y =2ax —a?,

ﬂz 2
mEEASs=] (1LC—/y)dy=so =5 i a =1,

MR F BRI y =2z — 1, FEHEANERN V=7tJ:x4d1 —nJ‘l(Zx —1)%dx =310.
71. [RY &S « B y BB A8 ERAH R (a,0),00,6) , K b =4 —a. BHERTI{LN
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o

FRV(a) =V () +V,(a) =L;—75ra(4—a).
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1
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(AR 40 5 K (o v — 1), M S B Y 5 =2J_1_Tx,

W a/a D) RAVEH B B o =2.va —T =1, OB HTBEY y =z,

2
HEE y =va —1 ZEXE[1,2] E#—BSE - Bhess — 8 7 15 Be s th m  m ARk
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2
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dW =(2R —z) X n[R* — (R — x)*] X 1 X gdx =nx (2R — z)’gdx,

4xR*

w=""

g.
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77 . URY B NE R AR AR R . 2

W,z +dx]C[—2,2], I
dW =pg + dv + [x — (—2)]=pg(x +2) » ny’dx ARSEhit RERAEE <) ‘§=x-(-2)
=mpg(x +2)+ (4 —2x")dx, R éj@ ? I

X
)JJW—nng (x +2)« (4—z%)dx x+dx
=47cpg'[ (4 —x*)dx =4npg (8 — %) =§Sé7tpg. M
0

7~ . I B AR 2 Wl A LAY

O NM%)

QO HEE

—lim |a+zxb |*—1
=0 x(| a+.rb |+1)

. la4+zxb]|—1
1.[(#&] ],'»I.TJ -

L e tabiatab) —1 =-—lrn(2a eb+z)=a-b=

2 10 x 0
2. (R PR EmEp ik m & A
n={1,2,—1} X {1,—1, — 1} ={—3,0, — 3} =—3{1,0,1},

MARKGFEER 7:(x —D+0(y+1D+(z—2)=0,8r:x +2—3=0.
3.MBYBEM(x,y,2) NHE EAE—R . KAENENENERL EWRRIM(2,,5012)

B e B 690k T0,0,2),

M| MT |=| M, T | Bz +y =2+,

xo—1 yo—2 x,=1+2z,

H 2 —1 Yo =2—z,
C OBREMEN Z2t =142+ C— ) B 2.2’ 4+ y' =51+ 2.
4.[8IM,(1,1,0) HHEHL F—K, Mo ={1,0,1}, HEMF mEER s ={1,0, — 1},
- MM Xs =1{0,2,0},

M| MMXs |=|s|-dBEERd=2.
5.(&1%*3@@@%2%—y2+%=1
6. (SR Wi 2 6 W EE B h

S

z .
—T'f%

| 4 —(=2) |

—4 =2.
V1P (—2) + 22
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7.(BIERMQA,—1,2) HEFEEENELZHN

Jx=1+l9
ol Bty —— 14 RATER =2,
lz=2—2t

ﬁxd.ﬂ:)f‘iyg N(a ’b9C)9

8.(ﬁ’ﬁ={1’1»1}9ﬁ={_1'192}3
AB XAC ={1,1,1} X {—1,1,2} ={1, — 3,2},
MR =AEEERN

s=% |AB XAC |= —«/1+9+ —“/_

9. [BYFRFEHEMERN
n={1,—1,1} xX{2,1,—1} ={0,3,3},
FiRMFEEH BN x:.0(x —1) +3(y + 1) +3(z — 2) =0,
B w:y+2z—1=0.
10. [BYTEL L WYEFRHN
70:Q2xr —y+2)FA(x+y—2z—D=0,r,: QA +Dx+QA—-—1Dy—Az+2—2 =0,
M{A+2,a—1,—2}-{1,1,1}=0821=—1,
B RWBREELN
x—2y+=z+3=0,

[

x+y+z—4=0,
O BER

Jx + 22 =0,
11. 1Y <y +z+1=0, BREFO,—1,0);
lx +y+=241=0
BHEL L WFEEENR{1,0,2) X{0,1,1} ={—2,—1,1},
IRBEEWFEERERs ={—2,—1,1} X{1,1,1} ={—2,3, — 1},

pREgNT =2T1=%

12 IBYSHLEL HFEERIL :2 —y+z—2+A(x+y—2)=0,
ML . Q+Dxz+QA—-Dy+1—1)z—2=0,
m{A—l_l’A_l,l_A} . {1,_].,_1}=0'?§A =_].y

, x—y—=z—1=0,
2, Z L :
BRHAN Lo {” )T

13.[(BYBEL L FmmERs={1,—1,—2} x{2,1,1} ={1, — 5,3},
Mo(l, - lyO) %JE%L t-lﬁ"mﬁﬁﬁ*#ﬁrm,ﬁv
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14.

15.

ﬁ*@ﬁm&ﬁﬁﬁn={l,—5,3} X {1129‘_1}={'—194a7}9
FRFEA: — (2 —D+4y+D+7(z—0) =0, n:z —4y —72—5=0.
—1=y+1=z—2

(RIEAMEEETFVE WHANL T ="—=—7
rx=1+4+1¢,
gﬁﬁiﬁﬁl': y=_1—2t,’f—tASFEﬂ1§‘Eg%L 57( H@E,ﬁ%T(Z,—S,l),
z=2—1 '
i&xm.mN<a,b,c>,aa“‘;1=z,”;1=—s,‘—§3=11§xﬂfmﬁN(g,—s,m.

[#IM, (0,0,0), s, ={1,0,—1}, M,(1,0,1), s,={2,—1,1},

M,M, ={1,0,1}, s, Xs,={—1,—3,—1},

B MM, » (s, Xs5,) =—2% 0, FURELFE.

oM, EEEL,/L,,L, 5L, Fi¥EHRI . —(x —0) —3(y —0) — (z —0) =0,
Bl m:x 43y +2=0,

| 14+3X0+1| 2
FisREBEE N d = =—,
JI+9+1 V11

(@ &RlIZS)

o
1.

HEE
(BRI la+b|°=G@+b)a+b)=|al?+]|b]|*+2ab=13+19+ 2ab =24,
Bab=—4,M|a—b|*=a—b)a—b)=|a |*+]| b |*—2ab=13-+19 + 8=40.

W |a—b|=v40 =2/10.

LB s, ={1,—2,4},s5,=(3,5, — 2}, iR P HEIE A En =5, X5, ={—16,14,11} , W F

REEHBR — 16x + 14y + 11z + 65 =0.

YRR FEERHN :Ax +By+Cz+D= 0,BN » 23F&A,. D=0,

Bl x:Az + By +Cz =0,
XEAXx BiFHG6,—3,2) B5 4x —y + 22 =8 FH, kL
6A —3B +2C =0,

A _p_ 2 .

ABIENFIREE @3 L, FUAMQ,2,3) EFE~ £, BHR~ 5L,,L, BV

uﬁ)fﬁ:‘lzﬁl'%%ﬁﬂﬂﬁn ={1,0, -1} X {2,1,1} ={1, — 3,1},
FIREEH x:(x — 1D —3(y—2)+(z—3)D=0FHK n:x —3y +z+2=0.

. [ﬁ] E% L,,L, B‘Jﬁrﬁlﬁﬂﬁﬁs. ={1, _2,1}732 ={2,1,0},

FIRFENMEREN N =5, Xs, ={—1,2,5), MFRFENRH
m:—(x—3)+2(y—2)+5(z—1) =0, x:x —2y — 5z +6=0.

AWM, ={1,3, — 4}, BARRFPEFLTFEOR MM, H5FHE 3z —y+62z—6=0%F
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RO FEEHER 14(x —2) —18(y —1) —10(z — 3) =0,80 7 — 9y — 5z +10=0.

7 (88 n = {224y .62} 20 = {2, — 8,12} , IR FBH T — 1_y+2_=z—2

—4 6 °
[2X1—1X(—1)+5X2—12| 1
8. [#E1d — _L
N (=145 V30
9 Yy = 2= Dl _,
JA*+B*+C?
10, U1 5 M, (4,5, EEAE s = (2, = 2,1) FHRBTHIE.
Mo ={—1,—9,2} MOMXS—{—S 5,20},
M MG, — 4,0 BERT =202 mmm;—“ﬁl%'ﬂﬁ.

11. (R M2 L 25 y Silest— A BB MRS I 9 5 1327 + 257 + 32% — 12 =0,
Iﬂlﬁﬁ,ﬁ(o.ﬁ,ﬁ) B‘J&f’ﬁlﬁﬂin = Gx ,4y,62}(0 VT ={0,4«/§',6\/§},

352 10 M B0 B B R Hm® = = (0 Z B ).
lnl 5

I2.[MBYME 2 — e +2xy =3 7EA(1,2,0) bEEER
n ={2y92.’[ 91_82}(1_2,0) ={4y290}9
MYEFEFBI »:4(xc—1D+2(y—2)=0,B0n:2z +y —4=0.
QO EEE

13.[(BYEL L wymmERs=1{1,3,2) x{2,—1,—10} ={—28,14, — 7},
HHs/n.FUHLL 5¥HE~ ®BE, ERERRIO.
14 (ﬁﬂsl={1,—2 1}9s2={1’—1’0}X{0)2$1}={_11_1!2},
WHR L, L, kAN 0,0 cost = ll—lsﬂ 2Jy&ﬁﬁ0=%,IElfﬁ%:$’}J(C).
1 2
I5. (YTt =¢, LHIBHYMER T=1{(1, — 26,32}, MEE5FHEz +2y +z=4 F1TH

RADEEMNREn « T=0,80 1— 40+ 35 =0, ¢, =% 8 ¢, =1, (B).

O BEH
. la+zbl—lal _ la+zxb | —|a | 1 . 2ra-b
16. (&1 lim z =l e b FaD 2la] Im—
=|b|cos%=g.

17.[821BA X BC ={—2, —1, —3} X {—1,4,2} ={10,7, — 9},

M AABC WERHF S =% | BA X BC |=%«/1o2 77+ (—9)° =%~/23o.

18. URJAD = {— 4,3, — 2}, AC = {4,4, — 3}, % AB 5 AC R¥AT, Bl = AL,
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19.

20.

21

22.

23.

24.

25.

i = A B T R EE ) R
n =AB XAC ={— 4,3, — 2} X {4,4, —3) ={—1, — 20, — 28} ,

BRI BB N

7:—(x—1)—20(y+1) —28(z—1)=0,Bl n:x + 20y + 282 — 9 =0.
(BYRELHWFHE ~, 7, ZENFHEIEN
n:x+y+1+A{x+2y+22)=0,B0x:(14+A)x+Q+210)y+2iz+1=0,
BARAFEHr §¥Hr,:22 —y—2z=0FH,FUH

1

{(1+2,1+23,2A}+{2,—1,—1}=0,B024+21 —1—21 —21 =0,f&1B A =5

FRTEHEY x:%x 2y +z+1=0.

(m]sl={l’_1’2}’ S2={—192y1}9 n=S1><82={_59_391}’
BRFETEBI: —5(x —2)—3(y+2)+(z—3)=0,Mlxr: — 5z —3y +2z+1=0.

ORI SE =t Y e mp by =1t =3, RA 2 —y+2 =0 B
t=1,ﬂUE%L:x—l_—z=y_;ll=_i3—'§5Fﬁn':x—y+z=03‘é‘¢lng(3,0,—3)a
P|M={—2y4,—6},P2M={5,—1,—11},n=P1MXP2M={—50,—52,—18},Ef
RFEEHBAH —50(x —5) —52(y +4) —18(z — 3) =0, Bl 252 + 26y + 9z — 48 =0,
[ﬁ’ﬁf*yﬁm&rﬁlﬁ%YI:Slst={2,1y—1}X{0,19—1}={0,2,2},
FTRIARTFEFBI:2(y +2)+2(z —2) =0, x:y +2z =0,
(ﬁ&lﬁ%h%=%=%&ﬂﬁrﬂrﬂﬁhs={4,5,6},
EH x:7x +8y +9z +10=0 WM& Hn, ={7,8,9},
EAFREL SCNELEE B SCHYEH AT U RERS s = {4,5,6) Kn, = (7,8,9)
HEH, TRARELKNTEHEREN T= s Xn, = {—3,6,—3},
x+1 y—Z__z—S
FisRE& RN — =73
1:—1=
— 2 -1 2y —1=0,
O T B LTS gL, " TP TIT0
1 1 vy _z—3 y+z—3=0,
—1 1’
SHLLWFERI 2 +2y —1+A2(y +2z—3) =0,
Hr'ix+@+A)y+iz—1—31 =0,
Eh{1,2+a,x}o{1,—3,2}=o1§/1=—5,ﬁ)fuﬂLE_$E=FzrBGSF-ED‘J‘E%J
y—5z+14=0,
"+x — 3y —5z+14=0, ﬂﬁiﬁ@%y‘] x—3y+2z—5—-—
(ﬁlsl={11_1y2}’82={1709_2}x{1’391}—{69—393}_3{2!_1’1}9&WE%M

[ s, 8, | 5 5
5 115, | —6,?Eﬁ—arccosE.
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26.[RY D BFL, :x —1=y—;—1=5—;—1 5L,z 4+1=y—1=z %&H,N

(1,2, L {1,1,1} B 1+24+2 =0,@B 1 =—3.
(2)S| ={1y2sA}9Sz ={191,1}931 st={l929/1} X {19191} ={2—-2,A—1, —1},

Ml(l,lsl) G L19 Mg(—].ylyo) e LZ’ MZM] ={2’0,1},
YRV 4 3
L,,L, £ERFHLEFMER(, Xs2) « MM, =0,FB 2 =~

27. [ﬂ](l)iﬁM(x,y,z)EE,MﬁfEm—'ﬁL B‘Jﬁ:ﬁwMo(xo!3’920)9@]"}%7‘(0,3)90)9
B | MT |=| M, T | B 2+ =z +25,

- =1 2 [}
Ehxo 1=_-Z=z_°1%<l’o +2y 4{A1§Z:x2+22=1+4y+5y2’
S Y P
: 2 2 70
ﬁ*%ﬂﬁﬁiw*ﬂﬁV=Mdv=Ldy J] dzdz =KJ0(1+4y+5y‘)dy =€‘Tt.
fel 2

et lHaytsy

(2) BRAOBIFHN 2y, 2) HXFRER 2 =0,z =0,

Mydv

- a
y = ’
JHdv
a
7

2 2 98 5
E-:{J:ﬂ-ydv =J2ydy ﬂ dx dz =1tL(y +4y* +5y*)dy =—3-7l:»'1%y =—,
0
e

5

it K 1tay+5yt

B LA (0, 10) .

L. BNABB T F

@ AIM%:3)

2a
O HZE
2 T 2 '!2 “n.?‘n’l:;:)
M M x X M . ysinx x -2r
1.[BYD) lim(1 + ysinz 2™ =lim[ (1 + ysinz®)*™" ]
=0 x =0
y-2 y->2
A}ig-o;n,.?'{‘i 75 _"'_',“o;r—:f
=g =™ =e
1 2
—Lap?
coxry—| . 2
i = i
X 1 E&;L‘. .xh-"“ﬂ £ e 1
. 2 . o=l - el _ 3
(2) lim(coszy)® =lm{[1+ (coszy — )]} = =e™' =g’ =e ‘.
x=~0 r—~0
y—1 y-o1

dz _ .
2.(%]5;=yx” '+ y7Iny.
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3.MBIMH z=(z' +y")™ , 18 z =00

P) 2;,2
Fl'J LA L [yln(x +y) +zy - Z ‘I
zt +y

=(z?+yH . [y]n(.rz—i-yz)-l— Lz y}
i+ y°

2 , a ,
4.(m]£=21’f (z*+y5), £=2yf (z2+ y2),

dz dz

ya—x—xa—y=y-Z.rf'(xz-i-yz)—x°2yf’(.r2+y2)=0.
d L
5. MR- =—2%fxy) +2f (xy),
x x x
Tz L ey =2+ By + 2 (zy)
31(7y_ sz Xy .rf xy _rf xy y xy

1 7 /4
=—=fy +%f (xy) + 32 f(xy).

6.(%&)3—?—2# +cost « f75,

d’z

¥=2f"1 +2¢2tf"), + cost « [712) —sint o £’ 4 cost » (2tf”, ~+ cost » f”zz)

=2f", —sint « f'2 + 42 f"), + dtcost o f"12 + cos®t - f”zz.
d
7.[%’7_z=yf,1+f/29
axr

9° ’ " v " " ’ ” " ”
ax;y=fl+y(1‘f'n+f 12)+If21+fzg=f1+xyf nt+H @&+t .

8. [M)r’y*z =x° + y* + cosz Bilixt x S}E{ﬁ%’:% :

2 2 .3 232_ o pre _21_31‘2 Z
3x y z+1 y 5—21 sSinz » am E m
9 [ﬁﬁ]{ =Sz, WE y=y(&)z=2(x),N
) F(x 1Y% z) =0 ’ ’
az ’ dy ’ dy d_z__ 7
J NARRA *dz’ J tdr dr T S F = f,F,
S dy o, de TR g dz m‘%ﬁ T F L+ F
lF1+F2—+F3—=O, IF2—+F'3—=—F',, 2t 3 2
d d dx dx
10.IfRY 2 p=V(x — 1D +5? Fhllmf(x’y) 2x+y =0 F(1,00)=2,H
1 (=D 4y

y~+0

Sl y)—2x+y=0(p), B Az =f(x,y)— f(1,0) =2(x — 1) — (y —0)+o0(p),
lﬁﬂfrﬁﬂ‘}%)\(ﬁ dz '(],o) =2dx —dy.

11. () SR FrmEMmE (1, ~

1 4 o _ ,
% Jrt +16 J1+ﬁ Jrt+16

H AR cosa =

1+
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12.

i)
2z 9z ) . dz _ dz _ V2
9z =2xcosy, 3y =—x siny, dx n.})—ﬁ’ dy a5 B 2’
dz 4«/'2_—%27!
BBRMABFEI 5 | s = s

d
[ﬁ]a—z=2xy +hlx),
x

a
B £, (x,0) =2cosx 8 h(x) =2cosx ,Eﬂ£=2x_y + 2cosz »

M 2z =x2y + 2sinx + g (y),
Bl O,y = +18g(y) = +1,8 flz,y)=x'y+2sinx +e’ +1.

QO BEE
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14.

15.

16.

17.

18.

19.

.(m)i—j=2tf’1 +2€2[f,29

2
‘;2 2F  + 2 2f" 1+ 26 1) H A £, 4 26% 2t f"y + 26" [ )

=2f"1+ 4 '+ 8te” f'1, + 4e" ', + de" [y,

a !’ ’
(ﬁ]a—z=e’siny e fiity - flas
32
axay——e cosy « f', + e siny » (e"cosy » f'y +xf 2D+ o yecosy o fn+xf )

=e cosy » f'y + € sinycosy « 71, + e (xsiny + ycosy) f'y, + ot xyf .

d

a ’ ! ’ 4 ? a
()52 =221 +of s +yteflss So=zft2ayzf’ss 5o=z¥'f's
x Y

[#2) Hﬂ%=f’l[x,f(x,x)]-i-f'z[x,f(x a2)] e [f  (xsx)+ fo(x,x)], 18

du

dr L =AAILFADIH LI DT LA D + £ (LD

=a +bla+b6)=a-+ab+b’.
(m] a_z =ye—x2y2 _ e—(1+y)z ,
dx

az
z =e—.r2y2 _zxzy e—x y +2(I+y) (J-r_y)

dxrdy
dy dz
2x+2y——2—,
P4yt =2z, J dr d d —
1’ 0 T w8 * malE Iy
r+y—z+1=0 dy dz dz 11—y
1+—'——=09
dr d
[#EIF (2 + —;-,y +§> =0 Bt x R SHE
dz
1 9z, Ié;_z P 9z yzF', —x? yF.
— °YF = F =0,f%
S e =0T = 2 GF 1 yF D’
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20.

21.

22,

23.

F(x +§,y +f’ =0 WX y R FE

dz
Y- —=Z2 ’ 2/

dy ; 13z ., _ gz  xzF, —xy°F’,

y2 F1+(1+.1‘ ay)Fz—Ovm'fgay _y(xF/l_l_yFlz)’
45 Iz a_z_yzF'z—:cZyF'l—i-sz',—IyzF'Z_ .

T oz yay— xF’', + yF', TETEY
(B1S F=z*+2y"+2"—3, G=2z—y+2—1,

I(F,G) a(F,G) a(F,G

y,2) ' Nz,x) 3(x '¥) (a.e

i z—1 y—1 =z—0
FRMOEH - =L =,
EFHEN7:2(x —1)—(y—1)—52=0,B0w:22 —y —52 —1=0.
(ﬁ’ﬁﬁl’ﬁé&ﬁ?%(x,y,z),%rﬂﬁﬁn={2x9—2y,4z}=2{x,—y,22}9

My =—y="=t@z=t.y=t,z =, RAMES ¢ =+2,

ﬁ]}.’-ij] M] (_2, _29 _2) RMz(ZyZQZ)yﬁjf;k%quﬁﬂy
(e +2)—(y+2)+2(z+2)=0,0 n,:x —y +22+4=0,
e —2)—(y—2)+2(z—2)=0,M ny:x0 —y + 22 —4 =0,

322 —6x —9=0, [z =—1,(zx =3,
(%] | {

2y —2=0 y=1, y=1,
'z iz Iz
ax2—6x—6, a.’L‘ay_ [} W—Zy

Hz,y)=(1,) 8t,A=—12,B=0,C=2,

BJR AC —B* =—24 < 0,FFBA(—1,1) RERE A,

YH(x,y)=(3,1) if,A=12,B=0,C =2,

BHAC—B*=24>0HA > 0,FB(3,1) HHRMEEAB/MEX £(3,1) = —26.
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!

0,
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x =2cost,
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y =sint
M| z =4 cos’t — 2 sin®t + 5 =6 cos’t + 3,
é!] cost =0 H;j"fmin=3;-¥ COSt="|_‘1 Hﬂ‘,fm,(:g,

BBR/MEHR m =3, B K{E M =9,
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?%Eiﬁ—%ﬂg +y ds=36§{5 ds =361,

27 _ 2 2 2 —
4.(&]&: ds—gfﬁr(x + vy 4= )ds-—ﬁrds,

_ -1 p = fa—1 _
BRI = +y+ o =1 WM d =~ I T B¢ r = fi—3 =

Ilfﬁ 2ds = Ajgd —><2 xg_s’“g/_

5.[BISL,:y=1—zGBE =1, &Kz =0),
Ly:y=14+2(BH xz=0,& K xz=—1),
Lizy=—1—zs(BHEx=—1,%& 2z =0),
Li:y=—14+2(BBF x=0,4H =1,

mﬂﬂgbxzydﬁc +xy'dy =JL, +Lz +L3 +L

V33
3

9

=J?[xz(l~—x) —x(1—z)]Jdz +'[:[x2(1 +2)+2xQ+2))dx +

| erater—z 4o ldz +] (2 @~ Dtz @~ lds

=(,
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6. [BYFER xy'de +xiydy =d(%xzy2) ,

(2.2 1 9 (2,2) 15
F)fUJ zyldr +xlydy ==xy* =—(16—l)
(1.1 2 (1.1) 2 2
7.081S:z=1—x +2y.S #E 2Oy Tl LHREXE N

—1
D,,,={(x,y)'o<x<1,x—2—<y<o},

=/TF1F4do =B do, ]
ﬂdszﬁﬂda— jdxj dy=—f (1-— x>dx—ﬁ6_
QO EFEH

8. [BIP (x,y) =29 0(x.y) =—y——,,m——— Ba=2,%D).
)Z

(z +y)° (xr +y
9. [BYIMC, . x*+y ' =r*(H¥$ r>0,C, EL W,Elﬁﬂ\‘f%f),

=4 Qzry) =—2—, 9%
24y VSRS e ay

B L XC, FrEMMXER D, H C, BRMXEHA D,, iHAXE
§ wty—str _[eQ o),

Plx,y)=—

x4+ y° W \dx  dy
.Idy yd.r _ﬂg xdy—ydx
s £ e
xdy—yd.r 1 s
My, TUTIE =9, wdy — ydr FH AR

ag x_diz—_y;:l_x=l2§ xdy—ydx=%ﬂda=2n,5ﬁ(B).
t oty rde, e

10. [BYE R E X TFHE 202,02 Xﬁﬁ,EfUJdeS = de =||zyzdS =0,

&%@J xdS >0, J.ryzdS >0, zdS > 0,8 (C).

11.[ﬂ]ds V14 4zt 4+ 4yidrdy, Y

s 2,2 ™ [
H ° dS =J]~e"r ™ dxrdy =r dﬁj re” dr=n(e' — 1), (B).
IS vl + 41'2 + 4y2 D, ¢ 0
O BESR

x =2cost ,
o< i< ) Ly =z (0< 2 <V,
y =2sint 4

S

12.URIA L,y =00<x <2.L, {
[}']JJJ e‘\/12+.\'2 ds ___J. e\/,.-z-p_\.z ds +J‘ e,/4,,21,_),:5 ds+J.l . /12+y2d
, L, »

Wﬁj mds Je dr =’ — 1,

L
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13.

14.

15

16.

17.

RS

J eV = ds =rZe2dt=—e,
L, 0 2
7 vz '
JL eV s =J V2 e dx =% =ef —1,
3 c 0

2
ﬁ}fuﬁit=e’—1+%+ez—1=(z+%)ez—z.

2 2
(ﬂ](l)J'Lxdy — 2y +1Ddx =_[o:cd.1: — 2x 4+ 1Ddx =—J (z +1Ddx =—41.
0

. 2
(Z)JLxdy — 2y +1Ddx =L:r Xzdxr — (z? 4+ 1)dxr =—2.

1
(ﬂl(l)L (xy? +y)dx + (z?y + 2 )dy =J (24 2)dx + (2 +x)dx
0
1 3
=J Qzx® +2x)dx =—.
0 2

1
(Z)L(.ryz + y)dx + (z?y + z)dy =Io(x5+xz)dx 4+ (z'+2) X 2xdx

1
=J (3z° 4 3z3)dx =i.
0 2

X =2cost
p<i<3),

y =2sint 2

BI'JL (3x +2y + Ddx +zer dy
=J: [(6cost + 4sint + 1) (— 2sinz) + 4e*cos?z]dt

=— IZJ? sintcostdt — SI? sin’tdt — ZI? sintdt + 4e4J? cos’tdt
0 1] 0 0
=(e'—2)x—8.

(%) =JL(e’siny Tz —y)dz + (e"cosy +y)dy

= LW—J_ (e siny +x — y)dx + (" cosy + y)dy

2

ﬁ'ﬁjg __ (" siny +z — y)dx + (" cosy + y)dy —Hda——
Jﬁ(e‘siny +x —y)dzx + (" cosy + y)dy =J zdx =2a%,
0

BfU\Jl(e’siny-l—x—y)dx-i—(e’cosy -I-y)dy=(%—2)a2
[(BIRL,. y—O(E'ﬁ1=—a,§§}§\x=a),
—@HL —J dx+[4x + 2yln(x +vVR* + %) 1dy,

ﬂ'ﬁf]gHLo J—de +[4z + 2yIn(x +/R* + %) ]1dy —H4da =2na’,

2
—dx+[4x+2yln(x ++R* 4+ z%)]dy =0,
I o /R* 4+ z°¢
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il I=JL 2dx+|:41‘ +2yIn(x ++/R* + 2*)]dy =2na’.

2
_Jy
vR* + =z
18 [BYI4SL,:y=0GBE z =0, &Kz =2),1
I=@ —.[ )(e’+1)cosydx—[(e’—i—x)siny—x]dy,

L+L, L,

H § (e* + 1)cosydxr — [(e* + z)siny —z 1dy =Hda
L+L| s
i cip il oost Da( L) 257
= 2L(1+cosﬂ) d0—4J0cos zd(z )= =,
2
JL (e +1cosydr — [(e" + x)siny — z 1dy =L(e’ 4+ 1Ddx =e* +1,

ﬁﬁuﬁfcﬁf—ez—l.

3

19 . [EY =1(a) =J‘“[(l +a’sin*z) + (2z +asinz) « acosr Jdxr =x —4a +4%.
[

fI'(a)=4*—1)=0,8Ba=1,
I"a) =8a,H I"(1)=8>08a=1%Ia) BR/MIK,
HHa=18I() BWE—HFE,Fla=1R8 1) BWE/MEE,FIRHHMAER y =sinx.

20 (] lﬁ%ﬂié’eﬁﬁa"—ﬁ%ﬁé%?&ﬁ?&i—f 2P w9

@,Eﬂ£=2x yTFR QG .y)=x+ o (y).

RY a.
EE'[( )nydx +Qz,y)dy =J( )nyd.r +Q(x,y)dy,®
0,0 0,0

1 t
a +L¢(y)dy =t +L¢<y)dy,fﬂiiim‘ t RFPUB 1+ o) =2t,0) =2t —1,

il Qx,y)=x*+2y —1.
21. [Pz, ) =[f )+ 2f(x)+e ]y, Qlz,y)=f(z)—=z,

a d /
a_Q=f"(x)—1, a—P=f(:c)+2f(x)+e’,
x y

ﬂﬁ&%%ﬂ%ﬁ%ﬁiﬁé&,ﬂ?ug—f=%,¥ﬂﬁ Py = f1 () —2f () =" +1,

ﬁﬁﬁﬂﬁlz —A ‘_2=09%ﬁE{E% A] =’_19/\2 =2,
FB ()= f(2)—2f(x) =0 BIBMERH f(z) =C e +C,e*;
ASFE f(x)— f(x)—2f(z)=¢" BIIFBEN f.(z) =ae ,LAE

a =_%,El] f,(x)=—%e’;

FR[(x)— f(x)—2f(x) =1 RIS N fz(x)=_%,

?J"ﬁfw(x)—f'(x)—Zf(x)=e’+lEﬁlii’?'f%%jfo(x)=—%(e‘+l),

ﬁ‘ﬁf"(x)—f’(x)—Zf(x)=e’+15‘Ji§%5§f(x)=cle-’+czez’—%(e’-{—l),
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1 C1+C2—1=09 1 2
(0) =0, f'(0)=—1% BBC ==,C,=—,
W f f 2 g‘l_cl_'_zcz_%:%, 1= 3T g

] f(x) =%e_‘ —i—%ez‘r ——;—(e’ + 1.
X A -2 =T

22.(mlﬁL F)f@ﬁﬁﬂ‘]ﬂﬁﬂ]D,é\ P(I ,y)—- x2+4y2 9Q(l‘ »y) 2+4y29

Q_ 4Pz P _4yi—a - 9Q_oP

Iz (2 +4yH? Iy (2P 44y Az Ay’
(1) ¥ 00,0) 7£ L F B AR X 38 &) S 3R B EE’I%’PF’\:E‘:

xdy — ydx
ﬂgL ———12+4y2 ﬂ - dxdy—O

(2) 300,00 %L Efﬁlmm&igmﬁm,f’ﬁc,.x +4y =r?(H$r>0,C, L A,
Fia Rt mE), B4l L fC; FrEMMXIER D, , HEKRA R

xdy — ydrx _ﬂ aQ IP _
§L+C: — 5 ( )dxdy Oa

x? 44yt dx  dy
xdy ydx fﬁ J:dy—ydx
Lk agL zt+4y° i +4yt
Jx=rcosﬁ,
% r . WE
ly=—sm0,
2
d ydz 2 TCOS0 X 20050—751110)((— rsind)
xdy — —
ﬂgc T ay7 =J 5 df = =.
., x y 0 r
__ -__ T aQ _IP
23.(%]P(1‘ 9y)—I2+4yz, Qx ’y)— x2+4y2, Iz ay7

YEL¥HEB Co 2’ +4y =1, F B4, L 5C, BRWXEHR D, ,C, 5 = HE MK
XK D, AR HAARE
§ ydx—xdy= (aQ aP)da_

—_— e — =0,

' 4yt Hlax Iy
NE:]
R T o
Loz’ 44y’ ¢, x’44y ¢ x'+4y S

pt—§ [ - oo —extae L
CyHTA @ - 4 2

24. U8RI =JJ(2x +i33—’+z) ds =4[S[(-‘;—+%+%) ds =4L[ds,

x Y o Yy _
MiSiz=4(1—F =)D, Al + 3 =1 R,y MERGHS,

ds = 1+4+§do=@da,
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FREI= 4J]ds—4“/_ﬂd = “/_xzxzxs—ttf

25 . [(f)ihiE = 7 2 Oy SFEJ:E‘J&%EEE%D” sxl +yt <4,
1+2"% +2"% dedy =y2dzdy,
mljﬂzzds =J§ﬂ(ﬁ +yH)dzdy =J§r"derr3dr =842
b D, ? °

't +y"; + 2t =1
BHE S 2Oy FERLERBERBAD,, 2 +y° <

z = xZ_l_yZ

26.(%@]93{

mihE e =v1—z*—y* 18

—TF e F e e =,
V1—zx? —yE

—— _ m
Brik 1 —leds _Dﬂda =5
27 [(BIME Sz =vVx' +y" 2Oy FHEMBENID .27 + 52 <1,

1422 + 2" do =42do,
I =ﬂ<xz +y*+=)dS =J§ﬂ(x2 + 3y +Vzr+ 3" )de

—J_J dﬁJ- r(rt +r)dr—2«/—n(% %)=7f“'

28.[ﬁ¥lé\slzz=1—vl—xz—y2 982:2=1+‘\/1_$2_’y2 any:Iz+y2<19
do
Vv
ﬂ(r + y*)dS —ﬂ(a: + y*)dS +H(x +y*)dS
x4 y? _ 8=
—ZH da ZI dﬂj =3

1—.1'

1+2" .2 +2" ) do =

?

29 (#&)FME ~ E‘Jﬁﬁ%—z—X +?Y+zZ—l=0, d(z,y,2) =————1,

2 2
* 4y 2
4+4+z
2 2 . 3 7 a 3 — —
Eiiz:./l—%—%,ﬁdS:\/l_}_(a_z) _|_(a_z) da=44 z° y do
X y z yz
e T T

il —2 g5 =L{[ca— 2 — .2 L
ﬁuﬂd(x,y’z)ds 4JJ(4 x y)dxdy = 5
30. (R A= ARB

fﬂ;xzzdydz + (z?y —2*)dzdx + 2zy + y*z)dzdy
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2xn % a . 2 5
=LU(J:Z + y?+ 2 dv =J°' d@f0 dgojor4 sinpdr =?7ta
31.[RYaFmEMERIZHEE KRR
@(1 cosa + y’cosf + z’cosy)dS = @x“dydz + y*dzdr + z'dxdy,

s

fﬁ]‘@ *dydz + y*dzdx +2° dxdy—3m.(x + '+ 2)dv

o

=3'[ dgj dgo_[ r"sin(pdr=127tR ,
0 [1] 0 5
5
Fﬁfl«)@(x’co” + y*cosf + z*cosy)dS =]2§R .
s

322. (R0 ESFEARNEE, B 20 PHEEMBEXE N+ <1L.ARHANS

1=jE [%f(% ——f( )+1} dv—JHdv—J an|’ rdrr; dy =n.

33. U1 Aty dede =0,B7BL 1 =[[x*dyde + y*dedr =[xy dz.
z = =

Wl S T y0: EORBRAHD .y + (= — ) <+

0o | =

0

=JZR(T15+21—45m0—acoeB)dﬂ—(g——l) (%—;—GX%X:Z) g‘—:

2= %
I =_I](Z —y*)dydz =J dOJ (% + rsind — rzcosz(})rdr
Q
D

1=(§ —[[) & +821dyde + x*e* + yrdzdr — 3y*drdy.

5, 5,

SR AW
@(x 4+ 323)dydz + (2% + yz)dzdx —3y’dxdy =— J (14+2)dv

Z+Z,

=—J (1+2)dz H dxdy = —4n,
[}

yiga-n?

X J](x +322)dydz + (£°2% + yz)dzdx — 3y’dxdy

=J]—- 3y’drdy =—3||y*dxdy =—%ﬂ(xz + y¥)dxdy
D b

“:0
3 2n 2 3
=-—J dﬁj ridr=——X2r X4=—12n,
2Jo 0

2
Fr LR =8n.
35. (Y% FH 2,2 =0+ y* <a®), BTMW,

BR = ﬁ ‘dydz + y*dzdxr + (2* + 1dxdy -—Hr dydz + y*dzdx + (z* + Ddxdy,

T+z,
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36.

37

38.

m @ zdydz + y*dzdx + (2* + 1Ddzdy =SM(12 + ¥+ 2")dv
Fed

s+x,
2x -’zi .. % R “ 6 5

=3| df| de| r'singdr =6xn| singdp| r'dr =—na®,
] o [ 0 0 5

stdydz + y*dzdz + (2° + 1)dx dy =J](z3 + Ddxdy =—ﬂdxdy =—ra’,
z

z0 D:y

ﬁiﬁiﬁ=%nas+xaz.

[#&)HE—

D,={z,2) | 0<2z2<V4—2}, D,={(z,y)|z*+y*<4},0
k3 2

Hyzdzdx =2J]z«/4—a:2 — 2zt dxdz =2J d0L«/4—rz r’sinfdr
¢

5 D,

1; 2 2
=2J sinﬁdﬂj «/4—r2rzdr=4‘[ JE— 72 ridr
1] 0 0

r=2sin

4cmost X 4sin’t X 2costdt = SF sin?2:d(2t)
0 [+]

=8stin2tdt =16J?sinztdt =16 X % X % =dx,

J]dedy —ZJ]dxdy =2 X 4n =8n, LA yzdzdx +2dxdy =4n + 8% =12x,

HEZ *l‘?ﬁlﬂiﬁ Seiz=0(x?+ 'K 4) BUF U, g
ﬂyzdzdx + 2dxdy = ﬂ yzdzdx + 2dxdy —J]yzdzdx + 2dxdy,

Z+Z,

o & A RS
2
ﬂ yzdzdr 4 2dxdy =Jl].zdv =dez ﬂ- dxdy

z+zo 12+y2<4—:2
2
=J z X n(4—2")dz =4nx,
M || yzdzdx + 2dzdy —Hdedy =-—2 H drdy =—2 X 4n=—8=n, AR =12x.

2 PLENY

RBY W S M 20z Eﬁﬁ;@D =) | < e <l s <2k 1),

1 1
J‘].(.zc2 + y*)dzdx =ﬂzzdzdx =J dx‘[ ztdz =iJ (1—z*dx =~1-(l —i)=l,
s 5 ) x 3J0 3 4 4

Tz

ﬂzdxdy =“_ﬂ. vzt +y*dzdy =—j7d0J' r dr——%y
S D-U'

13

&J](xz + y*)dzdx + zdzdy =%—
S

2
(BIFE— 2 3:5=1(D...(x - DI +E< 1) R,

HER = (ﬁ z’dydz + y*dzdx + z°dx dy —ﬂ.xzdydz + y¥dzdx + 2%dxdy =1, — I,,
z

543,
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39.

40.

I, = @ *dydz + y’dzdx + 2’dxrdy = Zm(x +y+2)dv —ZJ:H(J + y)dv

s
Jx — 1 =rcosfsing,
‘y — L =rsinfsing, O<LIKm, 0K o < 7,0 r < 1),dv =2r"sinpdrddde , M

2 =rcos
2 ¢

I, J dOJ’ (—cos@sm o+ —smﬁsm o+ —smgo) do
o

LA T . _lg
—4]0 (Ecosﬁ +§sm0+ 3 )d0 =37

I, =ﬂx2dydz + y?dzdx + z*dxdy =Hy2dzd.r =—Hdzdx =—2n,
s D

R —_R+2ﬂ=%7t

2
FEZ ES,.y=1, REM, D:(x—l)z-l-—z—

MERX = @ ?dydz + y*dzdx + 2’ dzdy —.U ?dydz + y’dzdx + 2*dz dy.

2+3,

@xzdydz + y*dzdx + 2’dxdy =—Hdzdx =—2m,
D

Zo

ztdydz + y*dzdx + z*dzxdy =ZM(x + v+ =z)dv,
o

I+E,

R =2M(x +y + z)dv + 2x.
0

2 2 2

J]dev= I xdxﬂdydz= J @2z —zVdx = —4—7t, D,:(y—l)2+—z4—<21‘ —zhy=1;
[ [}

o b

3
I{[Jyd'u =ijdyﬂdzd1 =1tjjy e 2+ 2y —yHdy =%1t, D,:(x —1? +%< 2y —y*.
25
FEUJE:—&=—K+—K+27:—?K
(8RS W Sn = (1, — 1,1}, H AR EN cosa =Jl§,cos =—J—1_§,cosy =Jl§,1ﬁéﬁvﬁi
KM ERAZ L EA :

J][f(x,y,z) +z]dydz +[2f(x,y.2) + y]ldzdx +[flzxsys2) +2z]dxdy
3

=iﬂ-{|:f(x,y,z)+x]—[2f(:c,y,z)+y]+[f(z,y,z)+z]}ds
V3%

0o | —

lﬂ 1 1 1 I ¢
=— (x—y+z)ds=—J]ds=—><—xﬁxﬁxSm—=
V3% 3% g3 2 3

DRI FEME S, .2 =4(" +4y° <O, BKMBEK TN,
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41.

42,

43.

deydz + ydzdxr +zdxdy = ﬂ zdydz 4 ydzdx 4+ zdx dy —J]xdydz + ydzdz +zdzdy,
S %,

543,

MEHARE
J]xdydz + ydzdx +zdxdy=—3[ﬂdv=—3j dz J] dzdy
I+z, 24yt

= —3J4n X Az X £dz =—12x,

ﬂxdydz + ydzdx + zdzxdy = jzdxdy =—4 J] drdy=—4XnX2X1=—8x,

2 riayi<a
B R =—12% + 8 = —4n,
[#)4 I, —ﬂdydz + zdzdx, I, —H —dxdy,

sVl +yt
23 2=1"+y ' <DL BTFM;S, :2 =202 + 3y < 4), BUEM, =/ il 8 7 B L
&R 0,4 D={(x,y) | 1<z + y> < 4},

I, =dedz + zdzdx = @ dydz + zdzdx —J]dydz + zdzdx —dedz + zdzdx,
s z }22

4345,

[ﬂygﬂ.dydz + zdzdx =O,J:[dydz + zdzdx =0,
o Z

FRLL I, = @ dydz 4+ zdzdx =J:U(0—|—0)dv=0,

Z+E) +2,

_ﬂ — Idy_—ﬂ dxdy=—J @[ “ar=—2n(e — o),
HRRX =—2x( —e)

(14 3, ce =0(% +5* < 1) BFMLZ, = =3(5 457 < 1) MM,

I =H(z —y)zxdydz +(x — y)dxdy

= ﬁ; ﬂ ﬂ.(z—y)xdydz-l-(x—y)dxdy,

z+z+z2 5, %,

i @ (z—y)xdydz+(x—y)dxdy=J]]'(z—y)dv

545,43,

-—J dz ﬂ (z—y)dxdy—J zdz ﬂ dxdy =9,
—+y<1 —+,<|

ﬂ(z —y)xdydz + (x — y)dxdy —H(z —y)zdydz + (x — y)dzdy =0,

Fﬁu}?ﬁ—%\:
[B1S Flx,y,z)=x®—dx+y* + 22, HEMEIE N
n={F_ ,F,,F.} ={2x —4,2y,22},
ERRETEKER
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44.

45.

2r — 4 x—2 xr—2
cosa = = = )
Sz — )2+ 29+ 22)F Sz =2+ y + 2 2
cosf} = 2y =l,cos)’ = 2 =z,
Sz =) F 2y + 2z)F 2 JCx — 4+ (2y)2 + (22)° 2
il I=%J:[[yz(y —2) e —DF+zr(z—x) e y+zxylx —y)+z]dS

=—;—H[y2z e (x —2) —xy’z]dS =—||y?=dS,
z b

LA Sk S — R
9T fizx —z% —y° Iy Sfazx —z'—y°

[=— 2, /4x_x2_y2 .)\/1_&_5—2?_2&(1 dy:—Zﬂyzdxdy,
D

Ax —x" —y

= 0'09
/.\{x rc.b ( n <0<£,0<r<2c050),mu
y =rsind 2 2

—;L Zcosd >
I =—2||y*dxdy =—2_[ “dOJ. r3sin20dr=—8Jzﬂsinzﬁcos"ﬁdﬁ
s -3 Jo -7

=—16r sin’6 cos'6dé =—16j?(1 — cosd) cos'8df =—16(1, —I,)
0 0

3 1 = 5 3 1 = m
e R A b %

[R)YS, .2 =1z +y' <) BWFM,2,:= =2z +y* < 4) Bk,
I=||y(z — 2)dydz +z (2 — y)dxdy

=z

=( @ —ﬂ—ﬂ)y(x —2z)dydz + x(z — y)dxdy

s+E+E, %, 5,

il Eﬁ y(x —2)dydz +x(z—y)d:cdy=JH(1 + y)dv =0,
n

343,43,

ﬂy(x —2)dydz + r (z — y)dxdy = ||z (1 — y)dxdy =0,

z, %

J]y(.z — z)dydz + x (z — y)dxdy =H1(2—y)dxdy =0,

z, %
Frd sk =0.
2
mlﬂaxdydzﬂzﬂ) dz dy i oz dydz + (= +a)7drdy.

Vi +yt+2f
HEME S,z =0z’ +y* <a®), mzﬂmq ]
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— @, ()] + @, (2), BECO).

L] H 22yde + (22 — Ddy =0 825 -dz +dy—y=o,ﬁléﬁé
-
2 C
In(x?* — 1) +Ilny =InC, \Til y = — T’
-
My =18C=—1,FRy=—o,
1—=x
1 i
7 1, 1—x | 1 .
i’iﬁ[Joy(.r)d:L = —2—ln1+x 0 —?lnS,Jﬁ(D).

[#R)y” — 4y =0 RIS IE T BRI AT —4=0,4FFHR A, =—2,4, =2.

¥ —dy =" HFMIERN y, =axe™,

Y —4dy=x BWEBERANy, =bx +c . MEFTBIHFBIERXN axe® +bx +c,MiE D).
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20.[RIBAFTRE Yy — 4y =0 W EF BN —4=0,4FFEH  — 2,2, MHFE y" —4y =0
REAN Cie™ +Ce™ BRIBE Yy —dy=x +2 FRE — %1 — %,ﬁ(D).

O BER

21. [(88)xy’ —yln—‘f‘%ﬁ Y I sy =L EHBN u+2 S —ulna,
x x x dx

a{ﬁﬁmﬁ———l—) d—’,
- X

Fa% InUnu — 1) =Inz +InC, B lnu —1=Czx ,58 u =,
WEFBHERN y=z"""(C HEBES.

2. [RIFE— 4y =p ,ﬂﬂlﬁﬁﬁw%% +§p _<,

x

. ([ [t —f2e  (z —1e" +C,
fﬁ«%p—(];-e dx+c,)e -
—De" +C —C
&y=j(x ‘:+ Lz =& ‘+cz(c,,c2 ML

x
HiEZ zy'+2y =€ Wﬁ;@u.z Bxiy' +2zy =z ,Bl(x?y") =z,

’ 1 C
BB 2ty =z —De +C, B y =2 DT TC,
X

ARSI RSN y = Tt P94, 2= C e 0, nERRD.

23. IR BEH BNy + (——1) =e?
+—Ddr =Ce’ —|—e2’

x

B K y=tje g e

i limy(2) =18 C=— 1 BMY y == i

z—=ot

24 [RI B(y + V2T T 37)dz — zdy =o,1%d%=%+ [+ 2

éu=§,mu»aﬁﬁmwﬂ‘i‘*‘_‘_ﬁ=%mms InCu + VT Fa?) =Inz + InC.
Bl w++/1+u? =Cx, HHBEELE yQ) =0 RABC=1.
J1+u*  +u==zx, 1 1
2 Bu=(z— ) BRI R R 5 =T
l 1+u —u=;9
25. YAy —z2¥)dx — 2zdy =0 ﬁd—y—i =——1—a:2
: Y 4 Nar T 27”0 27

Wy = [[(-g21) ] T
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B R R =—ix3 FCVTz T C HERHED.

2

26. (YA ydr + Q2zy + 5° )dy—015—y=——y—2-,
dx 2zy +y
py=2 gliiwde 47 g =K,
x u®+3u x x
BT BRAER R y2 (y +32) =C(C AERFED.
27.[##]1 K cosy j————cosxsm y =siny 45‘9‘(51%)‘—(2051‘8&1231 =siny,
Ay =siny»ﬂﬂ—d%—u =cosz * u’sBu”! =z,|}'lﬂjx—z+z=—cosx,

dr

718 z= U(— cosx )ejdz dx + C] e_I = [—Je’ cosxdzr + C] e’

e =Ce" ~l(sinx + cosx)

= [—le’(sinx +cosz) +C 7

2

| I

I)'[lj— =Ce™ — —(smx + cosz ) (C AEBHED.

siny

A +
28. (@1 A%E— Haxy —3—’=x2 +yz,45d—i’-=x—1y—y—,

/:r\l=u,4vgru+1 %—=u+ BB u'=Inx’+C,H y(e) =2¢,8C =2,

iR B4R R v —.zzln.r +2x7%,

- dy 2 ml d(y?®)
HiEZ Ehxy —x+ A@zx o

2

18 2z = sze'? dx +c] e’f‘?"‘ =2z%In| z |+ Cz? IFALKHBB C=2,
W R BREOFFEBRN y* =2z ® 4 222,

=xz+y2,/—;r\z=y2,ﬂll|gx—z—%z=2x,

, i d : d
29 (M 'y +oy =y B =(2) — L 4 u=2 a2 -,
P 4 In u_2’=ln|x|+C.,
B8y (D=1,58C, =1, FiBu=2 2 _C,z? ﬁﬁj‘iﬁﬂﬁﬁfﬂﬁy—l_l_
aQ aP
30.[B)%4 Pz, ,y) =2y +y—1,Qz,y) =zx’y+=x +2,)§! —ny-i—l Fr LA

EhRBAIEBI TR,
{r.y)

/'%u(x,y)—J (zy*+y—Ddx + (z%y +x +2)dy
0.0)

2

—J (—Ddx +J (’y+=zx +2)dy=—x+

+xy 42y

mmﬁﬁmmw‘% +zy+2y—xz=C(C RHEEEH.

1 mdx
= _ =y,
2z —I—y4§dy 2z =y, M

31. (8] m—jy —
N
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32.

33.

34.

35.

36.

= Uyej_m dy + C} e-J-Zdy =Ce¥” — (% %) (CHEEFE.
2
(814 =+ =u,mudd —& el -1
u
TRIER =dx AR E v — arctanu =z +C,

1+ 7d
R FBRNERN y —arctan(z + y) =C
[BYHE y = RAMOG TR zy +P(x)y=2,B P(x)=xe” —z, BN

Y+ =Dy =10y= leJ“ "z 4] TATTIE e

% y(n2) =0 A y=Ce™™ +e HBC=—e * ,HiEEHN y=—¢"" T e
[BID H f)=¢ —J:(x =0 f@)dt 8 f(x)=¢ —IJ:f(t)dt +Ltf(t)dz,

Bt x RS, 8 [ (2) =€ —I:f(ndt,miz:ﬁx#x REB () + fx)=¢,
HiEf¥ f(x)=C,cosz +C;sinx +%e’.

@ = — [ G-DfOU S z= 0l /O = LEf@=¢ — [ rwae o,
Lz=07HfFO=1,FREC = %,cz =—;—,i’& f(x)=%(cosx +sinx)+%e’.

(2> # flx)—

1 J‘Itf(t)dt=1 B+ —'rtf(t)dt =z +1,WilizkRH
x+1Jo 0

. B o B 2 1
FG@) + @+ Df (@) —zf @) =1, 888 £/ )+ 1+x——-—+l)f(x)—x—+1,
[(-14) o Cer  x+2

j(—1+%)dx ] - v
L] - d f——3 Iy
€ T+ Cle z+1)? (z+1)°

ﬁg’[gf(l‘):li m
3e” x+2

A =18 C=3,B (&)=~

dy _dy/dt _ dy

) ~a/a t @
(&2)/

d? d dx de _ dy

J’U\E?ﬂi«éd Y4y

Zf dr/de | de dz
L3 |y om0 B 3 =C,cos -+ Cusnt

e JE 7 2 0 4R R y‘=C1cose’ + C,sine” (C,,C, HIFEEED.

(@1 s —0a Z= 2 [ fode = [Tusodu =< roa = [ @,
_[:f(z)dt +£‘f(x —dt=x ﬂgjbﬁf(t)dt—l—xﬂf(t)d: —J:tf(t)dt=x BNk T8

f(x)+J:f(:)dz=1,Wiiz:ﬁsk%1% f (x)+ f(x)=0,1B f(z)=Ce™,
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37.

38.

39.

40.

41.

42.

lﬂj‘] f(O) =1’F)?DJ\ C:],'B[ f(x)=e_x.
(RIS 5 =p U y"=g—p,ﬁ/\7‘iﬁﬁd—p+2xpz —o.mBl—z'1c,,
T dx P

1
l+:cz’
B y0)=118C,=1,MLl y =arctanz + 1.

(B & 5 = 05" =p L ANFHBE yp L =p? R p(y £~ 1) =0

My (O=118C =1,FRy =

y =arctanx +C,,

”:’|p=OB¢,y=1j§ﬁ7iEB§fﬁ¥;¥ip¢OB¢,myd —p= o«g~—§p—o,m1%
p=Cre VT 2 Cry H y(0) =y (0) =18 C, =1, %F%——y—o,ﬁﬁé

Y =~Czerjm =C,e" HH y(0)=118C,=1,FTARHTEMIFEN y=¢".
[BY VAN P(x,y) ML E P SABMUMEIY —y=y'"(X—2),
S X=08Y=y—xy L5y BIHZANQUW,y —zy'),

iJ4—

MEEB 2 +xly" =488y = dx,ﬂﬁﬁ

ERSER Ay =+

4 2
=i(21n2|+ll+«/4—xz)+0,

B y(2)=0,8C=0,REMAERH y =i(2]n2—_——— “4_“'”2+«/4—x2 )

| = |
[RR) sfiisk L, o8 (y)—z BBy =x02z+C,)),
B h £ L,::t,réi(l,l),ﬁfu Ci=—1,8L,:y=2zx*—1zx.
WM Lo B ey =2, 18 y =22

BRI L, A1, F M C, = —1,% Lz:y=2—%.

B 227 — =2 — l 15%%&3%%3E,ﬁ%3(l,0) R,

ﬁ&ﬁ%‘!ﬁ%‘ﬂfﬁlﬁm‘iﬁﬂﬁﬁﬁﬁA—J 2— 2 —2z%+z)de =7 —In2,

dr dr/dt cost  dt’

dy
d(32) / d
d d 5 d 1 z L d?

dx /dt cos’t dt | cost

ZZ —4y =0 E@iﬁﬁﬁ y =C1e—21 +Cz€2’ ’

WIFE T BRERE y =C e ™™ 4 C, "™ (C,,C, NEBHHD.
[%’ lﬂyﬂ R =e'.'x V2 =2e" —3e* ﬁﬁﬁ 9Fﬁv)t ez: e’ ﬂl%ﬁﬁ&ﬁ'ﬁﬁﬁ‘]ﬁ‘ﬁ 9&£ﬁ
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43.

44

45.

46.

47.

MEFBAETEERIA, =— 1.4, =2.8BEFBEIA+DQA—-2)=0Ar*—2 —2=0,
RS FER Y —y — 2y =0.
[RYSMEHFBRA+20 —3=0,8FMERA, =14, =—3,0 y"+2y —3y =0 Kyl f#

Hy=C,e+C,e . CREFTBMIMBH y, =z (ax +0)e" MNRARTER a =l,b ==,

R FRBAERN y =Ce" +Coe™ + — (21 +z2)e"(C,,C, RIEERH

ABYBE BN Y — 2y = Jf#ﬁE)‘fﬁﬂg A2 —22 =0, 4 fER A, =0,4, =2,

W y" —2y" =0 WEMHA y=C, +C.e™ . BRI y' — 2y =™ WHHHI y, =Aze™ K
NBFBB A = ATRABIERR y =C, + (Co + 7 ) e

JC|+C2=17 3 1
Y 4 l2c2+%=1, T T

BRI y =~ + (1 + 5z ) &

[RYISEFBERI AL 42 H4 =0 4FMFMEHI A, =2, =—2, BB HFREEHST T
BUEMRRA y=(C, +C,x)e (C,,C, HEBERD.
1) Yo #A—20F . AR a FREMEME,FLLREFBAOSERR v () =Ae” [ RARTHE

F = = 2r 1 . ~
8A= o +2)2.mjlﬁﬁﬁﬂﬁaﬁﬁ!¢hy (C, +Cyx)e +(a+2)2e (C,,C, W&

HEHO
(2) Ya=—208,FRa=—20 "BE4SEM,LRETBIEEN v, (2) =Aze™,

RART#E®/ A =%,mﬂﬁﬁﬁ%iﬁﬂﬂ% y=(C, +Cpxi)c™ +%x2e*“ (C,,C, RIERE

HHO.

(RIS BRI A +1=0.5FEEI A, =—i, =i,
FE Yy +y=0R#EN y=C, cosx + C,sinzx.
MER Y +y=z"+3.5FHy =z +1;

STHE v+ y =cosx oﬁﬁ?ffﬂ%xsinx JEHBEASEMN 2+ 1+ %1 sinx ,

MEHFBEERN y=C,cosx + C,sinx +x*+1 +%xsinx(cl ,C, HIEEEED.

(84 x =¢ M zy =Dy.z*y" =D(D —1Dy,2*y”" =D(D—1XXD —2)y, Bl

’ dy 1 dy dy dy dzy dy
xy = E,xzy = D(D—l)y— _dt2 —I’I = D(D‘_l)(D Z)y dt3 2 +2—d—t—
d3 dzy dy 3 2
)Ejfﬁﬂfjﬂd _—dtz—d—+y——0 AFIMEFB I A —A° —2 +1=0,
dy dy .
RBREEAA, =—1.4, =2, =1, mumﬁ Y Iy =0 HERN

dei?  de
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C
y =Cle_‘ + (cz +C3t)el 9’Eﬁﬁﬂgiﬁmﬁy=_]+(Cz +C31HI)I (C1 vcz y‘]‘i%#ﬁ).

2
48 [fRY S = =¢', 1l xzy"_—_‘jity jﬁ’ '— ,Eﬁﬁﬂﬁy——sdy+2y—2e -1,
(;ty 3d—y+2y—0 RIEER y=C,e +C,e Aity 3—y+2y=2e‘ OEET )
yo(2) =até ,ﬁA——Sj—f-l-Zy =2¢,f%a=—2, ifﬁd—y (31f+2y=—1 ik g

dy 1

-I-Zy 2¢' —1 BB R y=C e +C,e" — 2t¢' —5

__41 ) _y
j‘] y = 2 9Bijj‘ﬁ dlz
BEABRNERN y=Cxz +Cz* — 2z lnxr — E(cl ,C, WEEERD.

49. KRV iR ¢ HATRAEH OB o0 B F=ma =2 [” O 77" gy

'U(O) =Ty
FBEB v(t) =vee”. B voe " =’§ B¢t =In3, A\FHE 3 : =In3 BB E] R ST 2 0 %
BHrS =J:n3voe_'dt =%vo.

50. (R AR L[ F(Od = JFOF@ 4 a =/ WA

f f©dt =az VFG PR SB f(2) =a /T +az ff‘J;)
Ellf'(x)—f-—j—f(x) —[f(.r)]% z=[f(x)]_%,mﬂ7ﬁ_g—x--i—z=—‘%,
; £
(x) =
R I (1+CVF) z)?

51. (YIS M BRI (x,y) WL MA.Y —y=y'(X —z).
AX=0,MY=y—zy , BA HELIEHO,y—zy).
BIMA|=IOA |, Bly—zy |=J/(x =0+ (y—y+zy)?

2
B 2yy" — ly2 =—z ,ﬁ%di — ly2 =—z,
x x

m‘Jy2=|:—xe dx+C] sk =z(—z+0),
B MREAL A (5> ) BT C =3, Bl AL 55— RIRB M AT Y

y=+3x — (0 << x <3).
52 . [RYBRFRIMER y=y(x) ,ZMBES P(x,y) WELFRRN

Y—y———(X—x)(y #*0),

[

Y= 08X=z+yy KED = BIELE PQ WHKERV 3y +3° = y(1+y')
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mEEE——2  — 1 m =14y

A+y'HD7 yA+y'D7

dp 2 ? dy

_=1 , B d =,

3 +p i%‘l 74P =7

Wﬁﬁl/l,\ﬁﬁy— C]\/l"‘pz 9&] y(l)— 1’_‘}”(1)— Oﬁcl oS I’Efu y'— :l:‘\/yz ’

AR5 ER by _ +dz , RN In(y +/y* —1)= £z +C,,

¥ =1
ByQ=18C,=F1,

Bl In(y + /32— 1) =2z F1,B y +/y* —1 =7,

Ay =p, My =p j—i,ﬁlﬂﬁ yp

1 -
Ny+y =1 =—-o—— ,Filly —/y? —1 =,
y—+y'—1
ex—l+el—:
WA mE y =——'2—- =ch(x —1).
BY R RERMERR A
dl/-—_ 2 —3 3 |Q_ Zé_’:
%= 2kwr?, V() = 37" U 5 =2nr dt,:jzﬁﬁ
dr o To
E=_k$7'=—kt+co;ﬂ3 r(0)=rosr(3)=’é‘v1§ Co=ro’k=?’$%

r=—%rhm%r=0ﬁt=&w6¢W§ﬁﬂué%mw.
e F ) —fa)=az—1DH

(—=Ddr —j(—l)d:

flz) = [aj(x — e dr +c] e —Ce* —az,
HO)=18C=1,8 f(z)=¢ —azx.
— v _ e’ — _ a_z
V(a)——er'of (x)dx—n( — —2a+ 3),

V' (a) =1r(—2+2?a)=015a =3,l£l%:lV"(a)=2?K>0,)?)?l«‘J.¥ia =3 B, e ik 9 1k
BB/, Flz) =¢ —3zx.
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1. [RYEATHIREIE L, £ () B 3 WM 2 WIAE= 4 F (x +2) 2z +3) B3z + 1), Bi%H
WIES, BT =* RN 23.

2.I8YHG@+D+2a—2)+3a—1)=0%a=1.

3.[#1% B ME—1T LRSS A BT - K, REH B BB _FHH5A 95755 m
W TE£EF B WRE—1T5A BT Em &, 0

0O A B O
B Ol=(—1>'"" o Al=(—1)""‘ab.
—1 0 2
4. () H(—A —24,,24,+34,,—34A,+24)=(A,,A,,A,)|—2 2 0)45
0 3 —3
-1 0 2
|—A, —2A,,24, +3A;, —3A;+2A, | =| A, A,,A, |+ |—2 2 0
0 3 —3
-1 0 2
=—20 2 —4|=12.
0 3 —3

5, [m] Eh 5A — 2B =(5a 9571 y572) - (2”927] ;272) =(5a —Zﬂ,3'}'] y372)’1‘5f
I 5A — 2B | =| 5a _Zﬂ’371,372 l=9 | 5a —Zﬂ,Y”’h l
=9(5|a,7,,Y, |—2 I Bs7..7, 1) =863.

Q EEE

A7 0
2B"

__1
A |

1

= (—1) | 2B" |= —?xz*xs=—48,

6. (ﬁ%l‘— (A_l ZBT)

% (D).
7.(RIBAANEGITHUREZIMNA,FTLLAFHEM4, X | E+A |=0,5LLA HISGEMH —1,
FR2E+A” M4FTEME N 18,3, | 2E +A? |=54,1%(B).
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8.XBY| o 1178 1 5 1|70 0 2 o™
1 1 1 3 1 11 3 0 0 0 2
a’ (a+2)? (a+4°? a® 4a+4 8a+16 a® a+1 a+2
9. [MID=|p" (Bb+2)? G+ =6 46+4 86+16(=32|6" b+1 b+2
¢t (c+2)Y (c+? ¢ 4c+4 8 +16 ¢ c+1 c+2
a’* a+1 1 a® a 1 1 a a° 1 1 1
=32|6% b4+1 1|=32|6% b 1|=—32|1 b bt |=—32la b ¢
¢ c+1 1 ¢ ¢ 1 1 ¢ ¢t a® b ¢?
= —32(c —a)(c—b)(b—a)d.
b+c c+ta a-tb b c—a a+b ¢ c+ta atb |

10. ERRYD = b+ o ta a,+b,|= | ¢ +ta, ay+b |+ o ¢, ta, a +b
b2+£‘2 Cz+a2 a2+bz bz C2+az a2+b2 C3 C2+az az+bz

b c¢+a a ¢ a a+b
=|b, cta, a|t+|a a a, +b&,
b, c;ta; a, c; a; a,+b,
b ¢ a c a b a b ¢
=lb, ¢ a|+ |0 a b|=2{a by ¢ .
b, ¢, a, c, a, b, a, b, ¢,
2 —5 1 2 2 =51 2
-3 7 -1 4 -1 2 0 6
11. (XD = 5 9 9 7 = 1 1 0 3 =1XA,;=M;
4 —6 1 2 2 =1 00
-1 2 6 —1 2 6
! =| 1 1 3(=]| 0 3 9|=—09.
2 -1 0 0 3 12
(Z)Mal+M33+M34=1XA31+0XA32+1XA33+(—1)XAa.,
2 =5 1 2 2 —5 —1 4
_ -3 7 -1 4 _ -3 7 2 1 C1XA, =M,
1 0 1 -1 1 0 0 O
4 —6 1 2 4 —6 —3 6
-5 —1 4 -5 —1 4 -5 —1 4
=| 7 2 1|=3|7 2 1|=3{—3 0 9
—6 —3 6 —2 —1 2 3 0o —2
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2a —1 0 a? —1 0
12 . [#1ID =2aA,, + (— DA, =2aM,, +M,; =2a{a® 2a —1|+|0 22 —1
0 a° 2a 0 a® 2a
=2a[2A, +(—DA,]+a? - i‘; —a1 =4a®M,, + 2aM,, +5a* =29a".
a 1 0 0 1 o
13.[#&)1ID =aA,, + 1A, =aM, —M,,=a |0 a 1]—10 a 1
x z¢ =z 1 z* Z£°

=a(aA; +A) — (D" (—1)=—1+4+a’M,, —aM,,

=-1+a2(ax3—12)—a(—x)=a313—a212+a:c—1.
Q HBE
2 1 1
I.Im)ﬂTa=3,A2=apT-aﬂT=3apT=3A,mlJA"=3""A=3"“(—2 —1 —1).
4 2 2

2. IMIBHA*=2A18A"=2""A, A" =2"%A ,FFIL A" — 24" =0O.

3. [BYXA+3E) " (A’—9E)=(A+3E) ' (A+3E)(A—3E)=A —3E =

-2 0 1
0 —1 0 )
0 0 -2

4. [IA* —B*=(A+B)(A—B)=A"+BA—AB — B’ IZESVELME AB =BA.

5. (%] (lA)—l =247 |=2° | A7 |=2
. 2 - - .

. _ U _ga-tzm (L a- _"_ ~1y-1 _|l }_l -1
6UMItA =414 =14 8|(1a") " [=l a1 =g iai=g
7.(BIEN A BWUBERE B |A° |=8,FfL A" |=|A|°=8,FL£|A |=2.

X AA" =|A | E=2E,Fill A" =2A7",#
-1
‘(%A) —3a" ‘=| 1A —6A7 |=| (— DA™ [=(—2)' | A~ |=16><%=8.

8. [R1H AB=0%#r(A)+rB) <3,
HHlr(B) =1, rA) < 2,
XERERE A BBITRREH LT r(A) > 2, FL£ r(4) =2,

1 3 3 1 3 3 1 3 3
—1 3 2 0 6 5 0 6 5
HA= - - Ber=1.
2 0 t 0 —6 t—6 0 0 t—1 4

1 9 47 0 6 t+4+4 0 0 ¢t—1
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12.(%&]A—2E=(120),
0 0 1
100100 100 1 00
ﬁ’ﬁ(A—ZEEE)=120010)—»(020—110)
001001 "oo01 0 001
1 00 1 0 0
1 1
*010—'2—?09
001 o0 o0 1
1 0 0
_ 1 1
Bl'J(A—ZE)‘=—7—2-0
o o0 1

I3.(BIMmA =lA|A7#
(A»)n =|A* I.(Ast)—l =|A |n—l '(]A |A—l)-1 =IA In—ZA,

_ 1 _ |A | AT A’
A* * | 1 — ] .
ﬁk[( ) ] lA |n—2 IA |n—1 |A In"l
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14. (ml’/i’\A=(a19a29a3),[ﬁy‘7 IA I=23FJ?[»~A.A=I A ,E=2E9

2 0 0
ﬁ'ﬁA'A=(A'a|,A'az,A'a3),ﬁ)fL‘1A“al=(O) Ala, =2 ,A'a3=(0),
0 0 2
1 1 1 1
:F%A’(l)-{-A“ 2|+A" |1 =2(1).
1 1 3 1

15.[f#) H AB=(E —-aaT)(E-Ir%daT):E + %aaT —aa” —2a0a” =E Haa™ £ 0,

15%—1-%:0,%45“—1.

16. [f1H1 A”'BA =6A +BA,78A'B=6E +B,FR2(A™' —E)B =6E,

2 0 07! 3
0 3 0) =( 2 )
0 0 6 1

17 . [#EYEAR | B |[=10 % 0,FLh r(AB) =r(A) =2.
18. [f#1 H25 AB = O,fld r(A) +r(B) < 3, XN B % O,FfLL »(B) = 1, ATi & r(A) <2,
BRABWITARRES B r(A) =2, FR r(A) =2.

B=6(A"—E)"'=6

1 0 0
19. [ﬁ’P1=(O 0 l)=E233®yg E;__,'I=E,‘j ,F}fu E,zj =E9TE
01 0

1 0 o, ,1 0 0 1 00
Pfoogpz—] =P|PZ—] — (0 0 1) (O 1 0) = (2 O 1) .
) 01 02 01 0 1 o

O EEE

20. [fE) H aa” =%,1§ AB=(E—a'a)(E+2a"a) =E, % C).

21. [(RIEFEA.BTH,0 |A|#0, |B|5#0,X |AB |=|A||B |l | AB |0, F£ AB
A3, % (B).

22.[RIHA+B)" =A"+B"= A+B,18 A+B HWFRERE; A +B)T= AT (BT
= AT +B B AT BT HATRERE AT = 2AT = kA, 78 A WXPEREERE, 2E(A).

11 1 1
2.mma=(; )Jrom-(_ ) 0B 4B =0,5(A) (B B B A =

() m=(t ) mman= )0 iaimomin i-omcm Fahs

AB=01r(A)+rB)<n,HN r(A) =n,Fll r(B)=0,FE B =0, FrLLiE(C).
24. [ﬂ] yg A %ﬁ%?ﬁ%%%ﬁ’fhﬁlg ,ﬂfuﬁﬁ*ﬂ%fﬁlﬁ P] 9 °" QP, 9Q1 9'"9Q, 9&1‘5
B = P,--P\AQ, Q. Tl P\ s+ \P,,Q, -+ ,Q, EFRFTHERE, BT (A) = r(B), % | A |= 0,
- 338 -



R E®HES

25.
26.

27.
28.

29.

30.

31.

Bl r(A) <n, r(B) <<n,Bl | B |= 0,3(C).

[(BYEN r, =r(B) =r(AC) < r(A) =1, FTLAIE(C).

[52] B8R AB 3 m WEME,r(A) <n,r(B) <n,iil r(AB) < min{r(4),r(B)} <<n <<m,
B LA#E(O).

[(RYEN r (A =1, r(A) =4 —1=3,3(C).

[£2)] B AB =0, 5Tl r(A) +r(B) < n, XEN B RIERIERE, BTLL r(B) = 1, AT
r(A) <n,FR|A|=0,#(D).

(814 B AR e B (O A)_l -(? B)

B O A7l O
1
0O —B™!
O 3A\7!
F}fu(w O) -1, (D).
EA_I (0}

()P, =E., P, =E (2), B A B4 2 SIRBREMBISE 35, FRKE 151 55% 25
X"j‘iﬁ.] 9F)fu B =AE23(2)EU =AP2P| !ﬁ(D).

0 0 1 1 0 0
(r1B®B=[0 1 o|lafo 1 —2|=PAP;",
1 0o 0o ‘0 o0 1

HH P =P, ,FF AR (D).

QO BRER

32.

33.

(GERB) #5 A2 =A,B* =B %(A+B)*=A+B=A"+B’+AB+BAf8AB+BA =0
— —BA.,AB— —BA Wii1Z25 A 18AB = —ABA ,Fi7 AB=—BA W15k A 5 ABA

=—BA,Jll| AB=BA, T AB =0.

[#I1WAX+A|E=A"+X &

(A—E)X=A"—|A|E=A" —AA" =(E—A)A",

E¥Y |E—A|=—3#0,FLE—AW#¥, TREX=—4",

HlA|=6BX=—64A"",

1 0 —1 1 0 0 1 0o —1 1 00
HAIEY=|0 4 2 010)»(0 4 2 0 1 0
i —1 0 0 0 1 0 —1 1 —1 01
1 o0 -1 1 0 1 0 —1 1 0 0
»(0—1 ) _101)901—1 1 o —1
4 1 4
0O 0 6 4 1 4 OOI_EFF
2 1 4
2 1 2
010?6 E;
4 1 4
01 —— — —
0 6 6 6
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yTFRX=—6A"'=|—2 —1 2

4 -1 —4

6

-2 —1 —-4)
—4 1 4

2 1 4
1&A“=l(2 1 —2

-1 -1
34. &) A |=4,(%A') BA™' =2AB +E=>(% | A IA“) BA™' =2AB 4+ E

—1/3 0 0 0

=ABA™' =2AB+E=>B =2BA +E=>B =(E —24)"' = 23 -1 o0 0 .
0 0 —1/3 2/3
0 0 0 -1
35.(##1H A" BA =2BA — 8E 8 AA" BA =2ABA — 8A,
Bl —2BA =2ABA —8A , %3818 (A + E)B =4AE, {1
2
B=4(A+E)"'= —4 )
2
2 2 3
36.[BIHAX =A+2X 8(A —2E)X =A,HPA—2E=|1 —1 o),
-1 2 1

HHX|A—2E|=—17#0,fk X=( —2E)'A,

2 2 3 4 2 3 1 -1 0 1 10
—>(2 23423)

EH(A—ZEEA)=(1 -1 0 1 1 0

-1 2 1 —1 2 3 -1 2 1 -1 2 3
1 -1 0110 1 =1 0110
—»(o 4 3203)—»(0 1 1033)
0 1 1 0 3 3 0 4 3 2 0 3
1 -1 0o 1 1 o0 1 00 3 —8 —6
—»(o 1 1 0 3 3)—»(0 1 0 2 —9 —6),
0 0 —1 2 —12 —9 0 0 -2 12 9
3 —8 —6-
BX=|2 -9 —6).
—2 12 9
a;
37.(&]4‘?\B=( ),C=(a,,),
ap—
0 0 = 0 a7
o ai'’ 0 = 0 0
mIJA=( (';),MfrﬁA"=(_l o)=(.) a.;' w0 0

0 0 = ajf o
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38.

[#2)(1) H A’ + 24 — 3E =0 B A(A + 2E) =3E, %A . (A+2E)=E,

ﬁﬁﬁﬁﬁ%%iﬁﬂHﬁm”=%A

(2) HA*+2A—3E —07B(A+4E)(A—2E)+5E=0,U(A+4E)™ =—%(A—2E).
39 [RIE* —A* =(E—A)(E+A+A*+++A""),XE* —A"=E,
FRLI(E—A) ' =E+A+A* 4+ +A"",
A 0(|B|A" (o) |A||BI|E 0
. 1 P = 3 o E.
40. (DIRIPQ %B) . IAwJ( o IAHME)MHM
(OGERYI BB 1P |=1A || B[, TS PAHEN, |A||B|#£0,TiP@g=|A[lB | E,
1 1
Bl————PQ =E, = — P,
AT Pe B TRCTMHEALT =g
4] . GEBYE N AA" =| A | E,XBEMA*=| A | E,ffllAA" =A",T A A, A=A".

42.

43.

[iERA) Hi A’ — 24 —8E = O B4E —A)QE +A) = O,iRIBEHEBRM RS r 4E —A4) +
FE +A) <n. X r(4E —A) +rQE+A) = r[(4E —A) + QE+A)]= r(6E) = n,FTLIH
r(dE—A)+rQE+A)= n.

[iERB) h AB =AC B8A(B—C) =0,

M r(A) +r(B—C) < n,

BE % r(A) =n,ff r(B—C)=0,B1 B—C=0,# B=C.

GEBYE W r(A) =r(ATA), i ATA =0, i) r(A) =0, TR A =0.
.[iEAY B r(A : AB) =r(4A),

B AB)=A(E:B) B r(A tAB) =r[A(E B ra),
#r(A ¢t AB) =r(A).

=, &

O HEHEH
1. RYBEFA,1,2,—3)T B AX =0 KIf#,

e, +a,+2e;, —3a, =0, a,=—a, —2a; +3a,.

1 2 0
2.[&’(“1+aa2+4a392a]+a2_a3’az+a3)=(a|9a29a3)(a 1 1),
4 —1 1
ﬁ% Q) ,8,;,0; é&'ﬁt%*vﬁﬁ @, +aa, +4a3a2a1 +a, —a;,a; +a; iﬁ%’ﬁ*ﬁ?@,ﬁﬁu

1 2 0 1 2 0
r(a 1 1)<3,ED a 1 1|=0,f#18a=5.
4 —1 1 4 —1 1
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J3+2a+2+3=0,

3.MBIEN a,p,vy ER,FTUSO+2+ 202 —8+27 =0, BB a=—4,6=—13.
3b+6+a’—3a—4+9=0,

4. (BB ST EEREN Q.M e, e,,e;) =(g,,8,,85)Q,

mUQ=(31’32983)—'(81,82,e3).

111 1 1 o

Eh(o 1 1 o 1 2)—»
0
5

001 —2 —4 1
-2

ﬁ%ﬂi&éﬁﬁ?ﬁﬁQ=( 2 1 )
—2 —4 1

Q EEFEE

S IRIEN a; a0, RETK Filla, 0, EHEX, XEN e, a0, ¢, BHEHL,FL o,
e, e, BRERR,HA).

6.[RIEN— (e, +a,)+(a,+a,)—(a, +a,)+ (a, +a,) =0,
ile +a,.a, +a;,a, +a,,a, +a, BIEHE,
BHh(a, —a)+ (@, —a)+(a,—a,) + (a, —a,) =0,
Fitle, —e,,a, —a;,a;, —a,,a, —a, BHEHEE,;
HX(a, +a,) —(a,+a,)+ (@, —a,) + (a, —a,) =0,
Pitle, +a. e, tas.a;—a, e, —a, RYUEAKX, 5580 R AL M T XA E Lk
Ba taa, te,a,+a,,a, —a, BHEEX, %),

7.LRICA) R BR a0, a, B RELELTURIE @, 0,0, BHETX,H a,,a,,
od, AUETRRERIEe, a,,.a, B BHETE;
BYARI AA @, a0, RETKARIEHE R —HIEREE L, £y, ook by, +
kzaz +...+kmam ¢o’ﬁﬁﬂ_éﬁmé%$%#ﬁkl 9k2 9'"sk.,. ﬁﬁ%klal +kza2+-~-+
kul, 70 NEERIE @, 0,, 0, BEHETEL,;

(C) Z;X;j-vmﬁgﬁ o,,0, y e, ﬁ%ﬁ%%xﬁﬁféﬁlﬁgﬁﬁt?ﬁ/ﬁﬁsﬂﬂ & = (;) X, =

() bk, mtmacn 730080 0.

8. [BIA) R, BHHB, ThEH e, ,a,,,a, SRR BER—Ekt a, a,,a,,
HEERR U @ .a,,a,, B, F—ERMEMHL,
(B) AXF, AN O 0,50, 18, Z:_ftzé%ﬁ*g*vﬁz Z:_%ﬂﬁﬂ Q)85 &, ’ﬂl é&
WRR T a e, 0,8, B, F—ERHAE,
(O A3, EHAB: AT H @, e, e, RERE, TP THa,.a,,a, BHEER, U
B +B. AFH @) 5@y, e, RERT, FR a ,a,, 0,8, + B, BHEFTL, %D).

9. [RIBN e ,a,, e, ZUEEX . FUANEAa, a,,a, W m ,FIREB, B,
B, ZHERXNAESBELKMREE N m, % D).
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10.

11.

12.

13.

14.

[RIENP, Tha, e, a, BERT.B, FiHa, @, 0; KRR, FTLLLE, +5. — %
AAUBERE e, a,.0;, ZEERER,FU a,,a,.a,,k8, + B, KETX,EA).

(Bl a0, a, RETKE.B BB, RHERK, M r(A) =n.r(B)=n,
FErAB) =n. BH Y., 7207, B, BT r(AB) =r (7,7, seees Y, ) < me
B, @y, 5B By B, ELE MR, ED).

[(RY EAERAEp, B, B ThHARAa, a,, e, RERR,FHURNEHa, a;,
wea, SHBRB, a0, 8B, B, HH L ETELED).

(Rl1EMEH a 0,0, ATk, M A E— M RBAT A EBEERR, KL,
Ea, ,ay e, TME—BREATHEKABEZERT . Ma, a;, e, —ELRHELR,H
HET @ 0,0, SRR, M EOE A ET A EREERT,HEO.
[RIER | A =0, r(A) <n,\TiTA Bn AP BAERX, FTRRASIMEFED
AH—A R hEREREERR,®EO.

Q BEE

15.

16.

[iERRY ik —
Sk (a,+a, +a)+k(a,+2a,+3a,) +k;(a, +4a, +9a;) =0, H
(ky+ky+ ke, + (k) + 2k, +4k)a, + (b, + 3k, +9k)a;, =0,
Jkl +k;, +k; =0
BH e, a,,a;, BEETX,FLUHL, + 2k, + 4k, =0
b, + 3k, +9%; =0

1 1 1
mD=|1 2 4|= H (i—j)=2%0,ARMMENEG £, =k, =k, =0,
1 3 9 1< <i<3
F)?LJa,+a2+a3,a.+2a2+3a3.a,+4a2+9a3é’%ﬁ%3&.
HE=

S A=(a,,a,.a;),B=(a,+a,+ea;,a, +2a,+3a;,a, +ia;, + %),
1 1 1 1 1 1

BIIJB=A(1 2 4).121%3(1 2 4
1 3 9 1 3 9

Mo +a,+a.a, +2a,+3a;,.a, +4a, +9a; ZELX.

GERRY 4 b, (B—a,) + = +k, (B—a,)=0,H

B(o,tas++a,)++k, (@ +a,++a,)=08K

Chy 4 ls 4 e+ k)@, + by ly oo+ )@, + e+ Gy koo F )@, =0,

Byt ks otk =0,

Jk.+k3+"-+km=0,

Al BFLL r(B) =r(A) =3,

EHRea a, M JT Ik, BT

lkl +ky A+ e + k.0 =0,
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17.

18.

19.

20.

21.

22.

23.

24.

0 1 =« 1
1 0 eee 1 o

5l L |=EDT o — 1) # 0,8 gy = =k, =0,
1 1 = 0

ﬁ,‘lﬁ—a“'"gﬂ—am %ﬁi‘.*.
lﬁﬂﬂliﬁﬁxl ’-.2729"'!x"1ﬁx|(a1 +az)+xz(a2 +a3) +---+x,,(a,, +a]) =0;E"
(x,+za, +(x,+z)a,+ -+ (x,, +zx,)a,=0,

Jxl +x, =0,
1+ =0,
BHea e, .a, RELKX, FFUE * iz
.z,,_,+x”=09
BHFBARBITIR D, =1+ (— D" ,n BEHK SD, #00z, = =2,=0

S, +a,.a, +a;,.a, +a, BHFTEL.
[ERA] 5 Ae, =a, 8(A —E)a, =0;
B Ae, =a, +a, (A —Eda, =«a,;H Aa, =a, +a, 18(A —E)a,=a,,
4 ka,+ka,+ka, =0, ¢))
(1) IAZER A —E B

ka, +k,a,=0, (2)
() WALFA—E Bha, =0, BN a, 70,5k, =0,RA2).(1) B &, =0,k, =0,
Hea a0, BHELKX,
CERY & a, . a, A—NEBH,Ha,, 0, (- <n) BHHENEERLHTHE
Bhyoosk, il ke, ++bha, =0, FREa, ++Ea, +0a,, + - +0a, =0,
B kyseeesk, 0,00 RENE M ), a, BHEAHL.
GERY € kB +khia + b, =0, @\, a,, SEBEEP IERRR (B kop +
ki, + oo tk,@,) =08k (B.B)=0,EN B HERMEE, UGB =|p|*>0,F
Rbho=0,8 ko, + otk e, =0,Ha,,a, BETLE -, =k, =0, TR
@, B RMET K.
GERY S kia,++ka,=0,Ha,,,a, PRERX K (e, k@, ++k,a,)=0,8
ki(ay,e) =0,Mi(a, a,)=|a,|*>0,FR Lk =0, RBEAIE b, =+ =k, =0,

oy e, AR 400 =( ) o= () B a0, AtEER B, 0, FER.

[ERAY B 5% rB) < minfmn) = n,H{ AB= E 18 r(AB) = n,1i r (AB) < r(B),Filh r (B) =n,
Mili 7(B) =n,FR B K5I & HEMT L.
CERIENEEH a0, ,a,.8,.,, .8, BETXL, FURBAH a,,a,,,a,
SHEX, XEBHa, a,,.a,,7 BHEHEL, FUREy TH MEfa,,a,,,a, &
HRR ATy ATHERH e, a,, 0,8, .8, B, BIEER.
(BIABH e, 0,0, RHMENKESLELUEL | o, a, a3 |=0,
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25.

26.

27.

1 2 t—1
Mla ame;l=t+2 —1 1 |[=G¢+DC+5,fbhr=—1RK:=-5,
3 1 —1
HpEEmAmBRETE, BT =—5.
al
T
CEMY it~ SA= | | Eaa e, 56 EXFLLAB= 0,80 p HHES
al
AX =0 E(Jﬁgvﬁﬁ [ SRY: PERAAET % ﬁ%ﬁ%?’i,ﬁﬁl«‘)\ r(A) = nmeﬁﬁzﬂAx= 02%2%7&‘
p=o.
BHEZ

(BRI R B £ 0,4 ka, +kh,@, + +ka, +Ep=0, ERFALE P &
klpTal +kszaz + e +knﬁTau +kopTﬂ =0
B @)@y, 5B ER L kSB= 0Bk, | B = 0. Ti ko = 0, TR k1@, +k,@, ++
tha, = 0,H &, ;00 o0, BETR B b =k, = =k, = 0,illa,,a,,a, B &L
3%, 15 (B 4 R AT [ i A0 4E 5 15 B 24— 2 AR BT EA B = 0.
1 1
(RIERmEy EEP, BB Tmﬁéﬁﬂy(l) LA Y =B, .8, ,ﬂs)(l) JRME Y 7
1 1

1
Ea.,az,as TE‘J%*’T‘%(I]9I2’I3) 9&“%‘7:(“1»4129“3)(1'2) y

X3
T, 1 Z 1
FR(a, ,az,a3)(:cz)=(ﬂ. ,ﬂz,ﬂs)(l) ,ﬁi(xz)=(a1 v, ,a)” (B, ,ﬁz,ﬂs)(l).
T 1 - 1

1111 2 3 1 00 —1 —1 —1
H(a,,a; a; Eﬁl,ﬂz,ﬁ3)=(0 11 2 3 4)—> (0 10 1 -1 1 ),
0 0 1 1 4 3 0 01 1 4 3

-1 -1 -1
ﬁ(alyaz 9“3)—l(p1’pz9ﬁ3) =( 1 —1 1 ) *
1 4 3

z -1 —1 —L /1 -3
:]:E(Iz)=( 1 -1 1 )(1)=( 1 )
Zs 1 4 371 8

[(BIEKNE=(a,,a;,a;)X . E=(B,,:B. ’ps)Y9EEyl=11—12_13’y2=_5€1+12 Y3 =
1 -1 -1

I|+2.'l'3 1§Y=(—1 1 0 X’m(a|9azya3)x=(ﬂ]’ﬁzyﬁ;g)Y’?‘Ef
1 0 2
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1 -1 =1
(a],agsas)x=(pl9ﬁ29p3)y=(ﬁ19ﬂ29ﬂ3)(_l 1 0
1 0 2

X,

1 -1 —1
a:%(alva29'a3)=(p|9ﬂ29ﬂ3)(_] 1 0 )?
1 0 2

&Mgpnﬂz yﬂs iﬂ%anaz '3 Hgﬁﬁﬁ%yg —1 1 0

——
— —
o I

—
. |
—
~——
.

etk 7 R Al

QO HEE
1. [BIBEHNAX =0 HIEZM, LU | A |=0,
1 2 3
M|AI=]|0 4 al=—(a+4)(a—6) Ha <0,fflla=—4.
1 a 9

ABIEN A WBEITTERZHMAE,FLUA|

HHRr(A) =2,k r(A”) =1.
BAA'A=|A |E=0,.Fl A WHREHEANA X =0 H1#,

1
A X=0 B@iﬁﬁl&j@x=c,(o
1

(C,,C, REE¥H0.

2

+C2( 4
— 4
1 1
=0,XHR r(A)=n—1,F)I"l«l(f
1

|
1

1
HAX =0 WEMBE R, NTER R £ ( :
1

K 2 HIEBEERO.

BIER | A 1= 0.5 r(A) <n,XEH Ay # 0. r(A" ) = 1, i r(A) = n—1,AX = 0

REMBRSAHE T RUETLNMAE, XAA" =|A |E=0,iA" BFHENFTEE
AX=0 H‘erﬁlﬁyﬂ[ AX =0 mﬁm% C(A“ yAkz 1"',Ak; 9 ,Ak,,)'r(c %{i%ﬁﬁ).

ARBIBRE g, +HEn,+ - +bq, IFBHAX =b BRI TS LBEEZERAG Y, +E,7,

tee k) =b, AN A, =An, = =Aq, =b,FLhCk, + k, 4+ + kDb =b,E T
b#O0, Bk +E,++Ek =1, Bl k,n, +k,m, + - kg, WHEBEAX =b BN Z
GERERE + byt +k, =1,

1 2 =2
(RIS A=[3 —1 & ),lﬂﬂw S EE N T RANBEB # 0, AB=0 HF B
3 1 —1
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HALEER, K| A |=0,BBr=1.HIAB=0,FLlr(A)+rB)K3Hr(A)=21,F
Br(B)<2<3,# | B |[=0.
6. [R)Y HH r(A)=3,FT AN HFBHAX =b BRI+, HFP E=a;,—a,=(a,t+a;)
-3 —1
5 1 2 .
— (o, +a,) = L b E(a2+a3)= ) TTFRABHNERHN
—10 —4

x=k| ° ||| nEmEgo.
—10) [—4
7. (SR B HBRETM, U r(A) <rA) <3, FR ) <3,80 |4 |=0.
HlA|=3+22a—a’=0,Ba=—1%a=3.
12 1 1 1 2 11
2 3 5 3)—»(0—131

1 3 =2 0 0 0 00

W, =30, HRA = o (A) =r(A) =2 < 3, BT LB

FRUEARFE LA

1 2 1 1 1 2 1 1

§a=—1ﬂq‘,2=(2 3 1 3)—»(0 -1 —1 1),@j’ar(A)¢r(K),ﬁu¢t
1 —1 —2 0

A BALE, TRa=—1

1 1 0 0 —a, 1 1 0 0 —a,
01 1 0 a4, 0 1 1 0 a,
8.[HRIA= -
0 01 1 —a, 0o 0 1 1 —a,
1 0 0 1 a, 0 —1 0 1 a,+a,
1 1 0 0 —a, 1 1 0 0 —a,
01 1 0 /%) 0 1 1 0 (‘%]
00 1 1 —a, 0011 —a, '
0 01 1 a,+a;,+a, 0 0 0 0 a,+a,+a;+a,
@ﬁﬁﬁﬁiﬂﬁﬁgaﬁur(A)=r(X),?‘Ea1+az+a3+a4=0.
O EER
11+I2=09 JI]"‘.TZ:].’
9.(mlj‘iﬂzﬁ 11_I2=Oy Eﬁ§ﬁ9ﬁﬁ 1'1_.1'2:29 %ﬁ#qﬁ&(A) 7FX‘J';
2z, +2x,=0 2x, +2x,=3
+x,=0, X +I =1,
yaal T ﬁfﬂii@ﬁﬂ,ﬁﬁ{ R S R R T
2x, +2x,=0 22, +2x, =3

. 347 -



EWMEEENT R 1800(H ¥ —)/BEH

x|+x2=1, JI]+1‘2=O,
ﬁﬁgﬂ Xy —x,=2, %ﬂ”{ﬁ x, —x,=0, RE%M9&(C) Z;Xij‘i
2x|+212=3 2x1+21‘2=0

HEAX=bHELFTENME, M r(A)=rA) <n, AT r(A) <n,HHBHAX =0—FH I
Zfg, (D).
10. [EYIERE r(A) =m (B) A BIFHBER U r(A) =m, FR r(A) =r (), PHBH
AX =b —ZEH %, %D,
11 [BIERFAX =0 HERBRRA ST —-MRETXNBHE,
Bk r(A) =3, FR& r(A")=1.
BHANAA=|A|E=0,fflla,.a,a,.a, HA'X =0 —4H&E,
XBEHN—a,+3a; =0l a,.a, REHE  A\Tia, ¢, a0, BETE BHHA X=088
— 2B R, M.
12 [BIMREFREEFTBABROEH, UARRARAIFBAAX =0 NAREHE, A5%
HEMA R RF (O HEHT R, B Lk (C).
1I3.[R1%ED) . BHa,.a, +a, 3T BHAX =0 WH M EELLE, DRENBRE, T

BB 0 AX =b 09— BT R M BB, 15 (D),

O BEE
1 1 1 4 -3 1 11 4 -3 10 2 1 —2
2 1 3 5 =5 0 —1 1 —3 1 01 —1 3 —1
MIEA=1 s 2 1|7 —z22-6 27 loo o ¢ ol
3 1 5 6 =7 0 —2 2 —6 2 00 0 0 o0
Fit—
R B4 1 TR x,+2x;+x, — 2x; =0,§2% X, =—2x3—x,+2x5,
Xy —x3+3x, —x5=0, T,=x3;—3x,+xs,
HUR TR M E R R
x, —2x;—x,+ 2x; —2 —1 2
o x3 —3x, +x, 1 —3 1
X=|x,|= X3 =x;| 1 |+x,| 0 |+x;]|0
X, Xy 0 1 0
s x5 0 0 1
(H¥z,,2,,2, HIEEFH.
HEZ
—2 -1 2
1 —3 1
FEhBANEMBRANE =| 1 |,E,=| 0 |,E,=]0],
0 1 0
0 0 1




B E#HE

—2 —1 2
1 -3 1
BOBBHN X =k, | 1 |4k, | O |+k; |0| (P E, by oky HIEBRFEO.
0 1 0
0 0 1
a a+3 1 —2 1 a 1 a
1I5.1IA=(1 « 1 a)—>(a—1 3 0 —Z—a).

1 1 a a° 0 a—1 1—a a(l—a)

111 1 1 01 2

%a=1,DIIJK—>(o 30 —3)»(0 1 0 —1)%%1&;‘:‘&@&9%%%
0 00 O 000 O
X=k(—1,0,DT+(2,—1,0" Gk HEEEL;

1 a 1 a 1 a+1l 0 0
%a#l,ﬂuz* a—1 3 O —Z—a)*(a—l 2 1 —2)
0 1 —1 —a 0 1 —1 —a
1 a+1 0 0 1 a+1 0 0
—>(O 1 —1 —a)—> 0 1 —1 —a )

0 3—a’ 1 —2 0 0 4—a® —2+4+3a—a°

g a=2 B:j' J‘J‘ﬁiﬂ%ﬁ;

1 —1 0 0 1 0 —1 2
§a=—za¢,Z—-(o 1 -1 z)—»(o 1 —1 2),1&,&3‘)?27:‘&@9955%%
0 0 0 0 0 0 0 0
X =£@1,1,D7+(2,2,00"(k AEEEED.
a, 2 a; a,
16.mlA=(4 b, 3 b.,),lilfilAﬁmﬁxﬁﬁthﬂ,ﬁ)fur(za)22,157‘5&@@'}‘%’
3 ¢, 5 ¢4

SAGHETCEM, U 4—rA) +12 3,80 r(4) < 2,0 r(4) = 2, TRIEFBRAKERN

1 3 1
2 6| |—1
B =) A =) =k | k| ||| ok HERHED.
2 9 2
1 03 1 2) (103 1 2] (103 1 2
13 0 —2 1| |0 33 —-13 |o33 —13
I7AMILA=\ 0 v 5 s|Tlo11 0 1| Jo11 o 1
4 2 14 o 10 looo —40 looo 1 0
1 03 1 2 (1030 2
011 o 1/ o1 1 01
Tlooo —10 Jooo 1o
000 1 o looooo
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18.

19.

20.

21.

22

>a, 0,0, A—PMRRKEELRA . He, =3, +a,, a;,=2a,+a,.
(%) 75&—
AX = 0(:)1,41, +l'zaz +1’3a3= 0953 a;, = 3a, +2a, ﬂ?%(x, +3I3)a| +(Ig +2.1'3)az =0,

-3
B« e, %'&%%,lﬂﬁt{ll+3x3_o’=>AX=0 m~¢gmmgwe=(—z).
I 2 +213 =0 1
FEZ
Eh r(A) =2 ET%]AX ={) %Eﬁﬂi%%@ﬁ—‘ﬁ\ﬁﬁ%%m%rﬂﬂvﬁﬁ 3“1 +2a2 — =0,
3
!il;tt.’;:( 2 | HAX=0— P HRURE. _

—1
(BRI ER r(A) =1, UFEHAAX =0 HEMBREE SR T XE0M i,
w1, —2,1,2)7,(1,0,5,2)7,(—1,2,0,1)7,(2, —4,3,a + 1)T 4L, B

1 1 —1 2

-2 0 2 —4

1 5 0 3

2 2 1 a++1
(>HEH1,—-2,1,2)7,(1,0,5,2)7,(—1,2,0, DT BT X, FFUFBREAX = 013l
A X =k (1, —2,1,2)" +£,(1,0,5,2)" + £, (—1,2,0,1)7(k, .k, 1k, RAEEH 0.
(BIED @ a0, REXX, X a,,a, THa,,a; 0, BERR, L r(A) =3, F KL
HHBE AX =0 WERMB R A WAL T K00 &t
Mea,=3a —a;,—a;.a,=2a, +a,+6a; BHEREAX =0 HFMEY

§=@G3,—1,—1,0,— D7, &,=(2,0,1,—1,6)7,

HAX =0 MBEMH L G, —1,—1,0, — DT +£,(2,0,1, —1,6)T(k, . b, IIEEZELD.
CRRYE R r(A) =3, AT BAAX =b WBEMIERNILE+q, HPE HAX =0 H— 41t
Bl R g AHBREAAX =b WHFR , R J7 52 4 A 00 45 H B9 1 R,

1 1

4 1 —3
E=(a,+a;))—(a,+a,)=a,—a, = 5|’ n=7(al+a2)= Nk

6 —1

1 1

groorma ax =b tmmne| "+ |7 G nEmngo.

6 -1
(R 5 iE—
1 0 o0
1 1 0
1 1 ,

B=(a| +azsa2 +a39"'9a,, +a])=(a]9a29 ""a,,) 0

0 0 0 - 1
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23.

24.

25.

0 0 0 o« 1

4 n HEFEE, | B |# 0,584 BX = 0 RATHE;

Y HEHEA, | B |= 0,584 BX = 0 FIETH.

HEZ

BX =0z, (a, +a,) +z,(a,+a) + - +x,(a, +a,)=0
ez, +ze +H(x, Fx)e, + o+ (x,o +2,)a,=0,

HHhea, a, - a, RELX,

1 o
I]+x"=0
+2,=0 bl
x:
FRT T p=lo 1 1 - ol=1+(=D",
et T2 0 0 0 - 1

o0 REAYA, | B A0, FERABX =0 REZMHE;
%o hEEEt, | B |=0, B4 BX =0 HESTH.

[ﬁ]é\ x,a|+x2a2 +I3a3 +I4a4=p (*)
1 1 1 1 1 11 1 1 1
— ) 01 —1 2 1 01 —1 2 1
A=(a,,0,,8;,a, : )= —
2 3 a+2 4 b+3 0 0 a+1 0 b
3 5 1 a—+8 ) 0 0 0 a+1 0

(D) YBa=—1,6#00, BN r(A)=2%r(A) =3, FFi A FBHAx) Tk, B p RERS
Ha, e, a; a, HLEHE;
(2) Ya#— 10, THE—RRNa,,a,,a;,a, BERELAE.
(OGEBRYER r(A)=n—1,X b=a,+a,++a, Bl r(4)=n—1,
Bl r(A)=r(A) =n—1<n,FUNBEAX =b ALF L%,
OIMIE N e, +2a, ++@—Da,, = 0,ffilhla, +2a,++®m—Da,, +0&, = 0,
EIFFRBHFBE AX =0 HRMMER £ =,2,,n— 1,007,
XENb=a,+a,+ - +a, FUFBHAX =b HfFEq=(,1,-,D7,
HFRE AX =b HHEBEN

RE + =k(1,2,,n — 1,007 +(1,1,, DTk HEEFED.

1 0 1—2¢ 2— 2t
[BJA — |0 1 t t ,

0 0 —(1—)® —1—1¢)
BEHRrA) =2, e=1, FBANEARN

«
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1 —
X=k| +kz 0 (k1’k2 j‘j4£:§:ﬁ&).

1 1 -1
26.[BID=|2 a+2 —b—2|=ala—0b).
0 —3a a-+2b

() % a 50,0 b B FREHE—HE—WH =, =1— Lz, = Lo o,

a
1 1 —1 1 1 1 -1 1
2 2 —b—2 3)—»(0 0 b —1),
0 0 2b —3 0 0 0 —1
Bk r(A) # r (), T A FRE TR ;

(2) % ¢ =0H8f,A =

1 1 -1 1 10 0 1—a
(3)§a=b:}é0H‘raX=(2 a+2 —a—2 3)_’(0 1 —1 a_l )v
0 —3a 3a -3 0 0 0 0

0

l)+ a™! )(k AEEFED.

1 0

27. (@YD =| A" |=(a, —a,)(a, —a;)(a, —a3)(a, —a,)a;—a,)(a, —a,),
#Fa;#Fa;GF)),MD#0, FBRAEW—H,.X D, =D,=D,=0,D,=D,FFUHFBA
M —f# R X = (0,0,0,1)7.
(2) ¥a,=a;=a #0,a; =a, =—a i,

1—a™!

TRABRF EZ/E BRI X =4

1 a a* a° a’ 1 0 a° 0 0
@Tip=|l 7O @ Te ma 01 0 at et

1 a & 4t a’ 0 0 0 0 0

1 —a a® —a* —a° 00 0 0 O

HRUEERENR X = b, (—a®,0,1,007 +£,(0, —a®,0,1)T + (0,a?,0,0)T (&, ,k, JHEZEED.
28 . [iEfAda, @, &, RIETK,FHHAB # 0,FFUB.p+a,,.p+a, BHTE,
HMHRE BY =0 RAE TR
29 (1B AX =B H#&, il r(A)=r(A : B),
1 -1 2 2 b+2 1 -1 2 2 b+2
Ha(AEB)=(1 0 —1 a —3)—»(0 1 —3 a—2 —s—b)is
3 —2 3 5 -—1 0 0 0 1—a —26—2

/:}\X=(X,,X2),B=(b1,bz)y
1 -1 2 2 1, 40 —1 1 -3
0 1 -3 —1 —4)—>(0 1 -3 —1 —4),

0 0 0 0 0

(A:iB)—~




tR E®S

AX, =b, WBRN X, =k,

1 1
o)+ (-
1 0

1 —3 kz"‘s
AX, =b, HEBN X, =k2(3)+ (— 4)= (3k2 —4) s
1 0

kR, +1 k,—3
3kl_l 3kz_4) (kl’kz jg'ffﬁﬁ'&)
ky k,

®X=

K B A A AR PRy AiE p) B

O H=E

1.081] A r=—%,A' WRFIEE Y, — —, —%,zm' +3E MASIEME R 5,12, F R

| 4A" + 3E |=10.

01 2,1 1 5=2,
2.(%&)$Aa=m1§(1 0 a)(1)=l(1),ﬂﬂ{2a+l=/1,

2 a b’ %2 2 24+a+26=21,
BB A=5,a=2,b=3.
A 2 —a
-1 A—3 -5
0 0 A—2
HR A ATt AL, BTl r (2E —A) =1,

3.[@1d |AE—A |= =AU —1DQA—-2Y=01821,=1,A,=,=2,

2 2 —a 11 5
EBZE—A=(—1 -1 —5)—»(0 0 —a—10)1§-a=—1o.
0 0 0 0 0 0
4. [ B 2 323 FREE RE A [B) 4R 1E (B 3 B A4S TE M B IE3S, BT LUK 6+ 3a + 3 —6a =0,a =3.

tr(A) =tr(B) 3+x=5+y
. A~Bs D 9E {
5. (B EY g (T on 1o s,

6. [R2Y B 32 % FR 5 B A R4 AE B X B AR IE M B IES, € 2, =24, =5 MR MFERE N

vﬂﬁ%x =3,y=1.

T, T 0 1
(12) 9E3 a?(12)=01§/12 =A1; =5 Xﬁﬁﬂ@ﬁ%ﬁ%%%ﬁﬁﬁﬁ% a, =(1) ' &3 =(0)
0 1
7.[BYIHEAN A =34, AX =AX , AR A’ X =2 X, FFUBEQU* —30)X =0, X # 0, A
BIRFIEE N 0 B 3, A, +2, +A, =tr(A) = (a,B), FFBh A, =3,1, =4, =0.

O ®HFE

8. [fR1%E A~ B, NFETFLIER P,#18 P'AP =B,
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T P (AE —A)P =AE —P'AP =AE — B, | \E —A ~ AE —B;
RZ.,#%AE—A ~AE — B, MF &N %K P, 1% P”'(AE —A)P =AE — B,
A8 AE — P 'AP =AE — BBl P"'AP =B .l A ~ B, (D).
9 [BYFEANA T, T #0,2AX =AX, M A"AX =2A"X, ATH A'X =

": lx 3% (B).

10.UBYHA, =—1,A,=0,A; =178 | A |=0,1 »r(A) << 3,Hl A Ru[a#,(A) IEH;
XA, +A,+4, =tr(A) =0, B LA(B) IEH;
Bk A WMEAEE AR AE, BT A MIETHEEN NS EREA BBRASE, B r(4)
=2, Wi AX =0 B RNEA - ML XMFEEE, (D) BIEBR;
(C) Rt , By RA 523 FR5E B B9 R R4S N M E R B ER, —REEASA—ER I
PR, BT A (O).

11.UBYE N AX =0 B EBM U r(A) <n, 80 HIEMKE A NIFEHE ¢, a, FIFEEOFT
Xt 7 B9 2R M T 6 AR TE r 1t B ARSI 0 A —ESFMEE. & ) o, HRTHEME A, B
HEEm AL, A Ala, +a;) =2,(a, +a;), FEE
Ala, +a,)=0a, —2a,=—2a,,.8 —2a; =2A,(a, +a;) H i,a, + A, +2)a, =0,
HHa, a, BETXL, FUEA=0,,+2=0,FF & e, +a; FRFEME, FEIE
30, —a, Ra, +20,+30, WRBE SR, BA 20, —3a, NFHEME 03B M IFHER &,
(D).

12. URY RIEL X FRERE R, B4R (B (O (D) BREHM, BENHREES—ERIE
EERE LA R—E SRAERER,EA).

13.(BYEHA S AEHUNEILEZFGRRE MRETROFERR,A Hn I HEE
fFE QR E A AL AT IR LB 40, AR A B XFREE 02 H W X A i 5T 2
JEL TS, A AT R H T AL R FE A S, AR AT 3 A AL L R 8 (O,

14. URYE KN a,p HEFME, T A=af" 0,0 r(A) =1,

XEHK rA)=rap™) < ra)=1,FFLhkr(A) =1.
& AX =AX, A’ X =aB” - af"X=0=A°X 821 =0,
HH r(0E —A) =r(A) =1,Fk A LT X RFE R B 3, RO,

15. (R B AW LT A a94E AR R L X PR BN A B EEFTULA™ BT KA ,B" #E
EEWEE X #0,X"(CTAC)X =(CX)TA(CX) > 0(H K C 7%, BT % X # 0 8Y,
CX#0), FRCTACHEEEME  ARAENENIEAT +B™ 54" +B" HMREERE
[, 3% (D).

QO BER
A+1 0 =2

I6. [BYDHI|AE—A|=|—a A—1 —1|=Q+4+2)QA —1D'=054%MKA HIFIEEN
-1 0 A

Ill =_27Az =/13 =1,
BN ABEARETXMRERE, BT A T AR AL, AT r(E—A) =1,
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17.

2 0 —2 1 0 —1
EHE—A=(—a 0 —1|—1{0 O —a—l)?§a=—1.
—1 0 1 0 0 0

Y ¥HA=—2RAQE—A)X=0,QE+A)X =0,
1 0 2 1 0 2 1 0 2
-1 3 1)—- 0 3 3)—»(0 1 1)1%

1 0 2 0 0 0 0 0 0

H2E+A=

-2
A=—2RHEETLNFTHEN a, =(— 1) ;

' 1
BA=11AQE—A)X=0,B0(E—A)X =0,
2 0 —2 1 0 —1
1 0 —1)—»(0 0 0

-1 0 1 0 0 0

ME—A= &

0 1
A=1MEHEETKHNFERNRN e, = (1) 'y = (0).

0 1
-2 0 1 —2 0 0
MH4&4P=|—1 1 o], MP'AP=| 0 1 o).
1 o1 0 0 1
2 0 1)1 1 A =3,
(ﬁ-l(l)EEAa=Aaﬁ§(0 2 a)(1)=x(1),ﬂll{a+z=a,ﬁ@ﬁ%a=1,b=1,,\=3.
11 %1 1 2+b=2,
A—2 0 -1
HIAE—A|=| 0 A—2 —1|=A2Q—-2YA—3)=07%H2,=0,1,=2,A,=3.
-1 -1 a-1

—1
A =0RAQE—-AX =082, =0 MNNARMEXRFEENRY a, = —1) ;

-1
¥A, =2RRAQE-—A)X=08,=2XNHEHEXHTNEN a, = );

1
0
1
BA,=3RAQE-AX=07 A, =3 RNHLEXLEERNEN a, = 1) 3

(2) AN A MISAEMEARZ A 1E, BT LA A AT AR {BU%T 4 4k,

-1 —1 1 0 0 0
APp=|—1 1 1|,Wp'aAP=|0 2 o).
2 0 1 0 0 3
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18.

19.

20.

21.

A—2 0 0
-1 a2—-1 -1
—1 1 A—3
BHr(2E—A) =1, A =2 AERANRETXMFERE, & A RN A1k,
[RYIMA, =2, =2 KA, +A,+4; =tr(A) =108 1, =6.
EREMAB=NRETXKOEER R, L r2E—A) =1,

[B1d | AE —A |= =1 —2Y=0%H1=2(ZH),

1 1 —1 1 1 -1

H2E—A=|—a —2 —b)—>(0 a—2 —a—b|Ba=2,6=—2.
3 3 -3 0 0 0

A, =2, =2RAQE —A)X =0,
1 1 —1

EE|2E—A—>(O 0 0 |1Ba,=21,=2XNMARETRHIFER A

0 0 0

—1 1
a]=(1)1a2=(0);
0 1

A; =6 fLAQUE —A)X =0,

1
5 1 -1, 1 -1-1, |'° 7%
ElaeE—A=(—z 2 z)—»(s 1 —1)—»0] 2 | 1BA, =6 RIAMRHT X
3 3 1 3 3 1 3
00 0
1
B@%ﬁr‘mﬁﬂw;(—z).
3
-1 1 1 2 00
/—;>P=(1 0 —2|,MPpw#,BHP'AP=(0 2 0.
o 1 3 0 0 6

GERRY i AX =X, 0 XTAT=AX" , A& X"ATAX=AX"AX =2’X"X ,H N A"A=E,
FUQ?—DX"X =0, X" X=|X[|*#0,FfhA*=1,FR |2 |=1
(DUEAYIEN | AE—A" |=| QE—A)" |=| AE—A |,Fill AT 5 A HWIFEEAES.
ORI EN Aa =2 ,a(a #0),

il A’a =2 ,A¢ =Ala, (A" +2A+3E)a=@Q]+2i,+Da,

FR A A"+ 2A + 3E BFEMES R AL AL + 24, +3.

(3)(%] [ﬂ%j IA |=A1A2'"A,, ?ﬁ O,iju Ao # Oym Aa =A0a 1514_1“ =il‘a9

HA"Aa=|A la?ﬁA‘a=|A Ia,R(E—A“)d=(1—l)a,
A0 Ao
1 4 - 4 1 |A] 1
FRAT,ATLE—AT B EESHNA—, F*1——.
Ao’ A, Ao
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22.

23.

24.

25.

26.

[iEBAY ik %

AR X, +X, BAWBTRIEMEL OBERR,UEAX, +X,)=2(X,+X,),

B AX, =2,X,,AX, =2, X, ,FilQA, — D)X, +Q, — )X, =0,

X, X, BRELRK, FRA, =2, =2, 58HFE.8X, +X, TR A HWFTEHE.
[(B14a™B=r,MA*=tA,

BAX =AX, M A’ X =A’X =RAX,Bl 2 (A — k)X =0,

BRX 0, FTLUER A KIFEENL =081 =k,

BA + 42, =u(A) Htr(A) =f 81, =--=21,_, =0,1, =k,
ERrA)=1,FUTRBEOCE-AX=0WEMBRTHEn— 1 M MREXTXNBEE, B
A=0Fn— 1 MRELXHFMERER, B A 7T U1,

[BIDBEA A =1FUAX=0EMBEEE » — 1 MEMT AN ER, KR
¥ ]

_ a;z T _ asj T — a, B
a]— _‘_‘91909"‘y0 9a2_ __’09].9"'90 7"'!“,,—]_ —_’0?09'"?1 ’
a) a, a,

m']?fﬁgﬂ AX =0 E‘Jiﬁmﬁ k]al +kzaz + o +k"—|a,,»1(k1 ykz 9"'sk,.—] %J{f%#&).
@ BH AT =kA,H k= (@,@) = Dla’ > 0,51 A WRBHEMN &,
EH Aa =aaa =ka,FFUAIETIFIEE b MR EETXLHFERNEN a.

1 0 —1
(Rl FHE— HaA"=(aaT)--°(aaT)=2"“( 0 0 0 ),
—1 0 1
8| 6E—A" |=6"(6—2").
FiEZ A=aa",H |AE—A |=2"QA —2)=01821, =21, =0,1,=2,
BN 6E — A" 4FIEME N 6,6,6 — 2" ,FFLL | 6E — A" |=62(6 —2").
FiE=E BENABRETHHREERL, =2, =01, =2, FLIGFER %KL P, #15

0 6
P'AP = 0 ),mu | BE—P'A"P |= 6 =62(6—2").
2 6—2"
A" ~P'A"P, | | 6E —A" |=| 6E —P'A"P |=6"(6 —2").
(&) FHiE—
111 1 1
&p=[1 2 3) g praP=| 2 |.,a=pP| 2 )P“,DIIJ
1 49 3 3
1 1 2—2m 4 3n
A"=P( 2" P, FRAB=P| 2 P"p=(z—2"“+3"+' .
3" Bt 2— 2" 4 3m?
FEZ SP=x& +tzx,&,+x:&,. BBz, =22, =—2,2,=1,
1 1 1, 2—2"43"
A”ﬂ=2A"§,—2A"§2+A"€3=2(1)—2"“ 2 +3"(3 =(2—2"“+3"+’ .
1 4 9 2_2n+3 +3n+2
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27.

28.

29.

30.

31.

GERRY B AX =AX BA’X =A(AX) =AQX) = AX =A’X A HIA° & A® BU4FIE(E . X
0 1 0
S GE B 35 AZX =AX, Hrh A = (0 0) AT —0,A” BUBEM N A =0, 5 X = (1) ,

01
0 0

(OIRY — B EARTF,.AB 5 BA A, #l40.

a=(; o) m=( 3)s am=(o o). ma=(; o).
B % r(AB) # r(BA), T AB 5 BA AL

(OLGERYIFER | A |l=n! #0,FFLLA HAIFEEKE, M P=A,0%H P'ABP =BA,
#AB ~ BA.

gaax=oxmax={ ) (‘1)) - ((1)) £ OX Bl X TR A BYRHER R B R R L.

2 2 4 " 4
LERAY(D) HR A% = (E a—;aa )(E—maaT)=E—maa' +maaT=E,

LA AFHAT =A.
2) lil%ma=(

FIEE 9 — 1.
[#2Y(1) HR 38 A MIRIEME,BTLL | 3E —A |=0,#18 y=2.
(2)(AP)"(AP) =PTATAP =P"A’P,

1 0 00

T)a —a—20=—a, ikl a RAEREA B E R, E XA

5
4

4
A2= 9/%'\A]=( 5)9|AE_A1 |=01§A1=17A2=99

0
0
0

o O =

0 0
5 4
4 5

—1 1
WA =1 i, E(E—A)X =072 a, =( 1 );A 9B, B9 —A X =01?ya2=(1) :

1 0 0 0
0 1 0 0
L 1(—1) 1(1) A 1 1
=— ’ =— Y P= 00 —= —= 95!']

${Mﬂ.ﬂg’71 «/E 1 Y. ng < «/E «/E
0o 0o L 1
Z

1 0 0 O

T 01 0 0

(AP) (AP) = .
0 01 0
0 0 0 9

(YA’ —3A=0=> | A ||3E—A |=0=>2 =053,
WX rA)=1,BLA, =3,1, =2, =0,
(2) RAFIEME O M AAFTERBE R (x,vx,0x) " WMz, +x, — 2, =0. 1 0 X1 A4F1E )
BHa,=—1,1,0",a;=(1,0,1)7,%
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32.

33.

34.

35.

1 —11 3 3 1 1 —1
P={1 1 of,PAP=| 0 [,A=P[ 0o |P'=|1 1 —1).
-1 0 1 0 0 -1 =1 1

AR 5 S 3 PR AR I 7S [R) B9 495 1IE B X B B9 496 FiE 1o B TE 32, BT LA

1
ETE, =—1+k =0k =1=>2, =8 M RMERER Y &, — (1)
1
T
’v‘\Az=Aa=2X¢ME‘J%—4‘ﬁﬁEﬁﬂ§73§a=(n) » B A [ 47 i (B X 7 849 R 1iE 18] 12t 1E 32, 7%

X3

—1 -1

x1+xz+x3=0$§z=( 1 ),§3=( 0 )
0 1

GEAY B (aE —A)GE —A)=0,8 |cE—A || bBE—A |=0,0] | aE — A |=0 8 ¥
| BE —A |=0. XHH(aE —A)(bE —A) =0,18 r(aE —A) +r (bE — A) < n.
8} r(aE —A) +r(bE —A) = r[(aE —A) — (bE —A)] =r[(a —H)E] =n.
BiLh r(aE —A) +r(bE —A) =n.
(WMDF|aE—A|# 0, r(aE—A)=n,fLl r(bE —A) =0, A =)E.
(2) & | bE —A |# 0,0l »(bE — A) =n,FfLL r (aE —A) =0, A =uE.
B)#F|aE—A|=0H |bE—A |=0,M a,b EHEMFA WM.
FTRAGE —AX=0MEMBEEE n—r@E —A) ML XM &, BHGIF o
X R R TR ER BN » — r @E —A) 15
FTRAGE —AX=0WEMBRETH n —r (bE — A) MR T M Ay 1, BNAFAE( b
XF f ) 2R TC % B FFAE (8] B30 n — r GE — A) .
HAHAn—r@E—A)+n—r(bE—A) =n,FiLIERE A B n NERMTT X BB 04t BT L
A —ERTLAX Ak,
CEERR) 42 AAERFA WAFEE, X RA Brxt B A4S Em &, I AX =2X, BR A’ X =27X,
HRa,pEX,FUA =ap” +ap™ =0, FRA’X =0, X # 0, %EKE A BYIFIFEN
Ay =A, =+ =4, =0,
Xt ea,p BREEFHEBA #O,
BEXr(0OE—A)=r(A) =1l n—7r(OE —A)=n—1<n, BTl A RATHLLX L.
OHOERIB [AE—A [=Q —1QA+2)=0821,=2,=1,1,=—2,

-2 0
Yi= 10, HE—ADX=08i= I XMHLHET LHIFERRRIE, = ( 1 ).§3= (o);
0

1
Hr=—28 ,H(—2E—A)X =078 = —2 X R R M XM FFIEm &N &, =(_ ]) ’

ER A FEANRMTREFFE R R, BTLL A 7T LAXE f L.
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-2 0 1 -1 —1 0 1
OI®I4P=|1 0o —1|,Wp'=|1 2 1 ,EP"AP=( 1 )
0 1 1 -1 =2 0 -2
1 -2 0 1,311 -1 —1 0
FRA"=P 1 )P"= 1 0 —1)( 1 )(1 2 1)
(—2)" o 1 1 (="' '—1 —2 0

—14+ 2" —1+42(=2)" 0f.

2—(=2)" 2—=2(—2)" 0)
1—(2)" 2—2(=20" 1

A 0o -1
36.IMBIA IAE—Al=|—2 A—1 —y[=Q+DQA—-D*HBA,=—11,=21;=1,
-1 0 A
HHb A BEARMETRNREMEmE, BT A TTAXT AL, BT r(E—A4) =1,
1 0o —1 10 -1
|;,E_1E—A=(—x 0 —y)—> 0 0 —x—y|Bx+y=0.
-1 0 1 0 0 0

37.

38.

39.

GEBY FiE— L AX=2X(XF#0),MAFA'X=2X,HHA" =0, FFULX=0,EF
B X £ 0,82 =0, AT A =0,EN4E/ A RAEFMEME 0z B).
HH r(0OE—A)=r(A) = 1,FHIUFBHOE —AX=00WEMBREZ S » — 1 141
TR R, BUER A Rk,
FEZ RIER A LAl BIAEE N S P, HAE

A Al

A, As

P'AP = AR KRB PTAYP = . =0,

A, N
}Aﬂﬁﬁl\l -_—,12 = ese =A" =0’
FRPAP =0, #—$18 A =0, SEMFE, FiLERE A RIS k.
1 2 -2 .

1 2 2
[(R14pP=2 —2 —1 ,P"=%(2 -2 1|, MP'AP = 2 )ﬂ%%
2 1 2 -2 —1 2 3
1 70 —2
A=P| 2 P"=%(O 5 —2).
3 —2 —2 6

1 -3 3 1 1
(ﬁ]é\Aa =#oayE[](6 T "'6) (1)=ﬂ0(1) ’ﬁ1§y0=4,x=10,y=—9y*ﬁﬁ—xﬂ'
y —9 137 %2 2

ﬁﬁ%%%ﬁﬁﬁ%ﬁﬁmﬁﬁ%y=%.
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a =1 ¢\1 -1
40.(ﬁ1®7~JA'H@%ﬁﬂﬁtﬁ%ftﬂﬁﬁﬁl‘.ﬁﬂﬁ,ﬂa(5 b 3)(—1):,1(—1)1%

41.

42.

l1—¢ 0 —aua 1 1

—a+1l+c=—pu J;t=-—1

c—l—a=pu a=c

Bk |Al=—1,Flha=2,FRa=2,b=—3,c=2, =|—A—|=

[RY1) AE— BHHhA~B,FFLLA, Bﬁmﬁﬂ@%ﬂt‘{a =, =2,FE% A HEFF
1

AL r(2E—A)=1,Ti2E—A= ( ) (0 0 S—a),:F‘%a—Sy

Hitr(A) =tu(B) 8 b =6.

BFEZ |AE—A|l=Q =2 A" —G@+DrA+3G@—D]=rQ),
ERA=2R0AK_EFEME,FLa =5,

FRIAE—A |=Q—2)2(A —6),# b =6.

-1 1
(2) H2E —A)X =078 1 =2 X% B‘J%ﬁﬂﬁ%&@ﬁﬁmﬁﬂaé.—( ),§2=(0);

1
H(E —A)X =018 1 =6 XF [ %&ﬁ%%%ﬁﬁmﬁﬂyﬁg—( )
3
-1 1 1
1 0 —2|,M P'AP =B.
0 1 3
(YD) AR A ~B, i tr(A) =tr(B),Bl2+a+0=14+ (=D +2,Fa=0.
A—2 0 0
0 A —1
0 —1 A
A=—1,,=1,A, =2,
WAi=—10 ,H(—E—AX=0(E+A)X=08E =0,—1,D;
$i=10,HE—-AX=07F¢E&,=0,1,D7;

4Pp=

(2)H | AE—A |= =A+1DQA—-1DQA—2)=018 A,B BIIFMEEN

0 0 1

—1
)
2
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43.

44.

45.

.:‘:!-’n;t=—1ﬂa‘,ﬂa(—E—B)x=0EII(E+B)X=M§111=(o,1,2)T;
BA=10,HE—B)X=0%1n,=(1,0,007;

01 0

1 0 O)J!il

2 01

MA=2/,H(2E—B)X =07 n,=(0,0,1)", L P, =

—1
)
2

m P,'AP, =P;'BP, #(P,P;")'A(P,P;') =B,

P;'BP, =

0 0 1, /0 1 0 0 —2 1
WP=PP;'=[—1 1 0 (1 0 0 =(1 —1 o, P'AP=B.
1 1 0% —2 1 1 1 o0
(1 W5 Ae =2, FTLA X =2 H4EMK A WIFEME, ATTH | 2E—A |=0.

1 o 1 1 0o o ‘
HI2E—-A|=|—2 1 —a|=|—2 1 2—al|l=a—2=0,18a=2.
-1 1 —1 -1 1 0

[f2) 4 AX =2X(X #0),W(A* —A —2E)X=QU*—21 —2)X =0,
BAX#£0,ULA? -2 —2=0,FRA=—1m:|a1=2,
Xff‘]ﬁ ,A |=2s}?}fl’u/\| =/12=_1$A3 =2’

| __, lal_,

. , Al _ 14
A" WRREN = =—2, >
TRA® +3E M FEMERN 11,4, | A" +3E |=4.

b4

(114 =2.4" tospiEmnldl_p 121, 14]
2 0 0
a,,0,,a,,>P=C(a,,a,,a;),MP'A"P=|0 2 0).
0 0 1
1 0
P =Pl0 1 =
1 —1
1 0 o 1 0 0
PT'A'P,=|0 1 o] P'A'PlO 1 o)
1 —1 1 1 —1 1
1 0 0,72 0 001 0 0
=0 0 (020)(0 1 0)
1 —1 1 Y9 0o 1'"%1 —1 1
1 0 0,,2 0 0y/1 0 0 2 0 0
=(o0 10(020)(0 1 0)=(o 2 0
-1 1 1% o 11 —1 1 “1 11

=1, %t B B9 2% ¥ 0 2% B9 4 4EE 151 =



LR EHS

RN
Q HZTE
1 —2 0
I.Iﬂllz]j‘]f(x]vxzsl';;)=$f+41§_4x112+412x339fu¢4= —2 4 2).
0 2 0

1

-1 } ) -1 —1 2
Zolm)é’\ﬂl__—( 1 )’ p2=a2_(‘;2,£])ﬂ1=( 0 )—%(1)= l ’ ﬁszass

0 v 1 2

—1 — 1 1
1 1 L

| E 0 4 = 1 ’ 2 = -1}, 3= L.

A HTE AL 18 B v _2( ) 4 ( ) L4 r3( )

0 V6 2 1
2 1 0
a
LRI Gk mmEr A= 1 2| ERRS MM 2, U A =0,
a
0 5 1
Ba==+2.
5 2 =1
4. (] _KBEHENA=| 2 1 —1),@§a:zkﬂjbmﬁzzkﬁ!,ﬁﬁuﬁ
-1 —1 ¢

5 2

Q EFEA

5.[YERA,BEEHERE,FFLLA,BEH, FAFNERP,Q .18 PAQ =B, 1% (D).
6. MBI EENRIVERMHRE A NBFEAEBRER. (A) A3,
EANETHER,MA—CREHER.HARWHRERREBRIEA MHFEEHEIE
FEBANERIEE R IER, (B) RXt;
(C) BARARKESHZMARRELERM;
BRO) RRASEHXRLESLM, %D,

T =Y1 Y2 X,
JU f=y] —y5: 8BS ,
Ty =y 1 T, =y T3y

7. LRNA) A3t Bl f=x,2,.% =173y
W f =y — 9%
(B) A, B SRR T 4 R AE LB P S EE L S A SR ) R A8 B R
IO P4 I %) 4 4IF (B AH IR
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(O AX, E—ANZRBEGHETE RBORA AE LR E AR d o, FEEFIERE
MR BCH n;
D), BN ZRBNAEE B EIE . RBEEBRE, A —.
8. [RIENA H5AT AFLAUXTAX 5XTAT' X MR, BiREER—EHE, R
m]—AN KB F ZRARHETE , 3 (B).
9.[RIFEN A 5XAEEA GF,TLAFFEER S5 P, {18 PTAP =A,
MTA=PHTAP =(P)HTAPT AT =[(P)HTAP']" =(PT)TAP™' =A,3%(B).
10. (Y E R P 7T, BT LL r(A) =r(B), (D).
11. [RIBRA,B ER—ENHREESF,.MWA.BER. RZ,%5A,B4R,MA,BWIE,
E,
ARHEEBOER, NTTA,B 5

—E, éﬁ]’ﬁ(D).

0

12. (M1 H | AE —A [=018 A WHFMEE N 1,3, —5,8 | AE —B |=018 B R4S EM M 1,1,
—1,BL A 5B & F{ERHEL, #C).

13.IBYIERA,B WK —2,1,1, 5L | A |=| B |=—2,XEAN r(A) =r(B) =3,
LLA,B %#,.E A,B R—EHLREF . & (B).

O BEBR
1 1 —1 X

14.(&]4}\‘4: 1 2 1 X = xz) »ﬂ']f(x,,.rg,x3)=XTAX,
-1 1 —5 z .

f(xisxysxs) =2t +225 — 525+ 22,2, — 22,75 + 22,25

=(x,+x,—x3) +(z,+2x,)* — 10z,

J11+1'2—13=y|’ =y, —y,+ 3y,
Lz, +2x3=y,, Bz, =y, —2y;,

T3 =Y3» T3 =Y3»
1 —1 3 Y1

0 0 1 Vs

H f(x,,x,,x5) x:——"YT(PTAP)Y=yf + yi — 10y,
1 1 1 1
1 —1 =0,Ella.=(1) ,a2=(—1)j§m=o IR~ ER
0 0 0 0
HEEXMFERR, NTTA =0 hED - HEEMEME, XH tr(A) =182, =1,

BPA, =2,=0,A,=1.

15. (Y1) HAB=071A(1]=0.A

LA =1 MHKFERESN e, =(xz) )

I3
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16.

T

a']ra;; =09EU{JI] +12 =0,
x,0; =0,

%AT=AQF)‘:[J{

X _.1'2-——09

0
BB, =1 MR MRERRNIFEERN ¢, = (0) ,
1

11
) (1 . 1 0 N7
4\71_—"_ 1) "}'2=—(—1) 973=(0) JMET‘*B‘JIEB‘E%EIEF%Q= i _i 0 ’
vz 0 V2 0 1 JZ 2
0 0 1

ﬁxTAxxi—eyyg.

0 0 0 00 0 0 0 0
0 00 1§A=Q(o 0 o)QT=(o 0 0).
0 0 1 0 0 1 0 0 1

[##)(1) HAB+B=078(E+A)B =0, r(E+A)+r(B) <3,
HHr(B)=2,FFill r(E4+A) < 1,ATiA=—1X%A NFEEERET2E,
BRA=—1 FRAEI=FHIFMEME, M A HIFEEIL, =2, =—1,1,=5.
B(E+A)B =0 1B MHHANE +A)X =0 W#,

(2) 1 QTAQ =

1 0

a,=|0 ),a,= 1)79A,=A2=—1x¢m39?£ﬁ%9&%¥.
—1 —1
Z,

é\a3=(12)%la=5iﬂ'ﬁiﬂﬁﬁﬁﬁ§,
X3

BHhAT=A,BL

T

a,Ta3=0, 1‘1—.1‘3=0, . 1
Eﬂ{ BRa,=|1/,

a,0,=0, \r,—zx2;=0, 1
! ( ) 1 —1 !
a, 0 ST
/v\ﬂ1=(0), B. az-(a:’a:)‘h:?(z )9 I33=(1),£'ﬁﬁLﬂ$1§=

1

A Tay 22 2 2 2
£ Q=(71»72v73)'m“f=x AX = —yi—y;+5y;.

-1 0 0 —1 0 0 1 2 2
2B QTaAg= 0 —1 0)15A=Q 0 —1 o)QT=(z 1 2).
0 0 5 0 0 5 2 2 1
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1 -2 —4 x,
17. MBIV 4A=|—2 a —2|,X= xz)Jl'J flxyx,,x;) =XTAX,
—4 —2 1 X 3
FERE A BIFRIEE A, =5,4, =b,A, =—4,
{tr(A)=A,+A2+A3,, {a+2=b+l, Wg{a=4,
| A |=2,2,4,, — 15a — 40 =—2065, b =5,
1 -2 —4
MMMA=|—2 4 —2| 4EEHIL, =2,=5,1,=—14.
—4 —2 1

(D)2, =2, =5 LAQE —A)X =0,B)(5E —A)X =0,
1

4 2 4 1 = 1
2

mSE—A=(z 1 2)—» o o ol ®A =24, =05 XFRLMLRET KM 5 AE 1 it
0

4 2 4
-1 —1
%a|=(2 )yazz(o H
0 1
A, =—4RAQE—A)X =0, (4E +A)X =0,
5 _9 —4 1 0 —1
HMAE4+A=|—2 8 —z)—» 0 1 —% 18 s = —4 Ry B 2R 1 6 36 B4 1E 18 B R
—4 —2 5 o 0 o
2
a3=(1).
2
! @By 1| | 2
A . _ . __\a,p, _L_ — —
/?\pl—al—( 2 )’ B.=a, _(ﬂulil_)p’ 5( 2)’ B:=a, (1)9
0 5 2
—1 —4 2
HBiE y =i( 2) yz—i(—z) y —i(l)
1 ] - E] 3—3 ’
V5 0 345 5 )
a2
V5 345 3
2 2 1
R IER B EMERN Q = N5 sE 3]
o 52
345 3

IS IMBYDA=| 1 a—1 0

0 0 2

a—1 1 0
) YRR ZRBIBIBRR 2, BT r(A) =2, il a =2.
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19.

20.

21.

1 10
(2)A=(1 1 0),[-E |AE—A |=0%82, =2, =2,A; =0.
0 0 2

1 0
WA =20, 2E—A)X =078 =2 X R &ML X MFIEREN a, =(1) 0, =(o) ;

WA =0K,HOE—A)X =078 =0 X HHRETXWFMERE N a; =|—1].

——
< —
—

1 0 1
lﬂyg a, .o, meﬁyiﬁl'ﬂﬁg 7] =i(l) WY, = (O) ' Y3 =‘\/_1§‘(_ 1) 3

NG o ) .
1,1
N V2 2
X=Qv
20=\1 , _1L ’QTAQ=( i )’muf:XT“’:YT(QTAQ)hzyf+zy§.
2 NG 0
0 1 0

[RY(1D) BN A2 =A BT |A || E—A |=0,80 A R4SIEME D 0 A& 1,

B A NI FRER, T A AL, B r(A) =r B A BARREEHRA =1 E),A =0
(n—r B),MZWRE XTAX WARHER N y1 + 57+ + 0.

(2) 4 B=E+A+A*+-+A" U B WIHMEENL=n+10¢ ) d =1 —r B), &
|[E+A+A ++A" |=[B|=G=+1D".

An Anz Aln I
A A ase A " N
[8RYD) F(X) = (2,255 22,) L | A w 1T o xT )X,
lA 1] : : : : A |
Aul AnZ e Arm Xy
B¥%rA)=n,FFA|A I#o,%%l—;—lm' )T=|—%—A' =A""BRAT AT BRI
FREERE.

(2) E%A EIE’E?DJ\A H@n /I\q"*fﬁE{EaBZ:%$9ﬂﬁA EjA-‘ %Iﬂ?ﬁﬂ:v—(ﬂ f(x. ' X'y 7"'91',,)
5 g(X)=X"AX #LEAR.

A BT
(1>(mmﬁc=(3 D)%IEE%EME,BMAT=A,DT=D,
S A [ [ I |
<z>muﬂlmcs(‘; D_;_IBT)QIEJ,EC%IEE%EF,EW('; D—BA”'BT)%E%

HE[E, B A 5 D —BAT'B" #RIEEER.
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1 ¢ 1 1>o0,
22 . [BI-RBMERERIA= [t 4 o).lﬁﬂaiﬁ‘:&ﬂﬂyﬁ%:mﬂ,ﬁfuﬁ 4—* >0, &
1 0 2 4—22 >0,
B—V2 <i<42.
23.[iEMY Fik—
Ay
Ag
HAARESER,FUFEERXK Q.18 QTAQ = . ,
A,
A, +1
A, +1
HPa,>0,4,>0,,1,>0,HHEQ"A+EQ= . )
A, +1

FRIQTA+E |=|A+E =, +1DQA,+ DG, +1) >1.
HEZ BERAREERERE,FLLA BFEMEA, > 0,4, >0,+,1, > 0,Hl A +E RIS
BRI +H1>10,+1> 1,2, +1> LB IA+E |= A, + DA, + D@, +1) > 1.
24 . [BYD) f(xysxs923) =22 + 22,2, + 22% — 22,2, + ¢
=(z,+x,)+ (x;, —x,)%,
B f(x,,x,,x2;) =078

— 1
X +l' =09
{‘ = oy 1)&%:&%%0.
Ly — X3 =U,
1
1 1 0 A—1 —1 0
(2)A=(1 2 —1),EH|/1E—A = —1 A—2 1 =/\(112—4/\+3)=01§
0 —1 1 0 1 A—1

SR A BIRIEME R A, =1,4, =3,2, =0, BABEHEN y + 5i.

—1
a, =( 1 ))‘JEI@A BB TAFIEE A, =0 MIZRHETE 6 A 4RE i £t
0

X

La =(xz)%:lﬂ@ﬁ.4 BIRFEEA, =2, =1 WIFEmE &,
X3
ERxAT=A,Fillala =0,0) — z, +x,=0,
1 0
ABBTA =2, =1 HABEXXLHFTEAREN a, =(1) a, = (o)
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B O, s0;,0; WWE&J&?’E%@ Y =\/i§( 1

-1
NG
wo=| 1
N
0
(2) H QTAQ =

o Sil- Bl-

[=]

:

[e]

(=]

o = O

0
0

—

0 0 0
01 0
0 0 1

o4
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— . HNF SR

QO H=E

1.
2.

[EIE% P(A—B)=P(A)—P(AB),ffll P(A+B)=P(A —B) + P(B) =0. 8.
[FYEN P(A—B)=P(A)— P(AB),ffl\ P(AB) =0. 2,

FR P(B—A)=P(B)—P(AB)=0.5—0.2=0.3,
P(A+B)=P(A)+P(B)—P(AB)=0.6+0.5—0.2=0. 9.

.[#&IP(A+B)=P(A)+P(B)— P(AB),H% A,B A EMT, Fr il A,B HEMYT, %

P(A+B)=P(A)+P(B)—P(AB) =P(A) + P(B) — P(A)P(B), i

0.7=0.34+ P(B) —0.3P(B) /&4 P(B) =%,}Mﬁ P(B) =%.

(%1 P(A—B)=P(A)— P(AB)=0.3 Jt P(A) =0. 7,18 P(AB) =0.4,

M P(AB) =1— P(AB) =0.6.

(BIEXP(AB)=P(A+B)=1—P(A+B),

Brll P(AB)=1—P(A+B)=1—P(A) — P(B) + P(AB),
MW P(B)=1—P(A)=0.6.

(Y AA =A,AA =, 18

(A+B)(A+B)A+B)A+B)=(AB+AB+B)(A+B)(A +B)
=B(A+B)A+B)=AB(A+B)=4,
M P{(A+B)(A+B)(A+B)A+B)) =0,

(#R)A.B,.C BRELEMBEENPA B C)=P(A+B+C)=1—P(A+B+0C),

il ABC C AB H P(AB) =0, P(ABC) =0, F £

P(A+B +C)=P(A)+P(B)+P(C)—P(AB)—P(AC)—P(BC)+P(ABC)=-%-,

¥ A,B,C ﬂmﬁgmm%&w%

. [#1 El?lP(A-I-B+C)=P(A)+P(B)+P(C)—P(AB)—P(AC)—P(BC)+P(ABC)

B ABC=J,P(A)=P(B)=P(C),i8&
3P(A) —3P%*(A) =%,ﬁm% P(A) =% B¥E PA) =%,
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HHACA+B+CHUPA SPA+B+O =1 ,ﬁiP(A)=%.
9.(%211‘&A={ME134\FS:.£;¢§¢75~4\%—%&},

_ Ci 139
n — —_— pnd —_—— I
M P(A)=1—P(A) i 110"
10.[BYiX A, = {FE KRR}, z={%—zkE1Elﬂé}, B ={8 WK},
10 2 _15_3 _9 1o _5
P(A) = ,P(A ) = ,P(B|A)D T ,P(B | A) = =17’

'Jl!JP(B)—P(A B)-I—P(A B)=P(A1)P(B | A.)+P(A2)P(B IAz)

2 5 2
=5 %7 + X275
11. [ l‘ﬁﬁﬁﬂiﬁﬁn! Iﬁ,T@a“ BB —Dnr—D! 4,
_ — 1) —
Bllj(n l)('n 0! _n 1=-8—,91'Jn=
n! n 9

12. (8] 4 B={A ELEE—K}, UM PB)=1-Cp'(1—p)" =1—-0—=p)",
A C={A EZRE—K},
W P(C)=Cp°A—p)" +Clp(l—p)' =A—p) ' [1+(—Dpl

QO EFEA

13.[82) #%((D),H¥} P(A—B)=P(A) — P(AB).

14.UBY T, =t,) FRUANREFBEHRAETIEFBRE ¢, E EEREHNTREHRE
BEARETFIERIEE 1, JTUAE ={Tq =1},

15.[(#8) B % A,B A%, FFLL P(AB)=0,X P(A —B)=P(A) —P(AB),
FrLl P(A —B) =P(A),3(D).

P(AB) _P(AB)

PA) PA)

P(AB) _P(B)—P(AB)

P(A) 1—P(A)
I8 P(AB) =P(AYP(B), EHWERR ).

17 (81 P(A | B)+P(A |B)=1,7P(A | B)=1—P(A | B)=P(A | B), W& A,
B RISy, EHERHB).

18 LRI E % A,B,C HE M, LV ERIR L E RTINS, 8 A + B 5 C I,
A —B 5 CHiARE M, M
P(ABC)=P(AB+C)=1—P(AB+O)

— 1—P(AB)—P(C)+P(ABC)= 1—P(A)P(B)—P(C)+P(A)P(B)P(O),

P(AB)P(C)=[1—P(AB)][1—P(C)]=1—P(AB) — P(C) + P(ABC), %%
P(ABC)=P(AB)P(C),Bl AB 5 C #E M1 ,#(B).

O BmER

16. (821 P(B | A)=P(B | A),18

Hl P(AB)=P(B)—P(AB) 18

’

19 [BI(D 4 A = (HBEFEA R —AROR—ARER) M PA) =9c% -8
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20.

21.

22.

23.

24

CRRY S A = HIRBV R 6 A, = UREZ 750, A, = (HIREI 7= 5. B

c: el
(2) & B = (IS A BREAHIE 0 P(B) =—- + — -k,
C, C, 33
\ . I ol by CiCi 10
CREXCD) B A, = (R 4 Bk P 2 208k 2 AN BRI P (A, = g
- 10
(2) B A, = (GBI A AR BUS AR A, Hoh 2 AN 2rEk 2 4~ @ sk . m)
CiAfAL 10
P(A,) = A o
(3) B Ay = {BAHI A4 AR BUS R, Horh 2 AS208R 2 AP Ek ), )
CIXEENE rrad 1\ 3
P(A;, -_]O‘—‘—_:(l"(g) (1—?) :E
[ 4 A, =58 WIRBES G =1.2),1
P(AA)=PADP@A, |[Ap=2xi_4
1079 15
— 4
(2)P(A, JA1)=§.
(DP(A) =P(A A, +AA) =P(ADP(A, | A +PA)PA, | A)
6 4 6 3
EX"‘*}‘EX ME.
[RYE A, = {8 RRIKH)G=1,2.3).
(Hpca,y =S X9 _3
3 _T_Er
(2)P(A,A,A;) =P(A)P(A, | ADP(A, | A,A, )k* %xgzﬁ(m%mﬁﬁﬁ

Uiy TP R RIS B U B = VR IRCE Y )
(HP(A, IX]Z2)=§(E’)".{1T1’ITW?5(EE£EH’J A ME— R E RS =00,

(WP(A, +A,+A,)=1—P(A,A,A,)
P

P(A,A,A)) =P(ADP(A, | A)P(A, \X!Xg)=214,
i e
PA +A,+A;)=1—-P(A,A,A,) =5
[RY 4 A, = {5 —WHMBUE &) A, = (55— YHBOK S . B = (55 — IOk &)
10 2 2 1
P(A,)wﬁ, P(Ag)—ﬁ. P(B | A, >_—1, P(B | A, )_11
HEMRAAB P(B)= P(ADPB | A)+PA,)PB | A,) = EX +— 111— %
R Jﬁﬁi@a‘ﬂxé‘a%:}t’F,%——;kiﬂxéﬁ%%:ﬁ#@ﬁ,%;&%&%#ﬁ%éﬂ&$—%
H— R EE.

{fEE R &}, P(A,) =0.6,P(A,) =0.25,P(A;) =0. 15,
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P(B ‘ A]) =0.03y P(B | A2)=0.059 P(B ‘ A3)=0.087
HEEEARE
3
P(B)= D P(A)P(B | A,)=0.6X0.03+0.25X0.05+0.15X0.08 =4.25%.

i=1

25. [BYIRA, = (BRIAWESE: ABEFIGC=1,2,3), B={RIAXK}.
(1)P(B)=P(A,D)P(B | A))+P(A)P(B | A, +P(A;)P(B | Ay

1 3 1 5 29
=3x(7+7+5)"5%
—  PA,)OPBlA
(P, | By =DADPB1A) 28

Z BB R W

QO HEE

1.[ﬁ]$c—c2+c+—i—=11%c %

2. [BYBANFHB 22 +4x + X =0 TER, Pl 16 —4X <0,B1 X > 4.

1 X ~ N(u0®) B P(X >4)=%,15# —4
3. L8 P(X 21)=%=1—P(X=0)=l—(1—p)2,1§p=%,

PY=2D=1—0—p)Y=1——-=.

smmre<x<o=-p(it<X 2T o(2)-
o g
¢(§)=o.9,mu P(X < 0) =P(—)£a——2 <—§)=<1>(—-2—)=1—<p(§)=o. 1.
5.[)X MaHENIP(X =F) =£!ie"* (B =0,1,2,*),

B P(X =0) =%P(X=l) Mma=2,

MPX>=1D=1-P(X=0=1—¢".

6. [R)] BBV R X IRANSECIA RSB EXD =Al.D(X) =%,

FREX) =DX)+[EX)] =XZ;,

i E[(X — 1) (X + 2] =E(X?) + E(X) —z=fg+ — =8, 18 A =%.

1

A
a a 2

7.[&]P{X>l}=f f(x)dx =I -3%d1=—1;(a3-—1)=1,m“a=2.
1 1 a a 8
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W P(X =2)=P(A,A,A) +P(A,A,A,) + P(A,A,A,)

1 1 1 1 2 1 1 1 1
__X_XZ_'_?X_XI-*-?X_XI_I'

273 3 3
9. (RYY KT REIE R 2,3,6,
P(Y=2)=P(X=0)=%, P(Y=3)=P(X=—1)=%,

s

P(Y=6)=P(X=—2)+P(X=2)=%+

-hl»—l

1
8
2 3 6
ﬂ'JYEl‘JﬁHﬁ@%JY~(l 1 l)‘
2 4 4
10.[mle(y)=P(Y<y)=P(9X2gy).

glngHﬂ',Fy(y)=O;
%y>OB‘f,Fy(y)=P(Y<y)=P(9XZQy)=P(—ggxgg)
& 2 o2
3 1 - 2 J"T -
—e ‘dt=——|"e *d¢,
JJ‘:‘Z\/ZH A 2n

F'y(y)=
y\y 3\/53, €
J09 y<09
FIABEALAER Y MR RBY fy () =3 1 -1 2
y ‘e %,y >0,
[3%
— — Yy __ Y
11.URIEYH Fy () =P(Y <) =P(X < ) =F,(2),
) _d ()i 2
JE)Mf‘“(y)_dyFY(y)_f"(z)Xz“1r(4+y2)‘

0

1
12 [BRIX Bl X ~ (1 1 1), YHMATRERER 1,2,10,
4

4

2

PY=1D=PX=0= %,P(Y= )=PX=1D= %,P(Y= 10)=P(X=3)=

TRY W RN

’

1
2

0, y<19

0.25,1 <<y <2,
0.5, 2y <10,

1, y=10.
© EEE
13. URYTREE f () HHAERBEERBI /() >08] fGrde =1, BRA) K
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14.

15.

16.

17.

18.

19.

it BB JIR A 34457 4315 B 3% 258 T R LA ) 2 R B IE , (B) BRAXN, XEP F(x) R
AATERBLARE . (D0 < F(x) < 1;(QF (x) BiARE; (DF (x) AELE; (OF(—o0) =0,
F(+ o) =1, BREFED).

[RIF (o) =P(X <o) =] _fwa,
Fy(x)=P(—X<xz)=P(X>—z)=1—P(X g—x)=1—f F(dt,

mn X 5 — x FeAnsaEg i roa=1-[" fod,
FHRSHLB F () =f(—2), EFERRIO).

R B[ foode =188 Acdr = 1B A =C.

a+th

a+b
B Pa<<X <a+b)=J' f(x)dx =J e dx =—e‘e”

a+b
—b
=1—e

a

BPa<X<a+b) FaF ¥k, HHb B3EMMARBM, ERERNO.

[RIEN P X —p |<2)=P(—2 <X —p <za)=P(—z<X_" <2)

4

=@(2) —D(—2) HHEE,FTLARIE(A).
X—n

() p=P (X <p—=PX—p<—4=P < 1)=e(-D=1-0WD,
G=P¥Y>u+H=PY¥—p>5=P(-£> 1)=1—P(’i§ﬁ<1)=1—¢<1),

T TR L I ECSS

a

=<1>(§—)+<15(— Z—)=¢(%)+l—¢(;)=l,ﬁ(B).

. ‘
(21X ~ f(x) =J?’1 <z < 7’7‘iﬁx2 +2Xz +9=0 HELBHAERMEHN

lo, .

A=4X"—36 00X = 9. P(X* =29 =1—P(X* <9)=1—P(1<X<3)=—:23-.

O BEE

1,5 i MRORLLT,

20.[BXX, = (i=1,2,3), 0 X B GEERME N 0,1,2,3.

0,58 i NEEORRLT

P(X =0)=P(X, =1)=%,

P(X=1)=P(X| =09X2=1)=%y

P(X=2)=P(X,=0,X,=0,X;=1) =%,
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21.

22.

23.

24.

P(X=3)=P(X,=0,X,=0,X,=0)=

1
8
0 1 2 3
EquB‘JﬁfﬁﬁﬁX~(1 1 1 l)‘
4 8 8

2
[#R1X R BER{E R 1,2,3,
cic! 3 C,C! 6 RS {S R |
P(X=1)= o= Px=v= & PX=v="5=g
09 x<1y
1 2 3 J%,1<x<2,
F)fl«‘lXGﬁl&Hﬁii%X~(i 6 i),ﬁ*ﬁ%&ﬁFx(x)= o
10
1; 123.
(m](l)F(x)—P{x zb=|" fwad.
%o <—18,F(z) =0;
x 2
%’:—lgx<OH=J‘,F(1)=J_1(1+t)dt=-(x_|2_—D;
r 2
o< 2 <IHTI,F(x)=I°l(1+t)dt+J (1—t)dz=%+x—%;
- 0
%> 10,F(z) =1,
09 x<-1.
2
w, —1<z <o,
=>F(zx) =<
L <<
2 x 29 == T .
].9 121.

1 1 23
(2)P(—2<X<I)=F(I—0) F=» =2
(ﬂli?&k<6,é’:3<k<GH¢,P(X>k)=L%dx=2(6T_k)<%;

5 9 2
§1<k<3ﬂ=f,P(X>k)=J ~dr =<

3

1 6 —_
%0<k<18,P(X >k)=f idx+f —2—d1=¥+%>%;

Hr<O0B,P(XZE) =1, 1<t <3.
(BI04 A, ={ TR HE & /n\ﬁ%}(k=1,2,3>,P(A,)=l(k=1,2,3).

c3

X BRTREMEH 0,1,2,3,P(X =0) =P (X =0 | A,)P(A, )—C—x%=i

30
P(X=1D=P(X=1]A)PA,)+P(X=1]|A,)P(A;)
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CiC; 1 ,CCl 1 _9

= X3t *3T%
P(X=2)=P(X=2|A)DPA)+PX=2|A)PA)+PX=2]|A)P(Ay)

Cch c2cl C2C1

=41X_l__+_ észxé_'_za 1 15

1

c 3T c *3 73
P(X=3)=P(X=3|A)DPA)+P(X=3|A)PA )——C—2><l—i-gé><l—i
S - ' ' B ’ i3 i3 30
0o 1 2 3
F)fLJXH‘JﬁHE??—%Jva(l 9 15 i)
30 30 30 30
15 5 2
> = — —_— T —
(2)P{X = 2} 30+30 3
25. (@Y B SRR M2 BB ELER,
A =B. 1
[} BA=B=—.
v B=1—A,ﬂ1§ 5
l’ <0
ze * ]
(2) f(z) =40, o<z <1,

1 -
78(1 “,.r}l.

(3)P(X>%)=1—P(X<%)=1—F(%)=1—%=—;—.

n

1
>

26. 1Y BH| " flordz =157 1 =A[", coszdz =24 BB A =

T T 2
@Plo<x < %)=L Flz)dr =%Jo cosp di ={T_'

(3)F(x)=P{X<x}=Ji f(erde,

é’lx<—%ﬂﬂ'.F(x)=0;

i’]—l<z<£H¢,F(x)=.[l lcosxd:c=l(1-l-sinac)-
2 2 -5 2 2 ’

%z > 2B FG) =1, FR X 05 RHN

0, I<—%;

1 4 e
—_— H ,____< —,
F(x)—<2(1+51nx) 2 x<2

e
19 .1:2—2'.

—
-

27. UBIF (@) + F(—a) =0 (24 )+ 0(—2=~
e 377
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28.

29.

30.

—u | —a— 2
Byt £__
o [

M2y >0/, Fla)+F(—a) <1;
Yu=08,F(a)+F(—a)=1;
Y pu<OHt,Fla)+F(—a)>1.

2
x

[ﬁ]fx(x)=\/%e_7,—°°<x <+ oo,

Fy(3)=P(Y < y)=P(X*<y).
ﬁ Yy < 0 H‘vaY(y) =0;

Vy ot vy _if
%y>oa¢,Fy(y>=P<—6<x<~/§)=LJ e Ta=—["c7q

Jz )45 Sz o

JO, y <0,

lﬂlﬂﬁfy(y)= 1 %
yy > 0.

L/Zn' Y

1
[ﬁ’fx(x)—J 90<l‘<27

0, Hth.

Fy(») =P < y)=PX*<y).
%y <OH¢,F}'(}')=05

vy 3
Hy>08,Fy(y»)=P—/y <X<Vy)= J_fx(x)d,r=f fx(x)dx
- o

=Jg»0<y<4,
llv y>4,
JO, y<0,
<y <4,
Brld Fy(y) = J2_,0<y<4 =>fv(y)—J4«/_
0, HAt.

1, y>14,
63 D@l 5P ik )
1—e®*,X >0
0, X <.

o T /Oy

F( )_{1—&2 MY =F(X) {
77 o, 0, -

x
Fy(y) =P{Y <y},

L o<y <18, Fyly) =P{l—e™ <y} =P{X <—%ln(l—y)}

1
=F [— ?ln(l—y):’ =

Jo’y<0’ 1,0<y <1
Ly >1 0, A,
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Z . BRENERRL 6

QO HZEF

1.[BIP(X +Y=2)=P(X =0,Y=2)+P(X=1,Y=1+P(X =2,Y=0),

B X,Y MEM S

P(X +Y=2)=P(X=0)P(Y=2)+P(X—1)P(Y—1)+P(X=2)P(Y=0)

=01'0 ' X ZZ: -t -i-%e'I X 12'1 -~ + e Xz.—e_ =%e_q

2. (IS A=(X=0),B=( =0,

P{min(X,Y) =0} =P(A +B)=P(A) + P(B) — P(AB)

—P(X=0+P¥=0)—PX=0Y=0)= 201—p) — 1A —p)*.

6e ¥, x >0,y >0,
0,  HAtb.

P{X>Y) dej Ge 2" aydy‘ZJ e (1 — _“)dx—Z(l——l—)=—.

3.0 1 —a] e dr[ vy om0 FR G =

4. (MBI S (X <1)=A,(Y<—2}=B,P(A) =q>(;) ,P(B) =q>(;—a)=1—q>(—) ,

EP(AB)=711-,BIIJ
P(X>1,Y>—2)=P(AB)=P(A+B)=1—P(A+B)

=1—P(A)—P(B)+P(AB)=1—¢(;)—1+¢(£—)+%=—.

Q EFEA

5. [RIHEESR
PX,=—1,X,=—D=PX,=—1,X,=1
=P(X] =1’Xz=_1)=P(X| =19X2=1)=09

P(X|=—17X2=0)=P(X1=_l)= ’ P(X]—‘l Xz—o)—P(Xl‘—l)—_

I

N L
.&[-—- .A]»—-

P(X|=0;X2=_])=P(X2=_1) y P(X|—0 Xz—l)—P(Xz—].)

W P(X,=0,X,=0)=0,FF
P(X,=X,)=P(X,=—1,X,=—D+P(X,=0,X,=0+PX,=1,X,=1=0,
E(A).

6. ()M X ~UW,2),Y ~EM #

190<I<2a e—y,y>0,

( )—J
fhl‘ 0, y<0.

lo, Htii,
*» 379 .
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B XY HEMTEX,Y) 0525 Ry
f(l-,y)_J 0 x <29y>0’
lo, A,

MPIX+Y>D=1-PX+Y<)=1— JI %e—"dxdy

r+y<]
—1——[ dxf _’dy—l——J (1—e"""dx
=] — — —_ Yy =1— .}
1 2(1 1+e ) 1 zevﬁ(A).

7.[@IP(— X <a,Y<y)=P(X >—a,Y <y),
BA P(Y<y)=P(X>—a,Y<y)+P(X<—a,Y<y),
A P(X >—a,Y<y)=PY <y)—P(X<—a,Y<y)
=F(4+00,y —0)—F(—a,y —0),i%(C).

9. [RIEN X,Y MEML HEMBM N0,4) 447,
BILLX £Y ~ NCO,8), AT P(X+Y >0 =5 P(X —Y > 0) =1, 8(0) (D) KK

P{max(X,Y) >0} =1—P{max(X,Y) <0} =1—P(X <0,Y<0)
=]1—P(X<OPXY <0

EHRX ~N@O,4,Y ~NO, ), FUPX<L0) =P K O)=%»}Affﬁﬁ
P{max(X,Y)>0}='j—,(A) ANt
P{min(X,Y) 20} =P(X =0, Y20 =P(X = 0)P(Y>=0) =%,ﬁ(B).

lo.mlé»\A={X<1},B={Y<1},D!lJP(AB)=%,P(A)=P(B)=—Z—,
P{min(X,¥) <1) =1—P{min(X,Y) > 1} =1—P(X >1,Y > 1) =1 — P(A B)
=P(A+B)=P(A)+P(B)—PAB) =230,
11. [BYBRX,Y) R D:2* + y* < 9%a® FIRMBSH7,

’( ’ ) D
LK, Y) W%A%Eﬁﬁ%ﬂx,y)—J () €

0, (xyy) &D

p=P{X*4+9Y’ < 9a%} = J]. f(x,y)dxdy=%,ﬁ(3).
2249yt <oa?

2. IRIBEH(X,Y) BRI ZMEER 54, BTLL(B), (C) (D) A EHM, RH % p =0 8, X,
Y AMEMSL, BT LA (A).
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O BEE

13. (@YD) BH P(XY=0)=1,Ffl P(X=—-1,Y=D=P(X=1,Y=1)=0,

1

P(X=—1Y=0)=P(X=—D =7, P(X=1,Y=0)=P(X=1)=71—.

1

P(X=O9Y=0)=0, E’.

(X,Y) WEREHMEN.

P(X=0,Y=D=P{Y=1=

Y
0 1
be

1

- = 0
! 4

1

0 0 -
1

1 T 0

@)AIPX=0,Y=0=0#P(X=0DPF =0 =%,ﬁﬁu XY FHEMSL.

[BID |’ A={RENEn MRE),B={FEFEn PTATE},N
PBI|A)=PY=m|X=m)=Clp"(1—p)"™ O<m<n).
(2)P(X =n,Y=m)=P(AB)=P(B | A)P(A)

14.

n

i"_‘e_“ (O<m<n,n=0,l,2,"').
n:

15.[8Y()H(X,Y) WA REBUE X (0,0),(1,0),(0,1),(1,1).
_4 4 4 4 6 6

=Crp"(1—p)"™

6 4 6 6 6 9
P(X=1,Y=0)=5Xs=5 PX=1LY=D=X5H=0
Y
0 1
X
4 6
0 %5 %5
6 9
1 25 %
4 3 4 6 4
@) P(X=0,Y=0)=r-X o =7, PX=0Y=D=pXg=10
6 4 6 5 1
P(X=1,Y= 0)——0 3_ , P(X= lY—l)——O 9-——3—.
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Y
0 1
X
2 4
0 5 15
4 1
! 15 3

1;(1’93’) €D,

16 . [BY(X,Y) WS EEREY f<x,y>={0 (z,y) & D

[ ay=2z0<z<1,

0, HAlb.

1 1
¢A) E]yﬂE(X)=JxX2xdx=%, E(X2)='[ ' X 2rdx =
0 0

W feer =" flx,ydy =

1
2 *
2

B A D(X)=E(X2)—[E(X)]Z=%, D(Z)=D@@2X + 1) =4D(X) =3

+o0 2r
17 [ Ho<x <1H, fyl(z) =J_mf(z,y)dy =L dy =2z,

2I90<x<1~

glxgoﬁx>1ﬂfj‘,fx(x)=0yﬁ)fufx(1)={0' H A,

y
1-2o0<y<2,
I%Jmfy(y)={ 2 Y

0, HAtb.
(2) H2<OB,F(2)=0;%2>28,F(z)=1;%0< z < 2 B,

2
b4

1 2r—=z
P(Z>z2)= ﬂ f(x,y)dzdy=.[idxj dy=l—z+I,
r—y>z 2 0
2 zz

F(z)=1—P(Z>z)=z—T,

P4
1-Zo0<z<2,
Efl«'lfz(z)={ 2 i

0,  Hft.
18. 18I0t 1= dz [ paay= A=V Fy ) dedy =24, 8 A=,

n
12+y2<l

(D) ARBD 2’ + 57 < %,ﬂU(X.Y) HERE D MR Y
p=ﬂ%(l—\/:c_2+—y2)dxdy=%.
D
19. B XY IR R M A0 RIS T 3 T s R TRt i, T = X 4 Y,

, _ 5% ,x >0, _ 5¢7,y >0,
EEEiﬂ%!%%X’YB@%‘*E%fo(x)—{O, T, o=l N2
§t<0B¢9FT(t)=O;§l>Oa‘J‘9
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Fr()=PX+Y< )= ﬂ. f(z,y)dxdy = J] Fx(x)» fy(y)dxdy

rry<e Tyt

=25-|‘r e_sr dle—.z e_sydy =5j‘ e_5, |:1 _ e—;‘:(:—x):ldx
0 0 0

=5J.‘ (% —e¥)dxr =1 —e™) —5te™,

t << 0,
T%%E@ﬁ%ﬂt)—< s
25te 9t>0

Y BN XY HEM BERAESS M, BT XY WEEHE RN ESS A, B

Z=2X—-Y+3BRMNIEFST.H
E(Z)=2E(X)—E(Y)+3=5, D(Z)=4D(X)+D(Y)=9,

(252

1 -
|4 (=)= B,
W Z MEEREA f2() Sme

1

_7_2<I <29
COBYD Bl X EXE[-2,2] ERASSTSH,BTEL fx (@) ={4

0, Hft.
(Y,Z) mﬂﬁgmﬁyg(—]d_1)7(—111)’(1y—1)9(171)-
P(Y=—1,Z=—1)=PX <1, X< 1)=PX <1 —J:: %dx =%

P(Y=—1,Z=1)=P(X<—1,X>1)=0;
1
P(Y=1,Z=—D=P(X>-1L,X<D=P—1<X<K 1)=J_] %dx=%;

PY¥Y=1,Z=D=P(X>—1, X>l)—P(X>1)—j —d:c=l

4
(Y,Z) BB T

z
-1 1
Y
1
—1 T 0
1 1
! 7 T
—2 0 2
@OHY+Z~ 1 1 l),ié
4 2 4

E(Y+Z)=—2X%+0><%+2X%=O.

E(Y+2Z)=(—2) x%+oz x%+22 x%=z,

M DY+ 2Z)=2.
[BIEN P(Y=1)=0.6,

. Coly—pyPX=0Y=D_o03_1
B P(X=0|Y=D="Fo—=rF=7
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_P(X=1Y=D 03 1
PX=11Y=D=—F% 53— =0%~7

23. [RID1 =cr°°dxf°°xe"‘y+”dy ——
)

<00
(2) Y2 <O, fyx(x)=0;Yx >OHTf,fx(1)=J ey =7,
V]

400
i’ly<03¢,fy(y)=0;§'=’ly>OH¢,fy(y)=J ze o gy =1 .
0 (y+D

BRYE 2 >0,y >08, f(x,y) #& fr(@)fv(3) . FL X,Y RAAE M.
3) ¥z OW,F,;(z)=0;
Y¥2z2>08,F,(z) =P(Z<2)=P(max{X,Y} <2)=P(X <2, Y<2)

z z A1 e—:(=+l) _1
= Ty =]—¢e" _—
Jodxjoxe dy=1—¢"+ ot
]. — e—z(z+1) 22' + 1 ety
-z — —zlz . > O’
y fz(z)={e z+D? =41 z
Os Z < 0.

3
oo 3x2,0<x <1 —(1—yH,0< 1,

0, Ff, 0, i

1X=i=%Mdy=%__
L s

0
oo oo o0 oo oo
25. [ EBJ dx'[ f(:c,y)dy=aJ.o xdxj e"’dy=afo ze‘dr=1,8a= 1
(2)%1‘ <0B‘Jl’fx(l‘)=0;
+00 +oc
§x>oﬂ‘fyfx(x)=_[_ f(:c,y)dy=J re’dy=xe™.

xe—: ' > 09

;%fx(x)={o’ x<0.

+eo ¥
Hy<OoBfr(y)=0;%y >0, fy(y)= J fx,y)de = Jo:ce"dx = %y’e".

1,

. _y’ >09
T’%fy(y)=<[2ye Y
0, y<0.

B f(x,5) # fx () fr() BB X,Y RML.
M={2—f,o<x <y
o, w,
26 URI B X ~ EQOJF ECX) =3 =5, A1 A = RBEHA Y = min(X,2).

(3)fx|y(l' | y) =

Hy<O0B,F(y)=0;% y>208,F(y)=1;
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27.

28.

Ho<y <28, F(3»)=PY<y)=Pmin{X,2} < y)=PX < y)

o, y<0,
BYBABATHFO) =41 _ ¥ o<y <2,
1, y>2-

+oo x
(IO <z <1Bt, fyx(z) =j flx,y)dy =f 12y%dy =4z°, [
—oo 0

Fe(a) {413,0<x<1, 12521 —y),0 < y < 1,

x =

* 0, M, 0, Hib.
BAAE0<y<z<1BF,f(z,y)# fx(x)fy(3), BT X,Y Ryhisr.

FIH £y (y) =l

oo 1 4
(mmxn{_pmunu=Lumx=§,

3

+-o0 1
EY) =J_myfy(y)dy =_[012y3(1 —y)dy =3

oo +oo 1 T
EXY) = dxf zyf(x,y)dy =dej 121y3dy=%,
—co 0

—oo

B3k Cov(X,Y) =E(XY) —E(X)E) =%,Efl/‘l X, Y X,

+oco
(S)fz(z') =J_ f(l' 9Z‘"I)d$9
Hz<O0RHz=20,f,(2)=0;

3
z

BoLz<1 B‘.",fz(‘z)=.’.:x 12(z — x)%dx =3
z

1 3
Bi1<<z <28, f,(2) =J“12(z—x)zd:c =%-—4(z—1)3.
7

0, z<0§‘?.222,
3

z
Efuﬁfz(z)=?, 0<Z<19

3

52——4(z—1)’,1<z<2.

(1D B X,Y EM HERARREES S, FTX,Y) MBS B RN

1 _x2+2

f(x,y)=-2—ne : (—oo < z,y <+ o),
Fyw)=PU < u). Y u<<0RBt,Fyu)=0;

1

Huz 0l ,Fy(w)=PU<uw)=PX'+Y’'<u)= J] —e ’ dxdy

2n
.tz+y2€u
u

1 (2= i 2 _u
=om dﬁj re ‘dr=1—e ?*,
[} 0

0, u <0,
mufuw={1% WU RASEON L =+ M.
e yu =0,

(2XEWU) =2,DWU) =4,
+ 385 .
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PWU>2,U>4) PU>Y
PW>2) PWU>2)’

HAYPWU>SH=1—PU<L)=1—0—eD=e?,PU>2D=1—U—e")=¢",
UL P{U>DW) |U>EWU))} =e

29 [BIPWU < u)=P(max{X, Y} <u)=PX <u,Y<u)=PX <P <u,
PU<L19) = P(X<LIOPY K196 =[P(X=0+PX=DIPY <196

PU>DW |U>EW}=PWU>4|U>2)=

1 3
=(§+—8-)d>(1.96)=0.4875.
PULDH=PX<K<DPI K 1)=7 X @®(1) =0.4205,
mP(1I<UKL1.9)=PWU=<1.96) —PWU <K 1)=0,067.
190<I<19 e_'v,y>0,
30. X ~UW,D,)Y ~EM=fx( )={ - )={
0 (%l fX * OvK'ﬂ{.]n f} Y 09 y<0.
e, 0<<x<1l,y >0,

lﬁjﬂX,Y*ﬁﬁzﬂ!ﬁJaﬁuf(:c,y)=fx(:c)fy(y)={0’ ﬁ{ﬂ_’“
FRF,(2)=P(Z<2)=P(X+Y<=z2)= H flx,y)dxdy.

rty<z

g] ZQOHﬂ',Fz(z):O;

Wo<z <M, Fyp(z)= J] f(x,y)dxdy=J;de:_xe_’dy=z+e_’—1;
0
riy<s
M= 1H,F,(z)= H f(x,y)d.rdy—J dl‘J eVdy=e*—e " +1.

-

r+ysiz

JO’ Z<0 JO; z<0
Bl F(z)=<z+4+e"—1, 0<<z<<1l, fr(z)=<1—e", O0<z<l
e —e " +1l,z21 (e—De ",z =1

(DEZIX+Y ~NEC,,FUP{IX+Y < 2}—1

QIPIXY+1<X+Y}=P{(X—-1D(Y—1) <0}
=P{X <1}P{Y>1}+P{X>1}P{Y <1}

1 1 1 1 1
=3 XE-l'?X——

DY LA B B B R AR

QO HERE

Bl (4] 1
1.[RIEX) =j_ rf(x)dx =J_lx(l + x)dx +J‘ox(1—.r)d.z =0,

o

1 1
EX*) = I_lxz(l—l z Ddx = Zjoxz(l—x)dx = %,mﬂ DX)= EX»H—-[EX)]} =
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2 2 _6
Al —~ ,I = —=—.
2.M8IBAX ~B(3,5) MECO=3X &=
3.MBIEN EQXO =np,DX) =np(1— p),ECX) =D(X) +[ECOT =np(1 = p) +

np® B np '=5,np(1—p)+n2p2=8?5,m1§n=15,p—_-%_

o0 4o oo , 1
4BV BN foode =150 ket dr =20 Ve dz =2k =18 £ =1,

oo oo
?EE(XZ)-—“J xzf(x)dx=%><2jo zle™dxr =T'(3) =21 =2,

—o0

5.[#&1X ~ B(12,0.5),
E(X)=6, D(X)=3, EX»)=DX)+[E(X)]*=3+36=39.

0, <0
6.[%@][’3%}X~E(/\),F)qux(z)={l . * ED(X)=A_12—’
— ¢ y X =
m P(X > /D(X)) =P(X >/1l)=1—1>(x<l)=1—1=x (Al)=e'l.

A
{l, 1< <2,
7. VR BEHLE R X B EREN () =13
0, it

P(Y=—1)=P(X < 0) =j° liz=1, py—oy=pPx=0)=0,

-1 3 3
P(Y=1)=P(X>0)=%,
—1 0 1 1 o
3 3
M D(Y) =E(Y?) —[E(Y) ] =%,
(6—0)? )
8. [t D(X))= 12 =3, DX,)=4, DX;)=31%

D(Y)=D(X, —2X,+3X;)=D(X,) +4D(X,) +9D(X,) =3 + 16 + 27 = 46.
9. [RIEN X ~P(2), Ll E(X)=D(X) =2,
FREXY)=4E(X)—3=5, D()=16D(X)=32.

10. UMYt P(2 <X <4)=0.378 @(ﬂ)—q)(?):o.a, qs(é):o.s,

[

2

0—2)=¢(_§)=1_¢(:)=o.2.

B!lJP(X<o>=<1>(T

1

11. U8RI B X ~ U[—1,3],Y ~ 3(10,7) ,Z ~ N(1,3%) 18

4 1 1 5
D(X)—g, D(Y)—lOX;X?—g, D(Z)=9,



EFEFENEA 1800( B ¥ —)/BEHR

12,

13.

14.

15.

I6.

17.

FR DW) =D(X)+4D(Y) +9D(Z)=%+10+81=92 %

[)E(XY) —E[X | X —a |:|=j:x |z —a | f(z)dr

[421Cov(U,V) =Cov(3X +2Y,3X — 2Y)
—9Cov(X ,X) — 4Cov(Y,Y) =9D(X) — 4D(Y) =32D(Y),
B X,Y #3,8D W) =DBX +2Y) =9D(X) + 4D (Y) =40D(Y),
D(V) =D(3X — 2Y) =9D (X) + 4D(Y) =40D(Y),
CovU,V) 32D (Y) 4
/D@ YOO JIDM) - /ED) 5
[#&1D(Y) =4D(X) =36,
Cov(X,Y) =Cov(X ,2X +3) =2Cov(X ,X) + Cov(X ,3) =2D(X) + Cov(X,3),
B % Cov(X,3) = EGX)—E®EX) = 3E(X)—3E(X) = 0,§7l Cov(X ,Y) = 2D(X) = 18,
Cov(X,Y) 18
TRew = 5% /oy 3x6
[#2] Cov(X,Y) =pxy X /D(X) VYD) =3,
D(3X — 2Y) =9D(X) + 4D (Y) — 12Cov(X,Y) =36.
[RIE(X —2Y +3) =E(X) —2E(Y) +3=2,
D(X — 2Y +3) =D(X — 2Y) =D(X) + 4D(Y) — 4Cov(X ,Y),

B Cov(X,Y) =pxy X VD (X) VD) =——§- X3X1=—2,1%

D(X —2Y+3)=D(X) +4D(Y) —4Cov(X,Y) =9+ 4+ 8=21,
FRE(X—-2Y+3)?]=D(X —2Y+3)+[E(X —2Y+3)]"=214+4=25.

F}fupw=

1 2
e ' (—oo < gz <4 00),
24n
oo 1 [+ 2
E(IX—Y|)=E(|Z|)=I Izlfz(z)dz=—J' ze ‘dz
oo Jxdo

2 [*e —# 2y 2
=J—;L e d(z)—j;’
EHXE( Z|H=EZ)»=DZ)+[E@Z)]) =2,

LD Z ) =E( Z 1) —[E( Z |)]2=2—%.

[(RYS Z=X—-Y, M Z ~ N@,2),f,(z)=

18. [#RYICov(X, Y) =pxyv/D(X) + VD) =—0.3X1X3=—0.9.
Q EEE
19. (RIE((X — O] —E[(X —p)*])= [E(X*) —2CE(X) + C*]—[E(X?) — 24E(X) +p*]

20.

=C?+2E(X)[E(X)—C]—[EX)J =[C—EX)] =0, (B).
(B EHK EXY)=EX)EX), LA Cov(X,Y) =0,
- 388
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X DX +Y)=D(X)+D(Y)+2Cov(X,Y), il D(X +Y)=D(X)+ DY), (B).
21.[fRID(aX +bY) =a’D(X) +b*D(Y) + 2abCov(X,Y),
D(aX —bY) =a’D(X) +6*D(Y) — 2abCov(X,Y),
BH DX +b6Y) =D(@@X —bY),Bilh Cov(X,Y) =0,B1 X,Y RHI%,#(B).
22 (&) BN Cov(X,Y) = E(XY) —EXDEW),Fili# E(XY) = E(X)DE), W% Cov(X,Y)
= 0,F& X,Y FHE,%D).
23. [BIEAH EXY) =EX)EX),FFA Cov(X,Y) =E(XY) —E(X)E(Y) =0,
i D(X+Y)=D(X)+ DY) +2Cov(X,Y),Fili D(X +Y)=D(X)+ DY), FH%
£HD).

1
_90< <29
24 . URY 1 X ~ UL0,2] 8 fy(x) =J2 *

lo, 46,
b 1[4 o1,
EX)=1,E(Y)=E(X )=—Jx dr =—,E(XY)=E(X )=—J-x dxr =2,
2Jo 3 2Jo
HA EXY) % EXD)EWM),BL X,Y —FHRE, 8 X,Y AT, &),
O BEE

25. [RI4 A ={B i " BEFEARK)G=1,2,3),X WTEERMEN0,1,2,3,
P(X=0)=P(A, A, A;) =0.9X0.8X0.7=0.504,
P(X=1)=P(A,A, A)+P(A, A,A,) +P(A, A, A,) =0. 398,

P(X =3)=P(A,A,A,) =0. 006,
P(X =2)=1—0.504 — 0. 398 — 0. 006 =0. 092,
‘ ) 0 1 2 3
L X Mt X ~ (o. 504 0.398 0,092 O. 006)‘
E(X)=1X0.39842X0.092+ 3 X 0. 006 =0. 6,
D(X)=E(X*) —[E(X)J* =1% X 0.398 + 2% X 0. 092 + 32 X 0. 006 — 0. 36 =0. 46.

26. [BIBRY ~BU,p),HP p=P(X >3)=1—-P(X <3),

1 0, x <0,

IE%JX~E(§) A Fx(x)={ .

1—e®, z>=0,
MiiT p=1—Fx3)=e'. B E(Y)=4e",D(Y)=4e'(1—¢"),
BEXYH=D)+[EWY)] =4e! —4e? +16e 2 =4e' + 12¢72.
27. (1) Bk P(A)=P(B) H P(AB)=P(A)P(B),fili%4 P(A)=p,

FR 2 —p' =S M8 p =5 B PA)=P(X>a) =,

2
M PX>a)=| %xzdx=%<s—a3)=%,w§a=‘ﬁ.
1 _le 324, =3
(Z)E(Xz)— OIZX g% dx—4.

28 [BIX WM AP(X =b)=0—p) " phk =1,2,-),
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E(X)=DkP(X =k)= D kp(1—p)* " =p D k(1 —p)*™,
k=1 k=1

k=1
1
1—x2)%

4

&S = Dk S = (D2t = (= )'=(
k=1

k=1 I—=x

EX)=p > k(1—p)* =pS(1—p) =%=10.
k=1

E(XH) =Dk P(X =k)= Dk p(1—p) " =p D k71— p*™,
k=1 k=1 k=1

S (x) =D kz*,
k=1

M S, (x)= D [kCk —1) +&]z* " = D kG — D' + Dkt
k=1 k=1

k=1

—_ N — k—2 —1_= N E\ 7 —l_
=z D kk—Dzx R x(’g;x) +a

2
k=1 )

_ x ” 1 _ 1+=x
—x(l—x) tTa—o  a—=¢

éﬂ[E(XZ)=p§kz(l—p)“' =ps,(1—p)=2—;—'ﬁ=1go,

M D(X)=E(X*)—[E(X)>]* =190 — 100 =90.
29. (@1 RRBEWEN X0 X B5mmh

P(X=t)=C., 3x (i)H x3 - —1)(3)2(l)H,k —2,3.0

k—lj[ 4 4 2 1
s 3 2 1 n—2 9 > 1 n—2
E(X)—Enx(n—l)(z) (Z) _EE"X("—D(Z) ,
b o 2
£S5t =DNnx =Dz =(X=)" = ({Z5)"
n=2 n=2 1—=x
, _5 3\ (1\"2 9 (1) 8
B 1A E(X)—EnX(n—l)(I) (T) -ES(I)‘§
\ le 0<I <60,
30. (UBYEN X ~ [0,60], BTLL X B8 BERECN f(2) =460
0,  HAh.
Js_l'y O<JJ<5,
St 25_17? 5<l‘<25,
i 8] 1 T, T =
WESHEER T, lss_x’ 25<x<55’:j=%

400
E(T) =J' T f(x)dx

]' 5 [ 5 55 60 -
—@Uo(a—x)derL (@5 —2)dz + | (55— 2)dz + | (65— 2)de ]
=11. 67(4H4).

LS =1 x 1
31.(%1]Y~B(4.p),H—th—P(X>?)—J§ ~cos Tz =,

+ 390 -
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E(Y*)=D{)+[EX)]} =5.
32.[RIBRX ~BQA0,p),HF p=PAL<22).BHL ~ N<18,4),ﬁﬁul%18 ~ N(0,1),

L—18

EfUp=P(16<L<22)=P(—1< <z)

=&(2) —P(— 1) =B(2) + (1) — 1 =0. 8185,
BEIHE(X) =np =10 X 0. 8185 =38, 185,

D(X) =npq =10 X 0. 8185 X (1 — 0. 8185) =1. 4856,
;: : iiii:i’(i=l,2,m,lo),iﬁX=X. + X X F R
E—REES MR TEMERRNO0.9, 5L 20 MIIREHATES i NS T HERBE R0, 92 M
M MEFATEABEEN1—-0.9°,00 X, RN

0 1
0.9 1—0.9%
FREMX)=1—-0.9°G=1,2,-,10), ATi &

33.[R14 X, =

X;N( )(i=1y2g"'910)

10
E(X) =D E(X,)=10(1—0.9%) =8. 784.

i=1
34 . [(BID(X,,X,) BATREEE X (0,0),(0,1),(1,0),(1,1).
P(X,=0,X,=0)=P(X,=1)=0.1,
P(X,=0,X,=1)=P(X,=1)=0.1,
P(X,=1,X,=0)=P(X,=1)=0.8,
P(X,=1,X,=1)=0.
(X, X,) WKEAmERN

X,
0 1
X,

0 0.1 0.1

1 0.8 0
0 1 0 1 0 1

(2)X1~( )y Xz’\'( )9 X1Xz~( )9

0.2 0.8 0.9 0.1 1 0

E(X))=E(X? =0.8, EX,)=EX})=0.1, E(X,X,) =0,
mIJD(Xl)=0.169 D(X2)=0.099 COV(X],Xz)-:"0.0g!
COV(X[,XZ) 2
TR ox,, = -2
V1o v ilVis1e s RINE
35. (8] LBrefichh L X EIH00,L ]38 X,Y M A 76 50 b a0 Ak 4R , W6 & 2 ] (o BE 5

1 - 1
T 0< <L9 J_y 0< <Ilq
fx(x)z{-’l SEST ey =41 Y
0, Hft, 0, Hfb,
» 391 .
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36.

37.

38.

1
JF90<I éL,0<y<L,
0, HAtb.
}-0o +o0
FREWU=E|X-YI|= dxj_ |z —y | f(x,>y)dy
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, 1., — 1\2 1 _1
| F@ < gl +a -2 ]—(x—?) +7<5
GEBEYOD) MEZE » € (— 1,1, BEFI>PEEHE, B
F)=fO) +zf [0(x)x], HF 0<O(x) <1,
HH f(x) € C(—1,1) H f(x) # 0,5l f(x) #(—1,1) BEE KRR (=) >0,

F(x) TE(—1,1) R, XHF x # 0, 0(x) BHE—H.
) hEHAKX,.HB

F2) = £+ f(Oz +f2(f)xz,£clﬂ AT o5z 2,
M ) =F(0) +xf [0z ], B

FI0Gz]= f(0)+f”(€) f'["ez)(l;f"‘”.au)=%§5—),

&z~ 0, Bl S SEMBE L KB, lim (2) =

CiERY e B A X%

(&) =r@+ @ +b—a)+%(f‘3(#—a)z,s, € (a,2F2),

(B =rw + 5w (45 b)+f’;(!sz)(#_b)2’sz c (a—zi—b,b)

mr(tr2) = f(a>+(”_8“)f”<e.), 7(E8) = ey + &2 b=a) e,
0

FRHRS £ — f@) =‘—“’[f'<s,> — 0Ty

B HER | £ — f(a) |<

[I FreED 1+ 1D 1

D % | G 121776 B E =& JUH | /@) 1> ! SAFLORVICNE
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(@2 % | e I<] f/&) | Bt B e=¢,,UHF | /(&) |> | £ — f(a) |.

60. LER] B RHARB

61.

62.

f(E)

FE=D=FO+ f(0)(— 0)+f,(0) -0+ —""(=1—-0)%,¢, € (—1,0),

F7ED
31
f7ED

_ £ _
=0, flO+ =+ =1,

f"(O)

FO=FfO+FOA-0)+"—0—-0)7+

(1—0),¢, € (0,1,

f'(O) _fTED
6

mtmﬁ«%f () + f7(&,) =8.

BH () E-L]) EZHBEET S B 7 (x) e, .6, ] LESE  HERRBRESE
B, f"(x) 7E[€, 6, ] LRBIB/ME m MBKMEM, 8 2m < f76) + £7(&,) < 2M, B
m <3< M.

B AR A L EERPAEEE,FEE € (6,,6,]C (—1,1),68 r7(&)=3.

GERY EH f(x) % (a,b) RIS, LA

Bp £CO) +

f(a)=f(a+b)+f (a +b)(a—a—zi-b)“‘f”z(!&)(a—a;-b)z,
f(b)=f(a+b)+f (a +b) (b_a;—b)+f2(!$2)(b_a_2|_b)z’
s g € (.25 e € (2520).

RRAIME @)+ r0) — 27 (252) =L ey + e

N () #Ea,b) WL, 7 (x) fELE, ,ez]J:i%i,Mﬁf”(x) 1E[E,,8,] FEF

B/ME m AR M 8 m < L6 erf”(&)

HMEEHR,FHE € € [£,,6,]C (a,b), B

=M,

FrED+ £ D
2

=f0($)s

¥ Fla)+ fb) — zf(“+”) (b

2
XL + 771 =~ L2 e,

DIBYf () =f()+ Fle)z —¢) +f;f$)(:c -, P eNTFc 5z 2N,

OUERYI 2514 = =0,z =1,18

FO) = f(o) —f'(c)c +f (5‘)

6‘2961 E (096‘)9
f”(f )

FQO=fE+ A —c)+ (1—c)?,8, € (c,1),

f”(fl ot f'(Ez)
21

BB, B () =1 — F(0) + Q- fABmEKE, B

| /() 1< 2a +7[cz+(l—c)z],
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63.

64.

65.

BRE+A—)?2 <1, £ ) |<2a+—

(DAY i lim f(“

W £z B‘Jﬁiﬁl’lﬁﬂﬂ HARBETH ALK
P )_f ©

BT 1B £(0)=0,f(0)=0,f"(0)=0,

3 +f(l) (8)14

HbefnFo5 o ZM.

OUEBY EAFHBAB] frdr =5 [ FO@z'de.

BH ) El—ara] L RESERHFLU £ (2) E[—a,a] LREFEKEM MM
{Em,ﬂz%ﬁ 7'117'1 <f(“(5)1'4 <M14y

BWihE—a.a] J:ﬂﬁ”f%zm s r [P (®rtdr < %as s

5

f‘i A1 1
Wi 2 < [T 0 @rtar <

Fan <% s <n,

BRENEEHE,FEE € [—a.al . BB

£ )=—J flodde B a® £ E) =60| fx)dz,

BHRSHEER,FEE, € [(—a,a]. R

@ £ 6 =60]" flx)de =120af 6 B @' £ (6 =120 (6.
f”(xo) £ (:co)

GEBYH f(a)=fG)+fz)(xz—x)+—F—(x —x) ! +—F— (= —x)¥+
“)(E )
f 0 ! (x —zx)
(€]
f&) = fla)+fzd’ xo)+f(x° (x '—xo)2+fz(f°)(x'—xo)3+f4’(52)(1'—10)‘,

w1
F + fG —2f (z0) = f(zo)(z — 24)° +§11[f“”($,) N — 20
flx)+ fx)—2f(xy)

(x —x,)°

<2l4[| FEED |+ £ 1 =z,

:F%lf”(xo) -

HH | F@ <M, B
F2) + f@)—2f(xy)

(x —x,)°

M
<_ — 2
12(1 xo)°.

f”(xo) -

GERBYE £/, (@) >0, f - (b)) >0,

B, (@) >0, BEEz, € (a,0),818 f(z) > fla)=0;

B f_ ) >0, B z, € (a,0), [/ f(z,) < fb)=0,
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66.

67.

68.

69.

70.

AR D) fx) <0, FUBBREEE,HEEc € (a,b),#18 f(c)=0.

4 hix )—f("),ﬁ"&ﬁ hiz) fEla,b] %%, h(a) =h(c) =h(b) =0,

FTEE, € (a,0),8, € (c,0), B R (g) =h"(g,) =0,
f (x)g(.z)—f(.z)g @) e fiEng ) — fENg ¢) =0,
gi(x) &g &) — Fg)g (8, =0.
L o(x)=f()gx)— fx)g'(x), @) =0, =0,

MP/REHE,FEE € (6,6, C(a,b), 1] o' (&) =0,

WA (z)=

" _ ” f(E) f”(S)
Mo’ (x)=f"(x)g(x) — f(x)g"(x), FTATS ORPLGE
. . fl)—=f) :
GERI AR lim —————=f". (@) > 0, FFUFES >0, 4 0<z —a <d B, H
f(x) — fla)

T —a >0, ATl f(x) > fa), FREE ¢ € (a,0) .18 f(c) > fla)=0.
mﬁﬁ*fﬁ%ﬂyﬁﬁ 51 G (ayC)952 € (va)yﬁﬁg

f’(51)=M>0, FED M<O.
c—a b—c
HHESPHEERER f(2) AT 84, FE e € (£,,8,) C (a.b) B
/7 f(fz f’(EI)
)= 6 —¢, < 0.

GERI ARG e <o, B PEHEHR,FEE € (0,a),6, € (bya +b) .18
fla)—f£0) = f"(&a,
fla+b)—fb)=f"(&)a,

FRHEBE fa+b)—fla)— fB) =[f(&,)— f (&) ]a.

B () >0, BFLh £/ () B, T &, <&, BTLL £(&,) < f'(&,),

W fla+b)—f@— ) =[f&)—f&)]a>0,H
fla+b)> fla)+ F(b).

GERRY 2z, =Ax, + (1 =)z, W 2, € [a,b], HEHARE

f@y=flx)+ f(x)(x —xo)+f (5)(1 —z ) EPENFr, 52 20,

BWH f(x) > 0,BLh f(2) = flzo) + f(z) x —2x,)s
Af(x) ZAf(x) +Af (x)(x, —x4) s
A-DfE)Z2A=-DfE)+A—=f (x )z, —x,),

P, 8 Az, + A =Dz, 1 <Af (2 ) + A =2) fx,).

TR

GiERE) EHlmf( —1,%8 £(0) =0, (0) =1,

XA f(x)>0Hx # 0, f(2)> fO) + f (D ==z.
ERAY 2 o (x) =™ f (x), 0l () E[0, + ) HAT &,
X = 1,0 @)= e"[f(x)— flx)]<0x > 0),FUY £ > 08f,p(x) <) =1,
BUE f(x) <e (x >0),
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71.(iERBY 4 zo =k, z, +kyx, + -+ k2, BR 2, € [a b].
B3R f(x) > 0,8l f(x) = flxo) 4+ f(ao)(x —x0)s
BBz =x,G=1,2,,n),18%

flz)) = flx)+ fa)lx,—x0)s
Jf(xz)>f(xo)+f’<xo>(.rz—xo>,

\f(.r,,) = flx)+ fa)lx, — x4
Mk, > 006G =1,2,,n), ERERGHITRE £, G =1,2,-.n) . 5
Eif(x) =k flx)+ fadk(x, —x4)»
k, f(x,) =k f )+ @bz, —x0)s

ko f(x,) =k, f(x,) + [k, (x, —x6)s
W ERERSTARIN, B f(x) <k flx)+Ef(a,)+ otk (2,
flhyzy Fhoz,+ o+ k,x) <k flx)+hf(x,)++kf(x,).
72 . GEBAY A ¢(z) =(z* — Dinz — (x — D?,0 (1) =0.

¢ (z)=2zlnx —x +2—%,¢'(1) =0, ¢"(z)=2Inx +l+i2,go”(1) =2>0,
x

2—
50,”(1:) =2(IIS 1)’

"z)<0,0<x <1,
1] {z”(z) o >11 Bx =1 % ¢"(x) HOMR/IME , 00 — b8 M /N A

AL TE/MER " (1) =2> 0,8 ¢"(x) > 0(x > 0).

e’ (1) =0, e’ (2) < 0,0 << x <1,

Eh{qo”(x) > 0(x > 0),4 ¢ () >0,z >1,
Bz =1% o(zx) HHR/MES, R RAMER, i B/MEN ¢ (1) =0,
Filk z > 0Bt ,0(z) = 0,81(z* — Dlnz = (z — D™

73 [EBY HiE— 2 f(x) =2 + DIn(l +x) — 2arctanz , £ (0) =0.

V241 2 (4D’ —2x +42—1
14+=x 14+z° A+2)A+z?

SHWZ+ Dzl —2z +42Z —1,EBHA=4—4G2+DEWZ—1D=0H/2+1>0,
FRLG/Z 4+ Dx? — 2z ++2 —1 2 0, Aifi £/ (x) = 0(z > 0).

fi(x)y=0(x>0),, arctanx «/—+l
= = ’ .
£(0) =0, Bf)=f0)=0x>0 EI]I Otz ) (x>0

)=

’

1 1
/\ — —
FEZ f(z) =arctanz ,F(z) =In(14+2), f (z) 2,F (x)= T2

B £(0)=0,F(0)=0.
MR EEHE,FEE € (0,0),EH/

arctanx =f(x)—f(0)=f'($)=1+6
In(1+z) F(zx)—F(©) F(& 1+¢"
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74.

75.

76.

1+=x , 1—2x —z°
4 =T = = 9/ = — 1.
2 o(x) — B¢ (z) DY 0,8 z=y2—1
HBr€ON2—DH,f(2)>0:%2 € (W2—1,40) B, f (z) <0, z =v2 —1
H p(x) H 0, +0) PEIBATA  BAMEN M=o WZ — 1) =ﬁ—2+—1,

arctanx =l+$ VZ +1
InQ4+z) 1+ 2 °

1

B LA

Inb — lna
[iERAY & S5k B < .
b—a «/E
ExmTIng - 1 —Ina) — 278 < 0, FBS 0 (e) = Ing — Ing — E—8
- - ] ~ = - - *
b—a vab Jab ? Jxa
, 1 141 a Wz —+a)?
pha P x JE(ZJ; 21«/;) 2x vJax e
ela)=0 Inb — Ina 1
=0(z) < 0(x >a),Mib > a,Fill 0®) < 0,B <=
¢’ (x) < 0(x >a) L = >a) @Bl o ®) < l]b—a Jab
. 2a Inb — Ina
ﬁﬁaz—i-bz b—a
FiE— EH < e e (nb — ne) — 206 —a) > 0, S
a‘+b b—a
fz)=(z*+a")(nxr —Ina) — 2a(x —a),fla) =0,

2 N2
f'(x)=2x(lnx—lna)+x+c;——2a=2x(lnx—lna)—l-(x—a)>0(x>a).
gy [7¢4) =0 =>f(2) >0z >a) HlHb>a,FF £6) > fa) =0

x ’ ’ =0,
F(x) >0z >a) T ? *
2a Inb — Ina

Ep

a®+b? b—a

- A _ alndb—Ina 1
BEZ L f@) =z, MfFEe € (a,b),ﬁﬁﬁ—?,ﬁ*0<a <&<b,M
1 1 2a L 2a lnb—lna'

T Tt P

[ARY A 4R I R BOR 52k , 18 y'=3ljﬁ.

y —X

4y ;;fi=mﬁy=&mﬁﬁy=%xﬁAEﬁﬁﬁx=%wEﬁﬁ%y=%.

v _ ' =2)By' —z) = (y —2z2)(6yy’ — 1) 11,
” , 1
S|,y =R < OBz = HERMEKMES, BBAS y =

GEMAY 4 o (x) =e[f(x) + F ()]
B @0 =¢(1) =0, LA B /REH,FIE c € (0,1) 18 ¢'(c) =0,
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77.

78.

79.

80.

81.

Wi o' (x)=e"[f'(@)—f(x)]He~ =0, TR f/(c)— f(c)=07E(0,1) HAR.

TRYf (z) =20 BEHF A = 202" —3z°,

4 ¢(x) =20z —3z°, @ ¢’'(z) =60z’ —15z' =0,f% x =2,

¢"(x) =120z — 60z, BN ¢”"(2) =—240 <0, fill z =2 N o(z) HRAE A BRE
K o(2) =64, A ELW 64 0, H f(x) = 20.

GERYERN £/(x) = 0,BL f/(x) BERR, % 2 >0/, f(z) = (0 =1

W >0l f(x)—f(O)= f'(&):r,bkﬂﬁf(x)>f(0)+x,Elﬁxljﬁo[f(o)+x]= o0,
B lim f(x) =-4o°,

Toe

B f(x) 7E[0, + o) L%, H f(O)=—-2< Oyrlimwf(x) =+4oco, M f(x)=0%
0, +00) HELH —IR,XH () =1>0,BHFRIREHE—K.

(DGERAY A ¢, () =f,(x)—1,HAA 0,(0)=—1<0,9,(D=n—1>0,Fklg,(z)
7£C0,1) C (0, +0) A —AZALEIHFB £, (2) =17E(0, + o) WA TR
BHhoe', (x)=1+2zx Heedax" >0, @, (x) FEO, +00) AR, BTl @, (2)
Z£0, +00) HIEEE—,FFUAFE f,(x) =170, + o) AEME—IER,IEN z..
OIBYIH f.(x,) — fan (x,0) =0,78
(x,,——J:,H.l)+(xf,—:cf,+‘)+°"+(xf:—:c::,,)=x:',i: >0, ATl z, > Tam BTz, )0y
BB, Xz, > 00 =1,2,), Blimz, FE. Rlimz, =4, BRAS 2z, <70 =1

d—z"
Bz, +z8+e+z —14#—% 1,

n

PR R o = 1,98 A =2 Blimz, =

[BYae =22 BMT 2% —a=0.
A flx)=zx%¢" —a,H fx)=Qx —ze” =01z =0,r =2.
M x <Oﬂ‘j',fl(1) <0;Mo<«x < 2 W, f'(x) >0;% x> 28, f () <<O0,

FE 2 = 0 /MERLB/MEN £ = —a <05z = 2 KWK BKIER f(2) = eiz —a,

X lim f(x) =+, llm f(.r)=—-a < 0.

I—>—00

¢)) éie—z—a >0,f10<a <gﬂa‘,ﬁﬂ7ﬁz/\tﬁ;

@ gf;—a —0, 8 a.=§ B, 7 FAMR.

3) g% a<0Hla> iz o, R A — A

[RY4 f(x)=x—3x +k, llmf(I)=—‘°° lim f(x) =+o°.

x>

B f(x)=3z"—3= 0,1%133%‘-5%31! = —1l,2,= 1 f(z)= 6x,f (=D = —6,
(D)= 6,8x,= —l,x,= 1558 f(x) AR B A5 R AR /M A, AR KB AR /ME 2 51
Hf(—1D=2+k,f(1)=k—2.
(1) H¥r<—28, FBRRE-ITR;
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82,

83.

84.

85.

@) Hhk=—28, FBREFHIMR.EP—AHr =—1,B—A T, +0) B,

) H—2<k <2, FBRE=ZAMR, AT (—c0, —1),(—1,1),(1, + ) K,
D Gr=28, FBEHME, - MIF(—o, — D K, B—4 Nz =

(5 Hr>28, FERAE /R,

(%El/\f(x>—kx——+1,f (.r)—-k—l——»x € (0, +o0),

7 > 0, FTLAR 2

(L EH k>0, Ehllmf(x)=—°°, 11m f(:c)—+°°,1f (x)—k-l—

0"

(0, +o0) WBH -,
(2) F k=0, lim f(z)=—co0, llmf(x)—l>0 Rf(x)—%>0,ﬁﬁl«1ﬁjiﬁ"iﬂ’f%3ﬁ

ot z+teo

— TR

1
D FE<O, llmf(x)=—°° hmf(x)——-oo/\f( )=k -I-——O:x =—,
.r-—'O x oo M ’ LA k

Xf”(x)=—F<o,Fqu flad=1=2/=k X f(x) WBKRE.S1—-2/—% =0,78

k =—%,Fﬁuk B‘JEK{E?EEI%{ka=—%EEk >o}.

(8] limf(x)—f|:l3n(l-+-.z):|= limf (&) ..z:—ln(21+:c)=i limf(é)
x-=0 x =0 X T 2 =0 X
R R N W S
3l o S i
Xﬁx>0,%‘ln(1+x)<$<x$m<l_x—l-x—)< £ <1=> hmxi—l H}Ellmi—l,
0" x—=0"

FRUARR =2.
[BIME y =F(2) TR, f() DML FTBIY — f(z) =f' ()X —2z),

f: ‘(x )) (WA RE

F) =%f"($.)u2,ﬁ'=|3 ENTFO5uzM,

S2Y=08uy=x—

F@) =3 Gt ok & AT 0 5 2 2 M,

af @) €D w o w o af(2)— fx)
TR o ~him e,y 1 7 = lim o =lim =
—lim zf'(x) —lim f(x) ()} _l
=0 xf(x)+ () w0 , Y= fFO O+ 0 2
f (x)+—x_

=g’(0) ’

(RICD) limf(x) = lim 2220 _ [gu) —g©

x-=0 X z-+0 x

Ba=g (OB, f(z)7Ez=0hb L.

. , x[g'(x) +sinz]—[g(x) — cosx ]
(2) Hx %0/, f(x)= :

x

1— cosx]
z
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86.

87.

88.

g(x) — cosx

ﬁﬁl.mf(.r)—f(O)_lim £ (0)__1. g(x) —cosx — g (0)x
Il"o s o r==0 x - xl—t’l:)l _1'2
I3 . _ )', ’ . 7 .
— lim & (z)+sinx —g (0) _ 1 lim [g (x)—g (O +smx1
x—0 2x =0 x x
=L’ +1]
7 .
z[g (x)—l—smac:l2 [gx) cosx],x;éo’
z
Ll fi(x) =
—Z-Eg”(o) +17, z =0.
(3) limf’(z) = lim zlg’(x) +sinz]—[g(x) — cosx ]
x-=0 x—=0 xZ »
— lim g'(z) +sinx +x[g"(x) + cosz ] —g'(x) —sinx
r—=0 2.1‘

= lim —;—[g”(.r) +1] =%[g”(0) +11,
B hlim s’ () = f7(0), FTEL f'(x) #E = =0 KEELE.
LESR] 4 ¢ ) = | fd,
B ¢(0) =) =0,FIUFFE ¢ € (0,1, 1 ¢"(6) =0,
i ¢’ (x)=e*[f(z) —J:f(t)dt] He™ # 0,8 f(&) =j:f(t>dz.

GERRY AE— EfE—1EREK P(x)=ax®+bzx’+cxr +d,.EH

PO =f(0 =1, P'Q)=f(1)=0, P(2)=f(2)=—g—, P(1) = f(1).

3
il P(x)=53—+ B——f(l)}xz-i- [Zf(l)—%}x—kl,

& g(x)= f(x)—P), M g(z) %[0,2] EERA R, H g(0) = g(1) = g(2)= 0,fl
B o, € (0,1, € (1,2), 78 g'(c)) =g" (1) =g'(c,) =0, XFHE d, € (c1s1)s
d, € (1,c,) 18 g"(d)) =g"(d,) = 0, BHPREM, FHE L € (d,,d) C 0,2),f#1%
g7 (&)= 0,M g”(x)=f"(x)— 2, Bl ) =2.
FE=Z AEHLKX.E

1 D

Soro=ro+ 5P LR e am,

FSAER, 182 = f—(e—):—m—)ﬁﬁ F7(2) € CL0,2] R EEFEE € € (0,2), M8 f(&)= 2.
[iERA)Y 4 A _b—a JEW f () Ela,b) BESBRFAYM, B f(@)=a <b=f0),

n

FRBL fla) =a <a+h<-<a+—Dh<b=f®), MFRNEERMBHEARALE,
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89.

90.

91

92.

93.

FlEa<c, <c,<eo<ecp, <b, g
fled)=a+h,flc)=a+2h,,flc,,)=a+(n— 1k,
HHMS R EEHE, 8
Sl — fla)=Ff"(&))(c, —a),&, € {ascy),
flead = fle) =f'(E)(c, — )18, € (c1rcy)s

@B — fle,o)d)=fF () —c,1) €, € (coeysb),

1 1 1 1 < 1
: : SNEE N PSR .
Mﬁjﬁ"[ﬂ&)ﬂ(ezﬁ +f(E..)] A TEy !

U Y B 6 00— I S5 IR R ) — B 2 B S 0, B o () =ﬁ,
17,
FR o (y) = d_x__d_( ) (f( )) d(f( ))/dxz[f'(x)jl __ @
¢ Tdy?  dy\dy dy dy/dz () )

GERRY BT EERSE () — fx) =) —z)  HP e NFz, 52 2,
AC AP ACIY) = £®, B limf'(z) =M 8 lim L =& L
X — Xy Eand xrer, X — X,y >z,

llmf (&) =M,B) f'(z,) =M

_.Iﬂ

GEBRY % ¢ (@) =(z =D’ f'(2), BIR o) 7E[0,1] LT . B £(0) = £(1) =0,1R4E

ZIREE, T c € (0,1), 8 £/ (0)=0,/ ¢ (c)=¢(1) =0, REF/REH, HEE €
(e, D CO,D, R/ ¢"(6) =0, ¢'(x) =2(z — Df'(z) + (x — D "), Bl

26— DS+ =D F(&) =0, MG £/(&) =21f_(?.
CERRY B K f(2) #E[0,1] E#&%E, £(0) =0,
+b
M P EEHR,FEE E (0,0),p € (c,1),ffif8
()= fO)=f"(&)c, -l—b
;(;) ;(c) j{’(f;)c(l ) o b BEH
— - -, ) B
T =l wa-o,
a
e = (at e )
. P CAR g
———<=l+0—¢),
(p
a
UGN f( y ~a e

GERRXD 4 F(x) =rf(t)dt,ﬁlj F(z) tE[a,b] L #EL, % (a,0) TR, B F'(z) =

f&). BMFE € (a,b),Hi78 .
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94.

95.

b
J f(x)dx =F () —F(a) =F'(c)(b—a)=f(c)b—a)=0,B0 f(c)=0.

(D) A h(z)=ef(x),EBHha)=h(c)=hb)=0,FUNAFRERHFEE € (a)0),
g, € (c,b),HBR(E)=RL"(§)=0,

Tih'(x)=e[f @)+ f(x)] B e #0,H f/(6)+ f(€) =06 =1,2).

(3) A ox)=e"[f @)+ fx)]p§))=0(§:)=0, HPREM.FEEEC (£,,6)C
(a,b),1818 ¢’ (6) =0,

i o' () = [f(z)— f)T He™ # 0, FFLh 7€) =),

4) 4 glx)=e"f(z), gla)=g()=g)=0,

hB/REE,FE 7 € (a:0)y, € (,6),6R7 g’ (9)) =g () =0,

i g'(x)= e~ [f(x)— f@) B e # 0,5 £/ () — ()= 0.f () — f(g) = 0.
A o(x)=e"[f(x)— f@)] o) =¢(7.)=0,

BB REME,FFE 7 € (1.9 C (a,0), i o' () =
ﬁ'figo'(x)=e"2‘[f”(x)—3f'(x)+2f(x):]ﬂe_z’ #0,

BRBL f7(p) —3f () +2f () =0.

GERAY S c =a, (i =1,2,+,n) B, XHEEH € € (a)1a,)  FHIBMIL;

BeHBTFa arra, BB AR a, <c<a, < <a,.

f(e)
(c——al)(c—az)'"(c—a,,)’

HMYERBER o(x) =f(2) —k(z —a)(z —ap)~(x —a,) B ¢(z) Elayra. ]
n A%, H o(a,) =¢(c) =¢(a,) =+ =¢(a,) =0,
MBREHE, FFEE &0 € (a150),65" € (a8 € (apma), R ")) =
o (67) = o =g (6 =0, B ¢ (2) % (ayva,) WESH n A FRARA BREAB/R
FH W 0" (2) E(ayra,) HELBFAIRRRE BH c1hee € (arra,) 1R
" () =9 (c;) =0,
BHE/REE,FEE E (c1rc) C(aysa,) B o™ (&) =0.
@@ (x) =f"(x)—n! kI F7E) =n! b, ATIF

(c —a,)(c—ay)(c—a,)

n!

Sk=

fl)=

£,
GERA) s BB AXE

flx+h)=f@)+ f(xh +f”(5)h2,£rl= ENFxHz+hZIMEL
i B m&KHR

£z +0h0h =F'(x )h+f(5)12,jzf(x+0h) £z )=—i‘2h,
a4 — @) E
BB RIERLEL R 18 ; =
PG = @) St =@
ﬁﬁ&.l-?;l h h—-o oh 0= kl_r.r")le ’
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f"(E) f”(x) _fx

),ﬁﬁ () # 0, ¥limd =~
B0 2

96. (ﬁﬂﬂ) Bk () ZERXEL0,1] J:fef}e,ﬂfu () Z{lZl‘ﬁJ[o,lj LHREIRKE M f&
IME m 3t f(2) — FO =f(Ddx(EP e ATF 05 x ZE) FiHE

1 1
Jf(:c)dx =J' f (Hxdx,
0 0
1 1 1 !
B om << f () <M7?fmJ zdx <J f(e)xdx <MJ zdr,
0 1) 0
1 1
B m <2J F(Orde <M Rm <2J Fl)dz <M,
0 0

A EERE FFEe € [0,1],448 £/(& =2J;f(x)dx.
= . ER yE

Q HER
arcsin/x ,

X

flx) _J arcsth_
Y v

1. [ﬁ]ﬂaf(smx)—. wl%f( )=—"

Fr| L2

dx

_J arcem\/_d _ZJ' arcsin vz dz
vz /T—x 2/ 1=z
Jr
ZJ arcsin —————d(/z ) =arcsin’ vz +C.
Vi—=zx
2. (81 8 fnz) M,§f< y=hdte)
W ferar = hl—(lf—e)dx =—[In1 +enrdce
= In(1+4+¢*) J e
= — x ]_ _——
In¢ +e)+J1+xx | e
ST )—J L_da4en—=B0FD i reny e
3 14¢™ e’
3. (Y M |xf(x)dx =arcsinz +C, 1B 2z f(z) = s BT LA f(.r)___l_.,
1—z? V1 —zx?

f( ) j V1 —xt dx———f(l—x )7d(1 —z°? )=——(l—x) +C.

4.[#] FHLf(xt)dt =f(x) + xsinx ,@Lf(xt)d(xt) =z f(x) + x’sinz , B

J:f(t)dt =z f(x) +z"sinz ,FHRFB £ (2) = —2sinz — zcosz ViR 18
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f(x) =cosx — xsinx +C.

14+ =z (Q14+x)e’ 1
S i S P = ’
5. lﬂ)J‘_’L’zeI(l‘*’Ie‘r) J(xe:)2(1+1e~,)dl I(Iex)2(1+xe,)d(18 )
.x:r 1 _J' o
Itz(l-l—t)dt_ ( i +1+‘)dt
=In|14+¢]|—In|t l———:—-l—C
=In 1+fe ——17+C.
xe
+1 2x +D+1
6. (%] 2
J«/x +x+1 I Stz +1
1J 2z +1 j 1
2 2P r +1 20 fzP ¥z +1
1 , 1 1 1
= — A&+t D+~ dlr +—
T 2

—JzT ¥z +1 -I-%ln(x +%+J12+1+1)+c.

7. (ﬁ)f 1 de ___J' sec’ x

3sin’x + 2cos’x 24 3tan’x *
IJ 1 1 3
= — d(/3tanz) = —arctan| [—t )+C.
V37 (2! + (f3tan)? J6 [f\/ g ant
(ﬂ]j ——z—d J [ LI ! ] dx =arctan —J ——1——d1
(z? + )* 1+2° Q+z98 ol aye?

1 = tant 1 )
ﬁﬁj Zﬂ‘_.rz—)de — J. Sec4tsecztdt =Icos‘tdt

=lj(1 + cos2t)dt =‘7 + %sinZt +C

x
2arctan:r +—2—1_+_ ;+C,
0| e = Laretans — ——E 4 C
) e T2 T+ 2D

arctanx dx =J(l — 3 ) arctanx dx =jarctanx dxr — {arctanx d(arctanz )

xt 1
9Jmﬂl+xz —

1
= rarctanx — J dr — ) (arctanz )*

14+ =°
= xarctanr — Eln(l +xi)— %(arctam:)2 +C.

sz, r<—1,
10. [fBYmax{z +2,2°}=<xr+2,—1<«x <2,
1'29 I>29
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3
War<<~—1 H‘J’.Jmax{x + 2,z dxr = %-I—C,;
2
Y—-1<x <25‘J‘,Imax{z +2,z%)dx =%+2.‘c +C,;

3
Y¥r>=2 B‘J',J‘max{x +2,x%}dx ='%+c3’

1 1
Eh_?‘i—(h =?—2+Cz,2+4+C2 =_2‘+c3o1§

7 10
C] =Cz _FyC3 =C2 +—3—9m Cz =C7

zt 7

?‘FC—?,:C <—1
z*
2

ﬂﬂfmax{x+2,xz}dx = for4C—1<z<2

zt 10
?+C+?,x =2

~+ sinx cosx xsec’x + tanx 1
1.t = il VR PR
(%1 (cosz — zsinz)? (1—ztanz)? (l—xtanx)zd(xtanx)
- 1 _ _ 1
B J(l—xtan:c)zd(1 xtanx)—l—:rtanx
2n+] , < <
12.(m1>{mm’L‘”2_,={x 0sz<1
nee 142 1<z <2
wltf . x+x r fz 2 1,7 17
Efuj‘o('!}-rgl_’_xh—l)dx_ oxdl‘+ lx d1=‘2—+?—?.
.2 X 2 T
= -l-sinzx % sinz.z: % sin 7COS ?
g ZEEe gy, [ _sinz -z 2
2 -2 (14 cosx)? * -3 (14 cosz)? * -3 W dx
cos ?
—_— % 2 i £ _ % 2
—ZJ_Ltan Zd(Z)_4-[o tan’z dx

2
=4JT(seczx—1)dx=4—1r.
0
1 1 1 , 1

14.(ﬂljof(x)dx =:cf(:c)lo—Joxf (.'t:)cl.z'=f(l)—-J‘0 [f(;c)+./2_r—_1~2]d.r

1 1

=4—Jf(x)dx+j V1= —z)'d(1—z)
0 0

=4 —J.:f(x)dr —ﬂ JT— 7 de =4—I;f(x)dx —ffcoszode

1
=4—Jf(x)d:c—£,
0 4

;F%ﬂf(:r)dx =z—%.
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15.

16.

17.

18.

19.

20.

1— 1—=x
[(RIER A =——Ax+ (Ax), Fﬁ’u =—\FR
d J2x —zt ° Vex —zt

l—=x
——dz =
Jo2xr — =zt J2«/2.1—.1
Hy(l)=18C=0,% y(z) =2z —z?%,
J;y(x)dx ='r J2xr —xtdx =jl Ji—(x—1D*dz —D

e Y e

y(J:)=J —_— d(2x —z?) =2z —x* +C,

dz 1 s
16 @%Jm = ZJ — (e_%) : d(e *) =—2arcsine ° +C,
Efujim \/e’iz—_T =— Zarcsine-% jlnz =—2 (16[— — arcsine_% ) = % ,
M arcsine i =%,ﬁ5t a =In2.
(81 = Veos'z —cos'x dx = 3| Veos'z —cov'z da

.
x [z > .
=7 Jcos’x —cos'x dx Jcos’x —cos'z dx

S wfn

A

x
7 . 14

=x| cosxsinxdx =—.
0

2

: : : 1 1
z  coszdr 7 [ cosx COST [ +
lmj_;uf(x)_ [1+f(x)+1+f(—x)}dx_J cosx [Hf(x) 1+—1—]d“’

FACD)
(% 1 f(x) ] _[* _
—J cosx |:1+f(x)+1+f( ) dx L cosxdx =1.

2z —1

oy —
(B4 I'G) ==

=0, ﬁx=7y¥lx€ [ 1,— )BT I'(z) <0,

%z (7 ,1] BT () > 0,57 Bl = =+ 1) #E[— 1,1] EMAUMIA, X
2u—1
ouz——u+1du

v 2u—
o u —u+1
# I(x) #E(—1,1] ERHEKRER In3.

(RS )_(sm.z:) _ X COSX —z—sinx,

I =J

- ”

0
I(—l)——J du = —ln(uz—u+l)| l=—(0—ln3)=ln3,

X
[(af/@rde =, zdf(e) =200 [ rras
z z z z
=_1+£_smx "=_1+£_(0_£)=i_1.
3 z n T n
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21.[RYy = —> JC z dx=(«/§+1)J§ SNE st
) J_g_] tJ1—2° £ cost
2 2
=(«/§+1)stin2tdt =«/%Jf(l — cos2t)dt =\/§1—2'- ln'.
5 5
Q EEE

22,

23.

24.

25.
26.

27.

28.

29

URIF () =fo(.z: —)de =—ff(x — 0z —) =" J FGddus

F(x) S
— y = L3 '
G(x) ng(xwdt J g Gdu, Mlim 7o =lim =75

URY AR F IR F =] ™ sinede =] o™ sinede, THeaHRREC I BLAM:

=1, (D).

B8 F(x) =J" (™ sint — e~ sin¢ ) de =J” (™ — e Ysinzds
N (e™ —e™™ )sint L JER AERE, U F(z) > 0,8 (A).

40T d
(%] lﬂmmﬁ—hm%ﬁ = # LBFAPIES NAREFES 4, (O).
—dt
0 t

[RBYER £(x) #£0,2) WREFE—LKMM S, T g(x) E(0,2) FELE, (O,
()X o (2) =Ji tf(2)dt =2J:zf(t)dz,
+T x r+T
plx +T) =2L tF(e)de =zj0 tf(e)dt +zj tf()dt # o(x), 3% (D).
[BRIEA [ ) — fF(—8)] %Jﬁa‘ﬁ&,ﬁ)fuj:t[f(:) — f(=8)]dt IEFEE, (A) Rt

BH £ j@{%m&,ﬂfujo’fu?)dt HEFE, (C) T

BH AT £7 () BAF B, FF (D) KX

é\F(r)=J:t|:f(t)+f(—t)]dt»

F(—I)=J;Jt[f(t)+f(—t)]dl =JJ(—u)[f(u)+f(—u)](—du)=F(.r),ﬁ(B).
[ﬁljo sinz’dr — :" %d :Z:r/)f +'[ bml

* sint = sint
="y |

1
—d =—J = ——) sinedt > 0, 3E(B).
o 2.1 ° 2./t +x A N o

ORI M y =247 A2 ETIRHEY 5 =er+%<;r =47,
1

NE
BTN TFHL y =2V WEF FTUMME y =2V MER 2z =1,2 =3 BRBK

iﬁﬁﬁ%s=5(z>=f%+ﬁ—2«/x—)dx =%+zﬁ—zj‘: JTdz.
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S’ ———+— 0=t =2.
et

M€ (0,2 Hq‘.s (1) < 0;%: € (2,3) 0,8 () >0, =20F,S ) BUR/ME,
lttﬂa"dlﬁ?iﬁﬂjy=f—§+ﬁ,iﬁ(m.

O BEE

30. 01 x tf(r)dr =~ 'f<x>d(13)=lx3f<x> '—l l.raf'(x)dr
3Jo

______1_ 1 zt de = — 1 d(1+x )
* 1+ x* °2J/1+ "

__l 1 _1_“/5

=~% 1+« =% -

31.(m1j:f(x —)dt "=‘—‘——=—“j°f(u>(— du) =f:f(u)du,
f@ =2f faoaut+e FHRBRB [ () —2f @) =<,
0 f(x) =(Je’ et e T —ce e,
EH F0) =1, C=2,8 f(x) =2e2’ —e,

7z s s
32.(%]_[ 1(4—1“)de=%J 4—z* ) diz? )——J U—z3%dx
0

L ;jzsz cos®t « 2costdt —SZJ cos’tdt
0
5 3 1 n
—32X€XIX?X?—5K.
33-[ﬁ11=r dx x = asint I? ’acost =J? . cosx
O 2 +Jal —z2 o asint + acost o sinx -+ cosx
T2 0 sin¢ _ _Jz sinz
J% sint+cost( di) = o sinx -i—cos;rdglC
3 cosx 7 sinx x
| = - - =_—,
W 21 J.o sinx -+ cosx L sinx +cosxdx 2
o —— %
o r +vat — =zt 4
34. (Y B H[InCx + V1T 20 +5) =——,
1+ 2
J z i
F)flv').J\/ln(I_i- 1tz )+5d:c=J[:ln(.r+«/1+xz)+5:|2d[ln(x+«/1+12)+5]
1+ 2t

=-§—[ln(1 +/1+z°)+5])° +C.
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14+2lnx , [z +2xlnx _ 1
35. (ﬂlj de —J ——dx _szln_r

x°Inx

d(z’lnz) =In| z%lnx |+C.

36 [BYIFE A (x?e”) =(x2+22)e",

. xr+2 [ @?4+2x)e" _ 1 s .
Fﬁujx(l-}—x%’) T xze’(l-l-xze’) x—Ixze’(1+xze’)d(x e
2 x
—Jxe )d(x D=l TS C
37 IR B lim 1 —2)7 .« 2t 1T «/_E <1, Efuf /““”dx Wk,
1"
| z=si = . .
Q:EI 1+x o:c (1+x)dx sint Joz sin t(ct:t_mm)ocostdt

l-—x

X
z

= J? (sin't +sin*¢)dt = J sin'zd¢ —I—j? sin’ tds
0 0

o

=3l m A2, 8
B A I RN R TR TS
38. (&) aaf:zf(zx —1)dr LL 2z —u) f(u)(— du)
2r 2z 2x
=J (21—-u)f(u)du=2.tJ’ f(u)du—J uf(uddu,
. 2x 2x 1
1521J f(u)du—J uf(u)du=?arctanxz,%itf’>ﬁiﬂ2‘fx K&,8

ZJZJf(u)du +2x[2fQ2x) — f(x)]—4xfQ2x) +zf(x) =1_:—4,¥ﬂ15
x x

ZJ f(u)du—xf(x)—l+x

2 1 2
Bx=1,1% Zflf(u)du—f(l)=?.ﬁﬁjlf(x)dx =—

© M x _ z
39.(&]](}\/ Sinx dx=i d(1 — 2acosx +a?)

1—2acosx +a’ a7 2./1—2acosx +a’
=L\/1—2acosx +at (a—l)]=§.
x=tamt [T sec’t , % L2
40.(ﬁj T L -y de —L costdt = sint s =7
F0 B2 () — 20y
41. VR PR 8 F (o) I<1+ e B F () =~
B/ F(x)= /l—i—,:}‘ﬁf(x)—Li
* 2(1+x)?
1,
42 . [(BY % Inx =1, )= { <0 ,’:‘iz<oﬂ‘f FWO=t+C; %t >0/, f(1)= & +C,.
e,t

BR @) HEERE U £ ﬂzl‘%éﬁﬁfﬁﬁ C,=1+C,,
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43.

44.

45.

46.

47.

48.

5 fC )_{x+1+C,x<0,
* e +C, x>0
g G% 1 Inxr = % %
(mj. dz L d(nx) 'f; de =2J1 dW)
2 x/Ilnx(1—Inz) “.2 r\/lnx(l—lnx) 74t(1—1¢) 7 /1 — (Jr)?

= Zarcsm«/_

5-5)-%

(ﬁl!:f(x)cosxdx =j:f(x)d(sinx) = f(x)sinz |: —.[:f/(x)sinxdx

=
z

n
= —j e“Vsinrdxr =™
1]

(14 fz)= llmVx Fz7 % o0<r <10, lim V2" +x =z, % 1<zx<2H,

limvz" +z7 =x° ﬂl']j lim vz" + 2 dx —J .rd:c—%-J 2d:t:=—-|-l=lz

n-voo o 6

(2] mj:tf(x —)de -

~t=u

J (x —u) f(u)(—du) =L (x —u) f(u)du
=xjof(u)du—Luf(u)du»
ﬁx_rf(u)du —-Jzuf(u)du=1—cosx,
[ 1]
Wjiﬂjk?l‘fvgrjxf(u)du =sinxr, %z = Z éj.jf(:c)d:c =1.
(nt+D=
WGEBYY nx <z < (n+ D= B, J | cost ldt<J | cost Idt<J | cost | dt»

H
costdt =2n,
0

Jun | cost | dt =nr | cost | dt =njin | cost | dt =2nj
0 I} -

(n+D=
J | cost | de =2Cn + 10,0 2n < S(z) < 2(n + D).

0

1 1 1
MBI nn < :L<(n+1)7ty4§( TDx <—<;{-,
))kﬁ'ﬁ( 2n <S(I)<2(n+1);1§ﬁ§'€ﬁﬁﬂ Sz )_2.
n+D=x x nm x LS
GEBRYMES KN 2 , FEHRE ,EB/B 2 T<2 <&+ DT,

HA flx) = O,FJTIJL fQ@)de <Lf(t)dt <JO . fQde,

Ep nJTf(t)dt Jf(t)dt (n+1)J f(t)dz,ﬂi——l——<l ! e
0 (n+DT “z ~aT
x T
nJ fQ)de J'f(t)dz (n+D| f@de
0 0 < 0
n+DT x o= nT ?
T T T
Jf(t)dt (n+1)J0f(l)dt Lf(x)dx
&ﬁ@]i’lx»-kooﬂ‘f’n*oo,ﬂllm(—_'_l)—,r 3112 T = T ,

. 445 -



EWEPEHTH 1800( B — )/ REH

49.

50.

51.

52.

fo(t)dt rf(x)dx
H¥EEEE lim = =22 ;

r—etoo x T
JJ:f(t)m
(iIEEH]/:‘»\go(x)=l T 0 O<z<SLEWf)70,1] L#EL. T o () #[0,1]
09 T = 0

E#GEOD AT, X 0= 0,p(D= | flx)ds = 0, B /REMHHE € 0.1,

zf(x) —J:f(t)dt
2

#1189 (&) = 0,7 ¢’ (x) = ,ﬁﬁuJ:f(x)dx = f o).

(1)[imaﬂlé>F<x>=J:f(z>dt+Jo_'f(z)dz B F(2) 7E[0,2] L AT, B F(0) =0, B
MahEEE, FEO<I <1, F(x)=F(x)—FQ)=F'x)z, 0
j:f(z)dz +L_’f<t>dt —z[f(6z) — fF(—0x)].

(DI 4 lim6 =A ,EBKf(t)dt +f;’f(z)dz =2[f(0z) — f(—02)], 78

a0~

Jirwart], fWd_ p) — f—ox)

xlil:}’ z* r=0" x
. Lf(t)dt —l—L F)de i F) — fl—1)
x—+o0" x? z-0F zx
_1 lim [f(x) — () +f(—x) —f(O):l
ot x —x
=f,(o) =21
lim f((9x)—f(-0x)=lim [0f(0:c)—f(O)_'_af(—Gx)—f(O)} —1A,
s x e f0x — Oz
ﬂ:%lim0=i.
0" Z
k1 % 2 n % n 1 n+1 _? l
GEMA)Ye, +a,.=| (1+4tan’z)tan"zdx =| tan"xd(tanz) = tan” x| =——,
o 0 n—+1 o n-+1

1
F#¥a,+a,., =7 A X tan"x ,tan" " x TE I:O,—Z—} Fi#%E,tan"x = tan" 2, H tan"z,

tan"™ 2 A4E 4 ,E‘fl«‘,{JT tan"zdzr > '[T tan"?zdx Bl a, > a4z
0 0

1 X 1
D PETEa, < 2n—1)°

GERAY 2 o (x) =" (), M o' (x) =" [F(x) + [ (2)],
B @)+ @) <18 o' @) < e, Xl f(z) HRE o(—o0) =0,

p(z)=¢p(zx) —p(—o0) =Ji o' (x)dx , B B X {H 7B
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53.

54.

55.

& | flx) |<Ji | ¢’ (x) | dx <J_ edr =e* B | f(2) IS 1L
ERY EX G —a)f@) = fladdz,

i LA rf(x)d.r—(b—a)f(a)

b b

=U [f(z)—f(a)]dx'<I | f(x)— f(a) | dx
b l 2 b 1 R

< (x—a)dx=5(x—a) l =7(b—a) .

GERAIER O<m < f(2) M, E'flr‘lf(x)—m =0,f(x) =M <O, ATl

(flx) —m)(f(z)—M)
flx)

<0, TR f(.:r:)+ M <M Am, BB RSE

flx)

Jlf(x)dx +Mmjl

<M s
of(.r)dx +m

lﬁ%j]f( ydz + M Jl L >2JM f (z)d jl L4
o NI mof(x)r/ m| flz)dz | s

(M +m)?
<
4iMm

EfuzJ_ﬂ faddz| dx<M+m,:F%(ﬁf(x)dx)(J; f(lx)dz

o flx)
tEmIAE— 4o =(x— 252 [r@ —s(452) .

2

B% £ (o) #ela b] LA BTM | p(oddz >0,
[ prde = (= = 232) [f( )— (a;_b)]dx
e =25 seoe = (7)o =257 o= [
rxf(xmx—“;”’

Jf(l')dl‘y
a-+b

ﬁﬁljbxf(x)dx = J f(zx)dx.

a—l—x

HEZ /q‘r\go(x)=J'xtf(t)dt Jf(z)dt BR pla)=0.

o' (x)=xf(x) —%J:f(z)dt - =?[(x —a)f(x) —J:f(t)dt:l

1 [~ . 1 [+
——Z—Uaf(x)dt _Lf(t)dt]=fj.,[f(x) — f()]dt =0,

{«p(a) =0
P () Z0a<x<hH)

b
B o) = gla) =o,ﬂfuj zf(z)dzr =4 erb

th(:c)d.r.

56. [iiEﬂH]J:Hf(x)dx =J‘jf(x)dx +ij(x)d.r 4o +r+lf(:r)dx,

Yz € [1,2] 8, f(2) <f(1),ﬂﬁiilfﬂﬁ}ﬁﬁf(x)dx < f(D,

3 n+1 n+1 "
ﬁ]ﬂLf(x)d.r <f(2),"°,j f(x)dx <f(n),*ﬁflﬂfgjl f(x)da:<2f(k);
n k=1
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%o e [1,2] 8,12 < f(), AR £(2) <ij(x)dz,
R £(3) <sz(x)dx yoers FCn) <J"_lf<x)dx,
AN £C2) + - + f(n) <j"f<.z)dx TFED ) S FD +J'l'f<x)dx.
1 k=1
57. LEMY #ik—
J:f(x)dx —kJ:f(x)dx =J-:f(a:)d:r —k U:f(x)dx +£f(x>dx]

] 1
(1 —k)Jof(x)dx —ka(x)d:c

=k(1—Rk)[F&) — F&D]
Hps e [0,k]6, €[k, 11ANO<E<IH flx) BERLY,

Fﬁuﬁf(x)dz —kJ':f(.r)dx = EA—B[fE) — fE)]> o,éﬁzﬁfmdx >k_[:f(:c)dx.
HE=
f:f(x)dx 2k£f(kt)dt= kﬂf"(kx)dx,fiﬁx efo, 1], ARho<k<l1,Ffllixr <z,

XAA f(x) BREBL BT fkx) = f(x),Wﬁil*Rﬁ"’fgjif(kx)dx >j:f(x)dx ,

ﬁf{kﬂf(kx)dx >kf:f(x>dx,ﬂuj:f(x>dx >kﬂf(x>dx.
58.(ﬁﬂﬂljlf(x)dx—li:f(£)
U flardz —Lp(L ] [ f(x)dx—%f(%)]-l---'—l-[;f‘(x)dx—%f(%)} :

lzlij f(x)dx——f ‘ U [f(x)—f(%)}dx’

<Jo ’f’(s,) x——i—) dx

<uff(Ea)ar =2 (e e (1)),

Hﬂ“f(:)dx——f ’< U f(x)dz——f() 5"1

:J:%Uf(x)dx——zf( )l <.

59 . GEMY A PEEES f () — fFOO =Ff &z, BEF eNTF o5+ 2,
BHR £ =0, | f(2) |=| £/ &)z |<Mx,x € [0,a],

a a a 2
Mﬁﬁ” fx)dx ‘<J | f(x) | dx <J Mzdr =%M.
1] (1] 0 2
60. GERIY B 1= £ (1) — £(0) =J;f’(x)dx,

=1 (] far) <[ 1] e = e B i @dz >1
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61

62.

63.

64.

65.

Jﬁ%]mf@)=mﬁfu)—ﬂw=#uo=rﬁUMu$ﬂﬁ$%ﬁ%

x 2 T x
fz(x)=(J f’(t)dt) <f lzdtJ f’z(t)dt<(:c—a)be'z(x)dx,
b — 2
*Rﬁ'?%fbfz(x)dx <J (x —a)dx » Jaf'z(r)dx =——(b a) rf’z(.r)d.r.
a a a 2 a
f(x)—f(a>=J’f’(z)dz,
GiERAY B 44 : B fa) =) =0,
f(x)—f(b)=Lf'(t)dt,

J| flz) |= J’f’(t)dz|<r | £/e) | des -
‘ . BAMME | £ 1< 3] | £/ | da.

ll flz) |= ij’(t)dtl<fb | F/¢¢) | de,
[iEBAY BK f(x) #Ela b] LS. FUL | f(x) | #Ela.b] LiEL,2 | O |= max | f(x) .

B EEE, [ fd =10, Hob ¢ € [a 6],
BB LA, £ =@ + [ /(2 de I EB
| F ST 1+ U;f’(x)dx |<| & |+r | £/ <x) | dx ,BD

1 b
max | flx) I ‘m'[nf(x)dx +L | f(x) | dx.

CER w8 70— (3)+ 0/ (5) (- $)+ 58— 2) e nst

50 20 G < f(5)+ 5 (5) (22— ) mam] raha < ().

GERY B BHARE f(2) = f(“+”)+f( b) (x_a-zkb)Jrf;’is)(x_g#)z,

a+b

KbenFah Z &,

b a+b)(x_a+b

BX £/ >0, BUA f@ > (52)+ £/(4 ). a8

ff(z)dx (b——a)f(a+b)

% o(z) =%[f<x>+f(a>]—j’f<t>dz,ﬁ ¢(a) =0,

fla)]

——(x—a)[f )= f (Pl EPa<yg<z,

EH f(x) =0, f () BARE, FR o' (2) 206Kz <b),

() >0 <z <),
mi? e ’§¢(b)>0,ﬂ:%rf(r)d1<b
¢(a)—0, a
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a+b

o —a f(32) <[ r@rde <25

66. EMI 4 g () =lnt (¢ > 0),g"(1) = — = < 0,74 =, =] f(x)dr WA
g() <glzy)+g’ (xo)u—x0)=>g[f(x>]<g(xo)+g’(.ro)[f<x)—xoj,iﬂﬁiﬂf%},
@J;lnf(.r)dx <In ;f(x)dx.

67. (Y1) HB y=axr SWPR y =2’ I ER0,0),(a,a®).

a 1
Wo<a<1KW,$=S,+8S, =j (ax —x¥)dz +'[ (z!—az)dx =la3—%+%,
0 a

3
! 2 1 A Y4 ]' \
48 —a —7=01§=a=é,lﬁﬂﬂs —2)=«/§>0,F)fu.a=%§lﬁ,s,+sz e
1( 2
Jttﬂa‘ﬂ/l\fﬁﬂyg(l _ 7) .
YKL OoM,S= j (ax — z¥)dx -l-J.:(xg—-az)dx:—%as—%-i-%,

B % S'=—-;—(az F1) < 0Bl SCa) BB B a =00 S, + S, BE/ME,

1 1y 2—42 2 1 _ v 1 .
ﬁ’ﬁS(O)—?-,IZ]%JS(/E)— <E—3—S(0).Efué’za——2 .S, + S, &/,
Tz’ N JZ+1
x 4 1 X _
@ MBSV, =x|| (G — o) dr +xfg (e ~F)dr =25

68. (MR BARAAMRE HBELE, AR WA LINEE v =3 Fefs BT B i .
42,0 <1,
Sz 2Ow’y:{4-—:162,1<1 <2,

$(z,x +dz]1C [0,1],dV, =n{3* —[3— (z*+ 2)P}dxr =x(22° — 2" + 8)dz,

V1=1tr(2.‘r2—1'4+8)d1‘=1—27—ﬂ;

o 15

Stz sz +dx] C [1,2],dV, =n{3* —[3— (4 —2®)J*}dx == (2z* —z' +8)dx,
v, = J(Zx — +8)dx=&,ﬁl'JV 20V, + V) =555,

69. [REY R FR4E, FIRERAE —SRERERG 4 7%, ERE—FROEH.

A{x =rcosf ,mu

y =rsinf,

T Y MBRAARERN Ly ot =t 0) a’b”

— —= 7 A : — 3 ’
! ! b2cos’d + a’sin’d

atb?

a’cos?d + b%sin’6’

L“Z— Z;—wwgw,itﬁ Lyt =r2(0) =
A a’b? _ a’b® "
Y bcostl +alsin’@ a’cos’d +b%sin’d’
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T 55 — 5% PR B AL B T AR

1 J’% a’b? J% a’b® }
A 2 [ o a’cos’d + b%sin’f + % b%cos’@ + a’sin’f

T alb’ T sec’d
dé = zsz ———df
ﬁﬁjo a’cos’d + b%sin®d 4 o a® + (btand)?

=a’b X larctan btand | =gbarctan i,
a a o a
= 272 X 2
.[2 2 zabz-zdo=azb22 2 sec 0 z
I b°cos®@ 4 a’sin’f + 6%+ (atand)
atanf | % Tt a
=abarctan R N =ab (—2——arctan F) ,
v ab (= b a
Bl A, =7(?+arctan — —arctan —5-) SR E AR A

A =4A, =2ab (% -+ arctan % — arctan %) .

70 . [BYDAB ={—1,1,1},H% AB E*J?iﬁ%zx_—_ll=%=%

B EBMNM(z,y,2) €ES, IMEETF OB NE  HE5EHELAB R ISR
Mo(xo,yo,z),T(0,0,z),HSl l MT ,=| MoT |91§x2 +y2 =x§ +y§9

B M, & AB b AT =2 =,

o=1_ ’
* CRA 24yt =zl +yl RBHETER
Yo =2,
S:x?+yP=0—2)"+2" Sz’ +y*=2z" — 2z +1.
Q) MEEN =z € (0,1, #BET - IWBOBRERN

A@)=n(z?*+y) =n2z* —2z+1),

Mﬁ{

1
:J:‘%V=J A(z)dz=2?n.
0
71. [(BY WE , B[z, +dxz]C [0,2], y1
dV=[1t-22—7r(2—y)z:|dx=[47r—7r(2—«/2x—x2)2]dx, 2f------
" 2
V=81t-1rL[2-«/l-—(::—l)zjzd(x—l) Ir
1 1 " > X
=81t_7tj (2—«/1—x2)2dx=81t—27rj (2—«/1—12)2d3: Olax 1 2
- 0 £ EE
i . *(2— cost)?costdt = 8r—2x| * (4cost —4 cos’t +-cos’t)ds
0 0
P _ g Ly 2 _ i
=8n —2n(4—4I,+1,) =8n X 5 X 2 21 X 3 =2= 3
oo dx 1 [+ dz*) 1 [+ dx
- 1 Y
Vo2 1422+ 2" Sdi g 1+x>+=" 5 14+ x+z2°
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1
=FT PR N i/
J(“f?) +(J7§)
=%1n[(z+%)+m] |:=%|:ln(—g-+«/§)—ln%]=%ln( +%)
73.AMIFE— 4 r= o Mdr ——

_["In(+2) x=J‘o ln(%) [ 2 ] I‘ In2 —In(1+2)

t d
0 14z 1+(1—z) A +2)° o 1+
141t
_ L | (At m,
-mleszz L———th de =Zln2—1,
U ln(l14+x) n
y=| 22TrE/, T
m I o 142 dz 81n2.

HEZ Az =tant, [l
[ = ‘[ln(l-l-x) _J ln(1+tant)

sec t

sectrds =f; In(1 + tane)ds

de

_J In(1 + tanz )dz — r 1n(1+1+:am)(—dt)=Jfln1

+ tant

="In2 —JTln(l + tant)dt =Zn2—1 R
4 0 4

in(l+x)

VT — _r
Ll I 0o 142 dx 8ln2.

74.[(iEMA]) @%JJ. za™ dx —7.[ a*™ dx —n'[% “dx,

2

L3 x
- 7 7T _
a " dx == °j a“dx ¢+ | a "dx

0 ]

Efuj:xa s L) j

0

7 e 3 e 3 s oo 2 3
=n.J’(a2)2dx.j’<a Z)de>n(J’a2 ca”tdz) ="
0 0 4

0

75 . GERAY Y x > 08,4 f(z) =(z —z2)sin”x =08 z =1,z =kn(k =1,2,),
Yo<z <18, f(2)>0:%z > 10, () <Oz = kntk= 1,2, 4} f1(z) <0,
FRz=13%f(z) WEKESR, () HBEKXKER F(D.BAE 2 =08 ,sinz <z,
B z € [0,1] 8, (z —xD)sin”z < (x — 2™ =¥ — 2%,

FR fx) < fD =J:(x — 2?)sin*zdz

! Zn+1 __ Zn+2 1 1 — 1
<L(x Mz = S T3 ¥ Dt 3
xr=at+(1—t)
76. [iEM] lﬁﬁyj"fmdz S —a>Lf[m +d—ob]a

1
< G- [f@ e+ o) a-oa]= 6-a LOHLL,
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77.

78.

79.

g 1 [ f@ + f®
Efub—_ajafu)dx <=

b ot b
[ flerdr =[ T pexrdz +f+,,f<x>dx -[.. O A LE

_2J [f(a-i—b )+ f(.:)]dx>zj' [(a-i-b—x)—i—%x]dx

—(b—a)f(“+b).

gl rordr > 7 (SF) o r (AR0) < [ rearar < LOTSE)

GERY RN f7(2) 2 0, f(2) = flzo) + f(z)(x —zo).
Elxo=Jxgo(x)dx,lﬂyflgo(x)>0,ﬁua¢(1)<x¢(x)<b(p(x),ﬂr¢(x)dx=1,

FRE a <rx¢(x>dz = 2, <b.

3 2o = rxcp(x)dx RA F2) = flzo) + f (o) —z0) F, Bl o(z) = 0,78
f@ex) = fladelx) + fx)xe(x) —z,p(x)],s
ERRERFEAAERRa,6] LB B[ £ g rde > £[[ zpardr].

[(BEIBAN [z +tm]=[z]+mHEFm BEL U f(x) =z —[z] R 1 HABKE

BN [2]<z,8 f(x) 20,8 f(x) E[0,1] LHRER R f(x)-{:’°<1 <D

MRASKE =z, FEHRE .8 <z <a+1,1
rf(x)dx <f'f(x>dx <Jﬂ+lf(x)dx,
0 0 0
_n+l1
2
. <J’f(x)dx<n+1
2tn+1) x = oon

B2

FrrIrrTITIYT) e $30

» I =1.

ﬁﬁj:f(x)dx =n£f(x)dx =nJ:xdx =%,|§]ﬁﬁ+‘

’

1 1
2 ’Ehn-l-l

mu%gﬁf(x)dx<" <§ ~.8

X

J f@)de 1
E?ﬁﬁx_""wﬁ’ﬂ—’W,&%ﬁ%ﬂ{% lim -

x>0 x 2.

(R Y &b Sy 3tz L i sh i W, , U W, = 400 X 30= 12 000(]).
WHL A X BT A W, 2B (2,2 +dx] C [0,30],
dW, =50(30 — x)dx ,

x+dx
X

ol W2=JdW2=22 500()). w R

RBLAXF BRI W, (B[, +dt] < [0,10],
dW,; = (2 000 — 20¢) X 3d:,

nw, =JdW3 =57 000()), P AR E ST FF B Sh A % 79 @@

W =W, +W, +W, =91 500(]).
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Pa . i) B AR B S 2 ] A JL AT

QO HER

1.

FFREEHFBHI . (z—1)—3(y—2)+(z—3)=0,ln:x —3y+=z+2=0.

C[R)Y B yEmih s = (1,1, —1) X {2, —1,1} = {0, —3, — 3}, BRELZZ TS M, 1, — 1,1,

- — — 1=0
MOM={29071}’MOMXS={3,61_6}1m“4ﬁM(3y_192) ;IJE% I+y z+ Bg
2z —y+=z—4=0

gﬁ}g%d=|_1w_°i_]\_;1._l><_“‘_l=%ﬁ.

.(ﬂ]s, ={49 _’3y1}y32 ={—29992}yn ={49 _391} X {_27992} ={_ 15, — 10’30}9

SEL L, B L, FITHVPEFEN . — 152 —10(y +7) +30(z —2) =0, 8

x:3z + 2y — 6z +26 =0, o l3X0 XD —6X0+26]

7.

V944436
-[m’MlM2={O'195}’ M1M3={19294}9 Mle XM1M3={_6159_1}9
Eﬂ;\l‘i M: 9M2 9M3 #Jﬂiﬂ@fﬁﬁﬂgﬁﬂﬁ% | Mle XM1M3 |=_Jg—_29
RSTKIER N d X | MM, = V26 BBUE —d | MM, =Y g =[5,

ARY B Mz,y,2) HIEFHME S LHER—A, ZAMENEMNETEL L EHSH

M,y (z, ,yo,z),@]‘bﬁ T(0,0,2),H I m: |=| M, T |’ﬁ z* +y2 =I(2> +y(§'
%Mo(l‘ovyovz)eL’F)fuxoo = =z I,ED.Z'o:lvyo:Zy

1 1
FRUNFHFEBAN S 2>+ y" —2*=1.

.[ﬁ]ﬁ%ll E‘Jﬁf‘ﬂrﬂﬁi’sl={290,1}X{l,—1,3}={17—5,—2},
E% Ly ﬁgfrﬁlrﬁlﬁﬁ §; = {19_4’0}’NHE%1 Mﬁmmﬁﬁs= 5, X8, = {_89_271}’
r=1—28t
% RN =2 =2 yorEn 1y ——2 -
z =1
2y —z =2
.(ﬁlﬂﬁ%{x+ yoE BEEEN(z +2y —2—2)+kQ@x —y+2—3)=0,8
2z —y+=z=3
A+2)z+@—k)y+(k—1z—2—3k=0,H{1+2k,2—k,k—1}-{1,1,1} =0,78
y r+y+z=0
= —1,h Z L; 8§ = sl i DY s — Ly —4&j 4N
e T AN TR P R R
HArEy LIl Y 2T A M, AR 1,0,D,(1,2,D),

5 —1 —4
M.M, MM,
MM = (2,2,0) 01 g =\ MeMi Xs | _ 136
I's | 21
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(ﬂ)m[ AR T Bzityi =2z, F (" Vx_“’Eub$ELm&
22 =2x 2t =2x
=2

%H%ﬁr ty z
9. [RIH f(z,y+ 1) =142z +3y+0(p) 18 flx,y) TEAHO©,1) AAH, H

0,1 =1, = = Iz =

fo.H=1, 5; o 5; ©n

M 512 =2 55) £RO,LD WigmEn = (35,55, -1)  =@.s.-.

BRI AR 7.2z —0+3(y —1)—(z—1) =0, 7.2z +3y —2 — 2 =0.
O EEE

10. [RRYEBFRETmA n:e — 2y + 2+ D=0, FFHr:x — 2y +2z+D=01W—4
My (2oryorze)od; = 120 zy;;z"_z L, = "”°_2y;6_+"°_6 L% d, cd, =103,
FFBAD= 08 D= —3,i%&(O).

11. (B =4£EH&LMWFmmER
s, ={—2,—5,3}, s5,={3,3,7}), s;={1,3,—1}%x{2,1,—1}={({—2,—1,—5},
B s, »5, =0, L, | L,, (D).

O BEE

12. TRICD BIAH My Cxoryerz) 4 Flaoyrn) =5 5 45 —1,
MFEBEARN 0 = (z,,25,,%2]
ERIFESTPE « ¥ HUS =20 =20 o T B _Fo_

B2y =2y, =tz =2, WHRABBEFR, 8 == FEER(1.2.1) &
(-1 =5 = 1) FEFEE « UFEY
7r,;2(.7:—1)+2(y—%)+(z—1)=0,§|]1rl:21'+2y+z—4=0

7r2:2(x+1)+2(y +%)+(z+1)=0,Eﬂ w,:2x +2y+z+4=0

z><1+z><—12—+1+5‘
2 d, = -3,
242241
zx(—1)+2x(——;-)+1><<—1>+5 1
d,= =—,
’ JEFZ L1 3
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13.

14.

R S 5% 8 2 0F SR R BRI 30 5 3,

toy=t,z=1—t RAFHr —y+2:—1=0,FB:=1,AWMEXL 5F@E~ HEXLH
M,(2,1,0).
SELL HEETVPE~ KF@EEEERs, =(1,1, -1} X {1, —1,2} ={1, =3, —2},
FHEITEN
Tl X(x—2)—3X(y—1)—2Xz=0,m,:x —3y —2z+1=0
MMEL L EXHEr FHBRBERN—BRXTERN
L .{x—y+22—1=0
° x—3y—2z+1=0
x—1 y

FET  HSL BAR—MRFBENL J , !

et
y_z—1 y+z—1=0
1 —1
HHELL WERRIGC—y—D+A(y+z—D=0,Hz+Q—Dy+iz—Q+1D=0,
21 —1,a) L1, —1,2},Ba=—2m , S HL L WFESEFHE~ BEH,IEA=—2R
AFLHERFB M s ZEENFEE BRI, :x —3y—22z+1=0,HA L E¥HEH~ LW

MHZERN

xr—y+2z—1=0
: x—3y—2x+1=0
AEZ RBRAELLBS5VE~ EENFEFTBRN :A(x —D +By+C(z—1) =0,

L,

A—B+2C=0
nl B AyB,C 19_1,2 ’ A,B,C 1919'—1 9E ’ 1
A { bAoA bt Y LA ! I]A+B—C=0 BTG

n,:x —3y—22z+1=0
Ml L ZEFHE~ WREERN
x—y+2z—1=0
lz —3y—2:4+1=0
(2) BEM(x,y,2) WIREHWHES LER—F IZSEEET y T E, ZTFES
SHETF—/1B, BEZFRSERL Ry MR EFHNAIM(x,,y.2,) X T(0,y,0),H

L,

. —1
I MoT |=| MT I91%1(23+z(2) =12 +229E§§J Mo(l'oyy’zo) G L, pro—l"z%z

e IR N

Sixl+i=G+DP+ Q- 32t —2y" 422 =2,
(DIGEMIM, (1,0, —1 € L,, M,(—2,1,2) € L,, MM, ={—3,1,3},
s, ={—1,2,1}, s,=1{0,1,—2}, s, Xs,={—5,—2,—1}.
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11.

12.

13.

14.

15.

BW e < 1,50 | y |<§<e“ —D.

[R) Y2 <18,y —2y=2WEFH y=C,e” —1L,HyO=08C, = ly=¢" —1;
Y >10f,y —2y=0WEMBH y=C,e¥ , BREAENZMH,
y(1+0)=Cel=y(1—0)=—1,BBC,=1—e?,y=0—ee",

HEEX y(1) =" — 1, MBRE(— oo, +o0) NELAMEMS T ENRE N

e —1, x <1,

(Q—eHe¥,x > 1.

[8Y4 P(z,y)=zy(z +y)— f(2)y,Qlx ,y)=f"(x)+xy,

y(x) =

BAHXxry(xz+y)— f@)yldz +[f'(x) +x’yldy =0 HLWI TR, ﬁ)fan ‘(75’

Bl ' (x)+ f(z)==2",f81 f(x)=C,cosx + C,sinx +x° — 2,

B £(0)=0,f(0)=178C,=2,C, =1,k f(x) =2coszx + sinx + x> — 2.

B HBRIxy’ — cosx +sinx)y + 2yJdx + (— 2sinx + cosx + 2x +x%y)dy = 0,535
(xy*dr +x?ydy) + 2(ydxr + xdy) — 2(ycosxdr + sinrdy) + (— ysinrdr + cosxdy) = 0,

Bp d(—l-xz_y2 +2zxy — 2ysinx +ycosx)=0,

Jﬁfﬁ%ﬁﬂﬂj—x y? 4+ 2zy — 2ysinx + ycosx =C.

dy _dy dxr _ dy
(m]dx_dt/d (H-t)d
Yy /de
dzy_ dl” 2d_y, 2y zzdzy 2y dy
T ds /dt [(1+t)d1] (A+:H =0+t dt2+2t(1+t)d

ﬂ:/\gz_m +zdy+y—t
‘i;”+zdy+y_ommﬁﬁm 22+ 1 =0 BHEMH A, =2, =1,

9!'] +2f§+y—t|§91§ﬁﬂﬂy—(cl+c tye'+t—2,

&Eﬁﬁﬂﬁfy y=(C, +C,tanx)e™™ + tanx — 2.

[ﬁ]ij(t—x)dt=—th(t—.z:)d(x—t) = — f(—u)du—j fCu)du,

i) f’(x)+2f(x>—3J:f(u)du=—3x+2,l£ljb f(x) RBERELFTU f/(x) BAR
B, TE F0)=0,RALRE F(0)=1.
%’-f’(:c)-i—Zf(:c)-Sﬂf(u)du =—3z + 2 FAx = RFHB

)+ 2f () —3f(x)=—3,
HEB@ER fx)= C & +C,e™ + 1, IMBHFMAERA ()58 C, = C,= 0,5kl fx)= 1.
[(BYK vy ="+ 0 +z)e” RARFER
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16.

17.

18.

19.

U+2a+b0)e™* +B3+2a+b)e+ (1 +a+blxe =ce* , WA

J4+2a +b=0,
34+ 2a+b=c, B a=—3,6=2,c=—1,
1+a+6=0,

FHBR Y —3y +2y =—c¢".
R RIFIEF BRI AL —3 +2=0,4FEEN A, =1,4, =2, y"—3y" +2y =0 #5F
MR y=Ce +Cre” , FREFNBHNERN y=C & +C,e" +e'x.

() thlim L5 =2 18 (D) =0, £/ (1) =2,4/7F 57 =r .
x
Ju x *u TTEY 2

2 2
e R S R O e e i O R O R
r

dx r dx rt

2
x

‘72 ” i ’
X R PE = () « L+ () E
dy r r

J? a?
Py uq +—L; =018 f"(» +lf’(r) =0 rf'(r)+ f' () =0,
dx dy r

RS [ () =Cy o f £ (1) =278C, =2,F £ f/(r) =2,

r

Sy =Inr’ +C,,H f(1) =071 C, =0,k f(z) =Inz’.

(DIRY = + D f @)+ + D f(x) —J:f(t)dt =0, ARIH,H
(x +Df(2)=—(x +2) f(x2)=>f () =xcf:1.
B (0 =1,f(0)+ f(0) =0, () ==—1,FU C=—1,F& f'(z) =—xe:1.

(DOGERY Y =z =00, BR F/(x) <0 B £0) =1, fx) < £(0) =1.

L g@)=f(x)—e",g(0)=0,g"(@)=f(z)+e" =

xj-le_z = 0,
[gC(0)=0
g @) =0 =0
dx 1 z 3

I F =, j—;=%(%)=£(d").d_x=_yv(dx),
RARSTEE ' — y =sinx.
() HEFBR r* — 1= 0, BERH r. = +1,

1

R i ASBAFAEE, BTLLRES RN v = acosz +bsine /RAFT BB a= 0,b= —5

2g(z) Z20=>f(zx) = e (z =20).

dy

By = —sine FRABHERY y = C,¢ +Coe™ — Lz,

HVIA B C, = 1,C, = — 1, BEMBRBHBEY y= ¢ —= — %sam.

[fQy+R]F { £(0,y +h) — £(0,y) m.,i‘:’;-’}w.y,]"""zz.’;ﬁ‘w’
[ﬁlm{'ﬁ‘{ £(0,y) } =lim [1+ £(0,y)

k4
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20.

21.

22

lim [(o‘w-l.)wg(o.g) / (0.y) (
e""o Ok e———l(o T = ‘%f ,y
- £
FCO,y)

i f(o,i)=1,1% C=1,80 £00,y) =siny.

=coty ,f#18 f(0,y) =Csiny.

aJ
XEE f =—flx,y), B Inf(z,y)=—z +Inp(y),
Eﬂf(x,y)=go(y)e_’,EB fQ0,y) =siny , 18 ¢(y) =siny , Tk f(z,y) =€ " siny.
(RID BERA x| £ @)dz =Tla’f (@) — FDOLFLH o« RSB

2 —
3f%(a) =2af(a) +a®f'(a)=>f"(a) =3f (a) Zzaf(a),

/v;r\f( )—u=>f (a)=u-+ta =>ad—u—3u —3u=>1—l—ca B
a da da u
f(a)= — 3,EE f(1)=—,456=—1 Fﬁ'uf(x)—l_'_
6 (zx*—2) 1
= ’ \—_—9 =0, =_
() AR f(x) (l+ 3)2 )= R & () Bz 7

x@w £(; )<o B f(J, =—m&jcfa

[BYD B xf (z)—2f(x)=—z=>f(z) —;f(.r) =—1=2f(z)=x +cx’.
WFHEEE D 4« Sies— AR EREEENERY V, 1
5

[ ayeg (L Y ey (L2 N gme e D
V(c)—nJo(x+c.z)dx—n(3+2+5), V(c)—rc(2+5c) 0= =—,

IE%JV”(C)=2—7(>O,FJI"U\6=—£§~JV(C) HRB/MES . BEMETBR f(x)=x —% z,

) f'(x) = 1——x,f 0) =1, myﬁf(x)—x——x ERSLHNETERE y=x,

masf oo o)

y(0) =2,y"(0) =0, Jy(0)=2,y’(0)=o,
ABIRBEES y __r 1 Bp y' 1
Gtyni 2 Aty [y 2l
J pdp _ dy
—p WAL 2/ WESITR = [+
pC0) =0,
y—2

B — 18 2y —2 =+ = +C,,
B— S HE 2Vy ﬁ+

B y(0) =2,Ff0h C, =0, th B HERR 5 =“38—+z.
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23.

24.

25.

26.

[R2) Ehdh &2 BNy, Bkl " <o, hfEsis
_ " _ 1 . y// _
A4ynt TTy7 1+3°
4y =p,y ’—-nﬁ”ﬁ =—(1+ p?)=>arctanp =C, — x.

lﬂﬂgfﬁli’ﬁy—y(x) E:’ﬁ(o,l) &tﬂgﬁ]%ﬁﬁyg y=x +1’Fj|:lfy~ ¥4 |;=o =13Mﬁﬁ y' =
tan(%—x) 458 y=In cos(—T—r——x ‘-{-Cz.

H A&t & 0,D, /U C, =1 +1—'£

Bf}kﬁﬂ%ﬁy—lncos(z—x)+l+ln—z,x G( fd 37:)

4

B cos(T— z) < 1T = =T RHEBCRABBK 1+ 2,

[BI) #& ¢ mm’s‘muﬁw M(z,y), mm@mﬁ,
DI gy 8 oy BN = REB 2 L=y L
z x—0

= dy d __1 dy)*

xz-u—\/ S+ (5 mug— 1+ ()
' xdz_y=l 1+(_d_y)2

B RBREThEmEN RS T REMBEMER dz? 2 dz/ ’
y(xo)=0!y’v(xo)=09

(Z)Ady =p, ﬂ!ﬂjx_—_“ ’ﬁ451n(p+«/1+p )+1n / =0,
p(xo)—°09
H— *ﬁﬁ«%{dx= =_(\/ «/ mmrja—ﬁwy=—x,,+ / — Jzz5.
y(x,) =0,
CRRY % ¢ B 20 40 B B s,muﬁ‘i—f —£S,5(0) =100,5(24) = 400,
d_s_ At — i ln2
T, —kS=S =Ceé",C =100,k =5 X Int =,

Sl

FREL S =100e™ ,S(12) =100e™ = 200.
[82) M 2000 SEFITFHE 28 ¢ EWDISLY A WEER m ,mumgjbﬁ,

Bt E Tl e +de], ﬁFA?ﬁﬂq’E%%AEQﬁ'E% X — th——dt.iﬁiﬂj?ﬁ%?’i%

A E‘J’%Eﬂyv X % X dt =?dt JUFE BB ETRATBRY A HRERR

9mo

T &

dm_(’%__)dt %15m_7__Ce ¥ W m(0) =5m, .8 C=—
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27.

28.

29.

30.

31.

m= %(1+9e_%)/ﬂ>m= m, 8t = 6In3, BIE L% 7 48, Mish IS A B9 BAES m,.
[RYSAEERZ: >0, B— AWML - AMATESINA m ©.m, (0), EHFE

[t +dt] AA dm, = —l—xzxdz Erl +—— 0, B BBk %M m, (0) = 150,

18 m, (1) =150e s ERHEI 2, +dt] WA

dmz—sdt 10+ Xlet,EIJ iy 10+t 30e °, BRI ZME m,(0) =150,

() AN 2 500 F / R HFE A 200+ 16w) , HH w HIEE,
d'w 1 300 — 16w

*ﬁﬁ@%’ﬁ‘ —W—,w(O) =W,
g 2 ———1 300 16w 15 01y =Ce  + 2, RATIARE C—wo — 2

dr 10 000 4

F R w) —325 + (ws —%)e_m.

(] &ﬁ%ﬁ?ﬁ%ﬁﬁ o Bz MIEFNEEB T, B¢ HAELETE ) m, U T R
BHKERAO+2) m,B—BKENI®—2) m, KN EXRZANESNA

(10 +z)pg — (8 —x)pg =2(x + Lpg.

HAMBERN 18, HFHE_ERF =ma 18

2

180 %T—Zpg(x T, Ell——%x =£. 8z =0.z"(0=0,

BB @) =7(eT’ +e T 2), MEE LB T BT FhE, 2 =8,

1, % -, 3
B—(e' +e ' —2) =878 =—2In(9+80).
2 3

(8] A F =k :—,lﬂﬂaﬁ =10 Bf,u =50,F =39. 2, ff Ll & =196,

W F =196 =, LB F =m L B =196 = SRR vdv =196:t,

1=

F}fl«‘l%vz =98t +C,H v| , =50,78 C =—8 550,

FR v=4196t* —17 100, 'v‘ o =,/196 X 3 600 — 17 100 =+/688 500 cm/s.

[#21 m%@ﬁﬁrﬂnd; =j’ JT+ ) de s

72
I {f‘x’—“” @ pmpgm Y 4. maE

£l =1, ./—y =
In[C(y + /52 —1)] =%z . 8& Cly++/y"—1)=¢e"

m y(0)=l’1§C=1,F)ny+vyz—l =e*’,ﬁ¥1§y=
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32

33

34.

. [##] lﬂ%?xﬁf(tz)dt = J:f(u)du,ﬁﬁl«){ f’(x)+3f:f’(z)dz +21_[;f(t.r)dt+e—’ = 0 A

K £ (x> +3£f’<:>dz +2Kf(t)dt e =0,

Phxf x KR/ (@) +3f () +2f(z) =€,

MA2+3+2=078A, =—1,A,=—2,

MR (@) +3F(x)+2f(x) =0 {EMH C,e +C,e >,

L @) +3f (x)+2f(x)=¢" B —NERA vy, =axe™ fAB e =1,
MEFTRIBEREN f(2)=Ce* +Ce™ 4z

B f(0) =1, (0 =—11%C, =0,C,=1,BEFRIEN flx)=e* +z¢*

NARIRBMUERERCUNANETEY o« BRI, ATEEN « BE L TREE N

H)  ATEMHEBEN SO, BREFRutEN T, 0
H@) =aG—T),XbX H(t)XAS =c X Az,

¢ | N ds k
=— —— _—= | — = — — —
i"/Ed, ot T8 Syl 21 by =B S(12) =0,5(14) =2,5(16) =3,
__*k — _ 4—T (16—T\*_ _, B
Ehal——t_,r:S—kln(z D+CG—r=(g—F) =T 26T + 164 =0,
T =13—45.
. N Yy
(m]ﬁtB?IZIJB,ﬁEKJﬁLE%M(x.y),muj_i=y Vol g
d
Iﬁzy—votv (%)
v=é="1+ zfii (% %)
Yde Yo
d 2
d——y—voziﬂwiﬁx:kﬁ 4& Y4 ‘—1—2 d—y—vodlgzd—‘= z dyz A %),
" dz Tzt dx dx “'dx vo dx
i 2 e/ THy7 =
#——a d_3;= Y1457, =—,BI'J dz? Y
Yo dx
y(xo)—(),y (Io)“O,
2y =p, Ehx—+k¢ =0,18 =t 4,
«/l—l—p z

iﬁiﬂﬂﬁ.f&p+«/—l+f=f—f.ﬁa V' (ze) =0,48 C, =zt ,
1 v £ x &
bkﬁﬁ]f)=?':(?) —(;) ]

s rstm =% ) () e,

EE y(l’o)= ’

r— W B BB R

=[G = E) T -
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35.

k=10, B aEI Sy =5 [0 24+ 1 (Z) - 1.

[(RYKFEFAHSKEAR, =k, v, EHFAWESSEEAR, =k 0"  EBENAW=
u(mg—R,)) , HFEFE_ER.H
d’s | k. —pk, (ds

2
de? m d_t) +ug =0,

k. —pk,

iEA=——7—n#—,B=yg,i?a§A>0,i’ﬁ[ﬁ
d&s ds\? _ o ndv 2 _
?+A(§) +B =08 +Av’ +B=0,

iy dv . p
ﬁ'g?&ﬁﬁm— de , AR5 158

1 A )
arctan| [—¢|=—t+C,
JAB B"
1 A )
=0 B‘ ) C= t —_— )
Ny T marc an B

1 ( fA )_ , m [k, — pk, Y
ABarctan Evo = _——(kz _#ky)Fgarctan g v, (BB,

PR v =08, t =
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QO =

1. [ﬁ’Aal +Ay+Ag =A; +Ax + A +0A 4 +0A 4
1 2 3 4 5 1 2

Lo - o w
w N O w
l
o

N DN O W

= O == O
DD O = O

3 3
0 0
2 2
2 3

AW ==

7 7
1 1
3 3
4 6
11

2.[BIEA |E—A|=|E—2A|=|E—34A |= 0,fll A 995/\4%&{3%3,7,1,1A ~B,

1

55 L4 B B‘JﬁﬁE{Eﬂag,%,l,MﬁﬁB“ BIAIERE 4 1,2,3, 0 B~ +2F R4S EE Y 3,4,5, 8

| B™' +2E |=60.
3.[FE)|A|<0=|A|=—1
|E—AB" |=|AA"—AB" |=|A || (A—B)" |= —|A—B |=|B—A |= —4.
4. [BIERGA) ="'A" B |A" |=| A |"", UL
, (RA)" |=| ETIAC |=kn(n—l) IA In—l =g g1

© &R

0

5. [R1(A) .(C) BT, A =(i z) B =(1

0
) B ABBRETEHE 4B =0,

FRLL | AB |=0,(B) &AXt,3%& (D).

6.l a;.a;,.0,.p,+B. | =l as.a,.a,.p, |+| a;,a,,a,,.p, |
=—|a,,0;,a;,8, |—| @, 10,05, |
=—|@,,0,,a;,8, |+| a,,a,.p,,a; |=n—m,

% (D).

O BER

7.ERRY BA A BIEZHERE, FTLLATA =E,FaBITHIRE |A 12=1,BN | A |<0,FflL
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|A|=—1.

B |E+A|=|ATA+A|=| AT+E)A |=|A ||AT+E |=—]|A"+E |
=— A+E)|"=—|E+A|,

B|E+A|=0.

SJﬁmlﬂﬁAﬁﬁgﬁ%JWJA§¢E—ﬁ$%§d&A%%kﬁﬁﬁiﬁﬁﬂ
| A |=ak1Ak1 +alz2Ak2 + et anAu =ail +aiz + e +ain > 0.

=(a?—b%)".

a—b

1 14a, 1 e 0

1 1 l4a, = O
N ol :

9. (R FA&E—
a b a+b
b +b6 b
Dzn = == a
a at+b a
b a a+b
1 b 1
1595 1
=(a+b)" =(a+8)"
a 0
1 a 0
7‘7-%: D,, =‘12D2n—2 —szZn—Z =(a®— bz)Dzn—z = =(a’— hE)".
1-+4a, 1 1 1+4a, 1
1 14a 1 1 1+a
10.18I0,=| | =1 .
1 1 1+a, 1 1
a, 0 1 1+a| 1
_ a, 1 1 1+a,
O 0 - 1 1 1

=a1a;"*""a,- +a,(aa;, " a, +a,..D, )

=a,dz" Ay +ala2'"avl—2an +anan*an—2

a,a,**+a, a,a,*a, Y PRLl
L 4 e e 242
a, a - a,
=~ 1
=alaz’"a,,(1+i=zla—i‘).
1 0 0
1
0 2 0 0
11.[(fR) 2A=|: 1 P | .B=],
0 0 n—1 )
0
n 0 0

2 +anan—1“.a2(1 +al)

,C=(n)9
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IA |=(_1)an!,

0 0 0 0 1

n

1 0 o0 0 0
B o c' 1
0 B! O 2

1

0

0 0 — 0

_ n+1 |
BA =[A A" '==D"'qt A7, FFIU A“+Au+"'+A*v-=( l)k —.

12. [RYER A ~ B.BTLLA B FFEEARR , S5 — 4 EE R A, 8 | B |= 2,44, = 2782, = 1.

A +E W N 2.3.2, (A +E)" B‘Jﬁfﬂ?ﬁ%}%,%,%,ﬁw | (A+E)™ |=%. H% B
FIAFMEE R 1,2,1, 5L B* Bﬁ%ﬁﬁ%'?','g','? l,Eﬂﬂy 2,1,2,FR | B" |=4,
| (2B)° |=| 4B" |=4° | B* |=256,%
(A+E)! (9]
= (A+E)" |+] @B)" |=Lxo56=84
(4] (2B)" 12 3
QHETE
1.I1A |=—3,A" = A |A_1 =—3A7",MA)'B =ABA + 2A° ﬂ’.i}—%AB =ABA

+2A%  HEEHA ﬁfi;bf,@—%n =BA+2A 8, —B=3BA+6A,l B=—6A(E +34)"",

4 6 0 50 —30 0
E+3A=(6 10 0 ,(E+3A)_’=%—30 20 0),
3 6 10 3 -3 2
—10 10 0O
EI']B=—6A(E+3A)"=—%( 10 o0 0).
—1 1 6
0 0 1 01 0
2.(&1)(0 1 0f=Ey,|1 0 O|=E,,BNE; =E;,ffl\E,=E,
1 0 0 0 0 1
0 0 IW#ya, a, azy ,0 1 0,2 a; a, a; ;. €z €3
3‘%(0 1 O) (b, b, b3)1 0 0] =E;,|b b, b3)=(bl, b, bg).
1 0 0 ¢, ¢, c¢;7 0 0 1 €1 €3 €4 a, a; a;
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3. [RYEK r(B )= 1Bl r(B)= 2, XHK AB = O,FLA r(A) +r(B) <3, MM r(A) <1,
y.r(A) Zl,r(A)=l,:j:%t=6.
4. [RIBA = 0=>r(A)+rB) <3.HN r(A) = 2,5 rB) <1, XHAR B F# 0, Fibhr(B)= L

QO EEH

5. [#2)AB Hm HrERE, B K r (A) <min{m,n},r(B) <min{m,n}, B r(AB) <min{r(4),
F(BY), L r(AB) < min{m.n} , i m>nif,r (AB) <<n<<m, T |AB |=0,3i&(B).

6.[8RIAA +B)"'BA'+B ") =[(A+B)A™"' ] (BA™ +E)=(BA™' +E) '(BA™ +E)
=E,Ji LA (C).

7. [RY HN(AB)' =|AB | (AB)"' =|A||B|B'A"=|B|B"':|A|A"' =B A" ,fTld
% (B).

8. (MR PN (hA)" BB TLEHE LA HRBATR MRFRH 2 — 1B FL Bl (RAD”
=r""ATLIECO).

9 [RYIEY A =A.FFLLAE —A) =0, MM BRIERS r(A) +r(E—A) =n,HAT
WL (A) =0 T r(E—A)=0,A=E,#%(D).

10.(BY BB r(A)=m <n.1BrA) =r(A)=m <n,FUFTBHEAX =b BELF L.
(O,

as a o ada
11. [#E1PTAP; = (am ap an) Za T AWE L2 FHTESE 1,3 WX A.P =

a3z dzp 4y

01 0 0 0 1

(1 0 0|=E,.P,=|0 1 0|=E,,HE,=E,PTAP,= P AP, ,Mlm= 3,n= 5,
0 0 1 1 00

1 (B).

12.[82)B =AE, E, & B =AEE,, 8l B=AP,P, 8 B =AP,P ,fiLlB" =P;'P'A7" B
B =P'P;'A”" \EEF E, =E,, FR B =P,P,A” & B =P,P,A7",3(C).
13.[BYEHRQ #0,Fr(@) =1, XA PQ= 0 r(P)+r(@) <3, % #68,r(P) 22,

W) <1, F£ r@) =1,#%Q0).

O BmES

14. GEBRY(D) 4 a"a =k, A* =(E —ea ™) (E —aa") =E —2aa" +kaa™ BN a K3
T, illae’ 0, FRA = A WESLELEMRL=1.Tia"a=]a|*,FLIA*=A
BB R a s bk
(2) Y g BRI, HA’=AB A +r(E—A)=n,HAHNE—A=ca’ #0,HL
HE—A > LFE(A<a—1<n,HARBRRATFERE.

E O A @ A o A a

I5. (DURIRQ= (—aTA' lAI) (aT b)=(0 blAl—aTA'a)=(o IAI(b—aTA_‘a))‘

(OLERRY | PQ |=| A |26 —a A @) ,PQ AT BERMRE | PQ |70, e A a #b.
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16.

17.

18.
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n—r+ 1 MEETLME, FETUAX = b WEE»—r +2 MERNBEIHR2LMM R,
FRLLAX = b WML ANBEBERMNMEBE R n—r+14.

a 1 —1
(&) D=|1 —1 1 |=—(a+DwG+2).
2 2 b

(1) Y a #— 1,0 #— 20 ,FHHR D % 0, FFLL T BAR M —F, TP RENE
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25.

b+1 ab® —2a +b 2a— DB+ 1D
Ta+1 PTG+ T G rDG 12
(2) Ba=—1,b %20,

-1 1 -1 1 1 —1 1 -1
1 -1 1 b)»(o' 4 b—2 4 |,
2 2 b 2

b #E— 10, FRERETTHE.

X

A:

-1, 0
HRAMERN X =k| 3 )+(1 (k HIEEERO.
4 0
(3) Ba#—1,b=—20,
a 1 —1 1 11 —1 1
A=|1 —1 1 —2)—»(0 -2 2 -3,
2 2 =2 2 0 1—a —14a 1—a
1
1 1 -1 1 Lo o =5
§a=1ﬂ¢,A—»(o -2 2 —3)—» 0 1 —1 3 °
0o 0 0 0 2
00 0 0
0 —1
BT H X =k 1)+%( 3 )(k HEBEED.
1 0
Yo 10, B8 r(A)=2%r(A) =3, FRAXR.
» JAX1=ﬂH
[f#14 X =(X,,X,,X;),B=(B,,8,.B,) . HBHAAX =B EHTF AX,=8,,
AX, =B,.

W AX =B EBNASVERER - (A)=r4 I B),
1 1 2 a 4 0 1 1 2 a 4 0
<A§B>=(—1 1 0 —1 0 C)—>(O 2 2 a—1 4 c)

1 o1 1 & 1 0 —1 —1 1—a 0—4 1

1 1 2 a 4 0
a—1 ¢
N 0 1 1 7 2 — ,
a—1 c
0 0 0 — b—2 74—1



26.

01 1 2
HMrA)=r(AiB)Ba=1,6=2,c=—2,1Mi(A EB)—>(0 1 10 2
0 0 0 0

(=]

—1 1 1—k,
AX, =8, WERRI X, =k1(—l)+ (0)=(—k. ,
1 0 k,
—1 2 2—k,
AX, =B, HBREN X, =k2(—1)+ (2)=(2——k2 ,
1 0 k,

—1 1 1—k,
AX, =P, WEBN X, =k3(—1)+ (_1)=(_ 1._k3) |
1 ks
1=k 2—k, 1—k;

mux=(x|?xz9xx)= —k] z_kz _l_k;;)vﬁtpk]vkgvkg ﬁ{f%ﬁ'ﬁ.

k, k, ks

1 0 2 2 1 0 2 2 6
[ﬂ];___z 3 a _*0 —1 a—4 —12

3 0 a 6 18 0 0 a—6 0 0

4 —1 9 13 & 0 —1 1 5 b—24

1 0 2 2 6

01 —1 a—4 —12

_»O 0 a—6 0 0
0 0 0 at+l b6—236

(1) Ya#—1Ha#60, FRREAAHE—HE;
(2) %a =6 B‘J.V

1 0 2 2 6
- o1 —1 2 —12
A—>
0 0 0 7 b—36
0 0 0 0 0
BN r(A) =r(A) =3 < 4, T HBEH THA .
114 — 26
1 0 2 —7—
26 +12
- o1 —1 0 —
HhA— 7| BEmy
00 0 1 b — 36
0 0 0 0
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114 — 26
. 2412
X =k : + 7 (k HIEBER;
0
P ] s
7
1 0 2 2 6 ]
- o1 —1 -5 -—12
(N Ya=—160,4A - 00 1 0 0 J,
0 0 0 0 b—36

Wa=—1,b+% 360, FIREATLH;
Wa=—1,b6=36 0, 5EBEETLHIMH,

1 0 2 2 &6 1 00 2 6
- o1 —1 —5 —12 01 0 —5 —12
A— —- Pt |
H 00 1 0 0 001 0 SN
00 0 0 0 000 0 0
—2 6

5 —12
X =¢ 0 + 0 (k HIEEEEO.

K6 B R AL A A0S AE 1)

QO HZE

1

ABRIEN A |[=A1P=4,B|A|>0,fL|A|=2,LAA" =| A | E =2E,ffI

A =%A' JATA™ B@%Efﬁﬂa—%. — 1,1, A A B 2 A A B BB B B A B
%ﬁ{ﬁ% _27 - 1919?‘.%(1“ +a22 +a33 =_2_1+1=_2.

ARIPT'AT +2E)P =P 'AT'P 4 2E,

2

mP'AT'P= —1

4
BT A P"‘(A“'+2E)P=( 1 )
-2 0

.[m’é’\l‘1a1 +1:2A(a] +a2)+13A2(a1 +ag +a3)=0,ED

(x,+2x,+Aix)a, + Az, +Air)da, +Aix,a, =0,
MAE 2, +2,x, +FA2%x; =0, Az, +Aix, =0, 22, =0,
1 A, A}
BAxxx; REEZRAF,BHLLI0 A, A]|#0=2,4, #0.
0 0 Al
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4.[&14 P =(a, aaz’as)vﬁj‘] a,,a,,a; XX, LA P A1,

1 0 1 1 0 1
EHAP=(Aa1,Aa2,Aa3)=(a,,az,a3)(1 1 0j=P(1 1 0)15
01 1 01 1
1 0 1 1 0 1
P'AP=(1 1 o],BlA~ (1 1 0).
0 1 1 01 1
1 0 1 1 1 1 1 1 1
LA |I=|1 1 0|=2|1 1 0|=2|0 0 —1|=2.
o 1 1 01 1 —1 0 o0

5.[BYER A BEXFRER, BT LA R FAEE X R R ER B IER,
EAHAX =0RUA+E)X=0FFEFM, LA =04, =—1H4EH A WFEHE.e, =
(a,—a,D"a,= (a,1,1—a)" REMIXMESERR,FUFala,=a’—a+1—a=0,
BiBa= 1.

A—2 3 -1
6 IBIH|AE—A|=| -1 A+2 3—a|l=Q+DQA—-D*=082,= —1,A,=A,=1.
0 0 A—1

EHRAB=EALEEXWFTEEER,FTU - (E—A)=1,/%B8 a =4.
7.1 | AE—A |=018 A MRFEMENIA, =—2,4, =2, =6. HH A F =LKL XHR
fEmE,FrLL A AT RAXT M4k, NTiT »(6E —A) =1,f%4% a =0.

Q EFE

1
8. [ B 3a,, —a; 2¢, WRFHEME 1,2, — 1 WIFEM R, TP AP = ( 2 ) »3E(O).

—1
0 1 1 0 0 1

9.[3&)’%A=(0 0 1 ,B=(0 0 o) yBRA B EHRIEFFEM, T r(A) = r(B),FTLA
0 0 0 0 0 0

(A),(B),(C) #AX,# (D).
10.[R1%& r(E+A) <, | E+A |=0,F& —1K% A BHIEE;

1) 1
1

: ),mﬁﬁﬁ{ﬁﬁﬁrﬂﬁmﬁl,—lﬁA 35}

1
REE; A REXER,MWATA =E, 2 AX =AXHFP X Z 0,0 X"AT=1X",F£
XTATAX =22X"X,BI(A* — DX"X =0,7 XX > 0,8 A" =1, BHFEEZ BN RS
— 15 A WFIEE,.EA).

11.[fB)A WIS MEME N 1,2,0, B R4S EEH 22, BT LA A AT AR Ml , X R 44 € Y A 4E
M REEI(D) FREFRRIEES A BRHEE AR B 7T LA f 4L, BT LA (D).
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12, KRR Rxt itma = (0 1) .4 BRAMFIEBAR 0,8 (4) =1,
(B) A%, B A ~BA—ERIEA,B AR AL,
1 2 2 1 0 —38
(®) Z:X¢9W‘J!lﬂ:A=(1 1 —3/,A éféﬁﬁl‘ﬁvtﬁawmﬂz(o 1 5 ),zéftﬁ&“&x
0 0 0 0 0 0
1 00
ﬁE‘ﬂ.’JJ(O 1 0);
0 0 O
Ay
BN A LA Mk, BT AFFFERT S 45 0% P, 1718 PT'AP = ),?%r(m=
Ay
A
r( )siﬁﬁ(D).
A,
13. [B1BENA,B HEFTHIERL,FTELA,B %4, IFFFETHERE P,Q, 18 PAQ = B,i#E (D).
O BEE

14 [BIFENH A’ =A=A(E—A)=0=>r(A) +r(E —A) =n=>A TSt fa1k.

15.

16.

HA’=A,B|A|-|E—A|=0,FTLAERK A WIBEMENA =0 K 1.

EHrA)=r Bo<r<<a,iLAOMI1EHIA BIFFE HA=10r BEIFEHE.A=0X%
n—r BIFIEE,

FFLASE +A RS EE A =6(r E),A =5(n—r BE), % | SE+A |=5"" X6".
[BY1) | AE —A |=0=A,=2,=1,A,=—1.

0 0 1
HhAHUTHAEFUA(E—A)=12a=—2>A=[|—2 1 2].
1 0 0

(E—A)X=0WERMBENE = 0,1,07,&, = (1,0,DT,(—E—A)X = 0 FIRERRN
E,=01,2,— 17,4 P=(,£,,&;), 1] PT'AP =diag(1,1, — 1).

(DHPT'AP =E=>A'" =PP™' =E.
[(RIEHABEARETRMFEAR,FFUL=2 HAMTXHIFMERBERA, ¥
r(2E—A)=1,

11 1
M2E—A— |0 x—2 —x—y),F)l"lf‘J\x=2,y=—2.
0 0 0
A—1 1 -1
HIAE—A|l=|{—2z2z 2—4 —y |[=QA—-2)QA—6)=0182A,=1,=2,1;=6.
3 3 A2A-—5
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17

18.

-1 1
EB(ZE—A)x=015A=zx¢m§ﬁ%ﬁﬂﬁ%m%ﬁmﬁwal=( 1 ),az=(o),
0 1

1
HE—A)X =082 =6 NHNEETLHWETERNE N a, = (— 2) ,

3
-1 1 1 2
4pP=[1 o —2),mu7ﬁp"AP=( 2 )
0 1 3 6

ABIBERA R E=AEE U A BRIEENA, =2, =1,1,=2,=—1LEHI A AHEAS

LYETCRHFFAEM &, BP A T LAX fadl, BT LA

0 —a 0 —2 —2 —a 0 —2
0 0 —2 0 o -2 =2 0
r(E—A)=r =2, r(—E—A)=r =2,
0 0 2 —b 0O 0 0 —b
0 0 0 2 60 0 0 0
FRa=0,6=0.
1 0
) 0 1
HA=18,H(E—A)X=078¢, = o 2§, = ol
0 0
0
A1 4 O 1
BA=—18 H—E—-AX=01¢§,= 0 &= R
-1 0
10 1 o0 1
01 o 1 1
Sp=| sEBR PT'AP = ,
00 0 —1 —1
0 0 —1 0 -1

Bl PP A®P —E, \Tii A®° =E.
(XD BHAGEHAX = FRERME— L A |=0,Afla=—2Fa=1

1 1 —2 1 11 —2-1
1 =2 1 1)—»(0 1 =1 0

—2 1 1 =2 0 0 0 O

Lo =—20/,A= o (A =r(A) =2 < 3,7

BHAFLI B

111 1 1111
Yo=1AA=|1 1 1 1)»(0 0 0 1) A= 1<rA), FRETH, Ma= —2.
111 =22 Y% o000

() B |AE—A [=AQ +3)QA—3)=0%821, =0,A, =3,A; =—3.
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19.

1
HOE —A)X =018 21, =0 XtR B‘J%ﬁﬂﬁ%ﬁ@ﬁﬁﬁiﬁaél—();
1

—1
HGE —A)X =078 21, =3 X Bﬁ%ﬁ%%&ﬁﬁmﬁr‘]ﬁﬂj&z—( 0 );
1

1
H(—3E—A)X=08A,=—3NMEETXNIFEMER &, —( )

1
0
;)
-3

1 —1 1
/%P=(l 0 —2),§!|J P'AP =

1 1 1
1 1 1
V3 N2 B
1 —1 1
wer=tl)m-t(o)motl ) meslt o 2|
fl V2 ) NG . V3 V6
2 1 1
W3 V2 W6
0
mQTAQ = 3 )
-3
[BID|AE—A|=Q* =D’ — @+ 22 +2a —1],
01 0 0 1 0 0 0
. 1 000 , 01 00
#EA=34’QAJ:it4§a=2,3:;%A=O o 2 1l A =10 o0 5 4l
00 1 2 0 0 45

() H|AE—A*|=0718 A I EME R A2, =4, =A; =1,A, =09.
% A=1 H‘Ioﬁ(E—AZ)X:oi%al =(190,0y0)T9a2 =(091,090)T’a3=(0,0’_191)T;
WA=90,HOIE —A)X =078 «, =(0,0,1,1)".

11
’I%anaz 9a3 Eiﬂﬁ‘t:{%p] ‘—(1 0 O 0)T9pz—(0 1 0 O)Tsﬂa (0 O’—J_E,J_f) ’

) 1 1\"
%a.%mmgpﬁ(o,ov_ J_)

1 0 0

01 0 1
1 1 .

P=(p,.p.:B::p>=10 0O _\/_E «/__2_ JUPTA’P = 1

11 9

0 0 5 B

.
()]
—
»
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20. (YD) BR e WREHEA BIREME, S Aa =2,a,UF

21.

22.

23.

5 —1 —1
3 1 —l),
4 —2 1

A A, A =w(A) =T,
B A,=1,=2.
Add; =| A =12,

J3=A]7 A|=3,
2+a=A19ﬁ1‘§ a=19 F)qu=
2+b=2,, b=1,

1A =12, 4 m%&bm\ﬁﬁ{amz,mm{

@ AT BREIH A 1

-3 1 1
(2)2E—A=|—3 1 1),lilﬂyr(ZE—m=2,F)fuaz=as=2,tl7ﬁ——/|\?£’r$%3em4’?f
-4 2 1
fEm &, 8 A RAreistfdk.
-1 2 2
[ﬁ&l(l)A(é,,éz,éa)=(§,,§2,§3)(z —1 —2),!@%51,52,53%'&i9&,ﬂfu
2 —2 -1
-1 2 2
(€8 M, ltA~| 2 —1 —2)=B.
2 -2 -1

B |AE—A |=|AE—B |=Q +5Q —1)?=0,18 A B4F1EMENI —5,1,1.

() EN|A|= —5,FFLAA" B[N 1, —5, — 5,80 A" +2E B4FAEME N 3, —3, — 3.
MW | A" +2E |=27.

[BRYZA =S MFEBIA A4 BIB=(A")"—4E W=/ HHEMHE K 0,5,32, BT A
(A" IEANIFIE(E N 4,9,36, FR A™ MEMFMEMERN 2,3,6.

REHR|A |=36=| A |*",FFLL | A |=6.

Al 1Al __ 1Al _ .. _ _ _
i ra Al ek i =6,18A, =3,1,=2,4,=1,
Bl T — X 00 4 A B B, B L A RO IE(E 1%%
BN A~ WISMEEERBME, BT A7 7T LRI f k.
Ja+2+2c=2, Ja=—2, -2 1 1
[f3Y(1) B AE, =2&,,18<2b =4, RB<b=2, MA=|{0 2 o).
— 442 +2—2a =4, c=1, —4 1 3
A+2 —1 —1
()HB|AE—A|=| 0 A—2 0 |=0,821,=2,=2,A,=—1.
4 -1 A—3

1 1
0 4

1
H(—E—A)X=0,Ba, =(O) ,
1
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24.

25.

26.

27.

1 11

2
4 0 0 2 )
0 4 1 —1

(l)lﬁﬂﬂl%a YAl %ﬁ*ﬁ;&9m“ﬁﬁméﬁgmﬁk] vkz 9@1§k|a +k2Aa = 09-&k2 #Oa

BRAUNAL. S P= U PTAP =

0 A — —z—’a.%rﬁ,ﬁm . Aa BT,

DOIAYH Ala +Aa — 6a =0,18(A* +A —6E)a =0,

HHRa #0,FUr(A’+A—6E) <2, \Ti | A*+A —6E |=0,E0

|3BE4+A [+|2E—A |=0, | 3BE+A [=08K | 2E—A |=0.
HI3E+A|#0,W3E+ATFH HGE+A)2E —A)a =0,1§

(2E —A)a =0, Aa =2a ,F&;

# | 2E—A |70, 2E —A 7[5, (2E —A)(BE +A)a =0,18

(BE+A)e =0, Ae =—3a,F/&E FTLIE |3BE+A |=0H | 2E—A |=0,FTRZHIE
M A BHANIFEE —3,2,8 A AT Ak,

(BRI BAHa, a,a;, ZELXEK.FiLla, +a;,+a; #0,
HA(a,t+a,+a;)=2(a,+a,+a;),BAK—NMFEMEIL, =2;

XA, —a,)= —(a, —a,)Ala, —a;)= —(a,—a,;), B A B —MEEEIA, = —1.
EHea a0, RETLEL,Fila, —a, Sa, —a, BEETE UL, =—10EHFEAB
TEYFIEE Bl A R IEER 2, -1, — 1. 4

) HERa, —a,a, —a;, FBT _EFMEME -1 HNMRETXWOIFERE,FTLLA —
E AN f k.

ERRY() EM AW HA ~ B,BFLA B AT ,A,B W4STEMEAERIE | A |=| B |.
HHX A~ B,FFUFEAHIER P,f#18 P 'AP =B,

MA" =|A|A7",B"=|B|B",

TFTRH P'AP=B,BP'AP)"' =B, P'A”'P=B",
WP'|A|AT'P=|A|B'H®P'A'P=B",FRA" ~B".

(2)HENA ~ B, FLAFET S P,#48 P'AP =B, AP =PB,

TR AP =PBPP' =P(BP)P”' ,#{ AP ~ BP.

A+1 0 —2
[BIH |AE—A|=|—a A—1 2—a|=0,8A,=,=1,A,=2.
3 0 A—4
2 0o —2 1 0 —1
E—A=|—a 0 2—a)->(0 0 Z—Za),
3 o —3 0 0 0
EREEA A ANRETLFERR, LA —E Mk, A r(E—A) =1,
-1 0 2
Mla=1,8A=|1 1 —1).
—3 0 4
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29.

0 1
Y4A=18F,H(E—A)X =0,78 &, =(1) ,§2=(0);

2
HaA=2 H?J',EE(ZE—A)X=0J§§3=(—1).

3
01 2 1
/ﬁ\P=(€];§ga€3)=(1 0 —1 9ml,|P_IAP=( 1 ),Wiﬂnmﬁﬁ
0 1 3 2

P'A"P =

1
)
zu

1 3—2m o 2
Mili A" =P 1 P'=| 22—-1 1 1—2")
2" 3—3X2" 0 3X2' —2
(RB1C) BRHBAE LT LR, T
11 1
= a+2 a+l|l=a*—2a+1=0,#1B a=1.
1 2 a
1 —1 0
/%P=(a,,a2,a3)=(l 1 o),mu
0 0 1
1
P'AP=| —2 )
-1
1 3
1 2z 0z °
MiMA=P| —2 P'=| 3 1
1 7 ~7 °
0 0o -1
|A] [A]

A, A, A

X4 5,2,1,FFLh | A® 4+ 3E |=10.

1
1
1

(R Fh A WEBITTRZMA 5, LA A

A4

1
Bl A HIFIEME A, =s,x¢mﬂﬁﬁiﬁrﬂﬁ%(1).
1

XEAXAX =0 FIEZM, T r(A) < 3, N\ A BIFAEE 0, IR 4HAF 18 0 X 57 89 $5-1F ) &t
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30.

31.

—x,+x;=0,

X
w(x) ,mﬁxﬁ]%ﬁfﬁxmmmmﬁmm{
X, +xz +$3 =0,

X3

1
RS HRHE{E O X L B9 4R1E Fﬂﬁﬂ](— 2) .
1

-1 1 1 -3 0 3 2
(2)4\P=(o 1 —2 ,P“=l(z 2 2|.hP'AP= 5 ),1%
1 1 1 1 —2 1 0
2 -1 1 1,2 -3 0 3 8 5 2
A=P 5 P'=|0 1—2)( 5 )%(2 2 2)=%(5 5 5).
0 1 1 1 0 1 =21 2 5 8
[BYEHR A ~ B, L tr(A)=tr(B), | A |=| B |, B
e e =16 0,
4a — 4 =6b,
1 1 0 1 00
A=[1 5 —2), B=|0 0 o)
0 —2 1 0 0 6

@y‘jA NB,F)T‘DX%EM:—A9B %%E{E%ﬁ%/{] =19Az =0v13 =6.

2
WaA=10,HE—AX=0,18¢&, =(o);
1

—1
WA=0 Ha‘,ﬁa(OE—A)x=o,1%§2=( 1 );

—1
MA=6 H¢9EE(6E—A)X=0,1§€3=(—S).

} 2
e, 1 e, 1) e, 1| .
D> =-2! , ;= 2 = s 3 = == ’
M TN ﬁ((l)) T T TE JE(;) " T TE m(;)
2z _1 _ 1
5 5 /3
1 5
4P= yVasV3) = 0 = Ip— ) T =b.
BAP=07,,7::73) N3 7% %A PTAP =B
1 2z 2z
5 & J0

EBRY B30 r(A) +r(B) <n, ik r(A) <n,r(B)<<n,FRA= 0NA,BAFMFFEME,
A BMBFHIEEL =0 B EREIN I FEE AX =0 WIETRH;
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B MR FHEMA =0 WAFEM R B BT RH BX =0 HIERRE,
A AX =0,
B (L) <r) +r @) <u BLTRE|C " CHETR, B ABHAKNE
fiE ) &
32. (DBERY A z @), + 2.0, + -+ x,0, =0,
x,Aa, +.T,'2Aa2 + e +1',,Aa,, =0:x|a2 +I2a3 -+ ees +x,,_1a,, =0,
l'lAaz +.1'2Aa3 _'_ b +x,,_1Aa" =0=’x|a3 "i‘l’za,g + b +x,,_za,, =09

o, =0, :
BRea, #0,FUz, =0, #fABz,==zx,=0,flla,a,, a, EHELX.

0O 0 =« 0 O

1 0 -« 0 0
(DOIBIA (@, @, @,)= (@, ,0,,a,) |0 1 <« 0 0|,2P=(a,,a;,"a,),

(=]
o O

MP'AP=|0 1 =+ 0 O0|=B,WAS5BHHL,H|AE—B |=0=;, ==

0 0 = 1 0
A,=0,B0A S EMELNE . X r(A)=n—1,iLAX =0 EMERISHE -ITLHEL
KB B, Aa, =0a, (a, # 0, L A BI2IBEFIEMEN ka, (2 F# 0).

1 1
33.[BIANA BT TREZMES, LA A|L =5(1 JHNA H—MFEENIA, =5, 13T
1 1
1
MMFFEmRRN E, =|1] A8, =5&,.
1

2 1
X AX =0 BEBRI k, (— 1)+k2(3) JI 7 (A) =120, =4, =0, H X B A4SIE ) & A

3 4
2
§z=(_1 3
3 4
Sz +x,8, 428 =P8 x,=8,x,=—1,2,=—2,

1

’§3= sA§z=0,A§3=0.

1
1
34. (ﬁ’ $ IAE—B |= 09?‘5/\] = _lyl\z——_ 19A3= 29Eij ~ByF}?D)\A mﬁﬁﬁygAl = -1,
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35.

A, =1,1, =2,

Htr(A) =2, 4+, +2;,Ba=1,FH |A |[=b=2,2,A,=—2,Bb=—2,
1 -2 2

BPA=|—1 0 —1).
o 0 1

HM(—E—-A)X=0,8& =1,1,007;
Eﬂ(E—A)X=091§ éz =(_2v191)T3
BHQE—-A)X=0,18¢,=(-2,1,007,

1 —2 =2 -1
4p =1 1 1 |, P'AP, = 1 )
0 1 0 2

H(—-—E—B)X=0,%1n,=(-—1,0,1D7;
H(E—-B)X=0,%%1,=(1,0,00";
M(2E —B)X =0,18 1, =(8,3,4)7,

-1 1 8 -1
4P,=| 0 0 3|,0P;'BP,= 1 )
1 0 4 2
i P{'AP, =P;'BP,,18(P,P;')"'AP,P;' =B,
1 —2 —2 |° —% ! -2 6 -1
4&P=PP;'=|1 1 1) 1 —4 1 =( 1 —5 2 |,MP'AP=B.
o 1 o’y % 0 1 —4 1
A—1 1 a
[(BIIAE—A|=|—-2 2—a 2 [=Q+a—1DQA—a)A—a—1)=0,B4K
a 1 A—1

A BB EENA, =1—a,d, =a,A; =1+a.
D Yl—az£a,l—a%1+aras1+a,Ma%0Ha ¢%H¢,ﬁﬁi¢A BEAK
RIBSRAEE L B A — BT T LIXT k.

1
A=l—a B, H[(1—a)E—A]X =078 &, =(o);
1

1
A, =a ﬂﬂ',ﬂa(aE—A)X=01%€2=(l—2a);
1

2—a
A, =14a E‘f,ﬁi[(l+a)E—A:|X=01§§3=(—4a).
a+2
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36.

1 1 2—a
0 1—2a —da
1 1 a-+2
(2) Ba=08f,2,=2;=1,
AR r(E—A)=2,ilFBHA(E - AX=0HNEMBREIASH - IERELXNERE,
WOERE A RATELST Ak,

1

1
(3) %a*_—‘é‘ B;J.’Al =Az ='2_9

l1—a

4P

9P_IAP =

a

1+a)

B (B —A) =2, BREA(TE —A) X =0 MBRIMF L AH— R T LN

&, A ALY f k.
(DIGERBY AN | AE —A |=| AE —B | ,fTLl A,B BAEF B MERE IR I A A4,
HX A,B # AL Ak, FUFLETSEME P, P, ,H8

A, 0 e 0 A, 0 e 0
] 0 A, = 0 1 0 A, =+ 0
PUAP, =| .|+ P;BP,=| | Ll
0 0 - A, 0 0 - 2,

i1 P;'AP, =P;'BP, 18 (P, P;"))'A(P,P;') =B,
B P,P;'=P,l P'AP=B,il A ~ B.

A—1 1 0
OIBIF|AE—A|l=] 0 A—2 0 [=Q—D*QA—2=0%#
0 0 a-—1

Aﬂg%ﬁﬁj‘]/h:ZN\z:As:l;
A—2 1 1
HIAE—B|=| 0 A—1 0 [=Q-D*QA—2)=01%8

0 0 a-—1
B MFFMEE N A, =2.4, =25 =1.

0 1 0 010
ME—A=|0 —1 o)»(o 0 o)iﬁr(E—A)=1,EllAﬁnﬂfwmﬂs;
0 0 O 0 0 0
-1 11
BHE-B=|0 o0 o)ﬁ%r(E—B)=1,EﬂBEHEMXMW,&A~B.
0 0 0
1 1 0 -1
EEZE—A—»(O 0 1|8 A Bﬂ)ﬁ?m=2&@%ﬁ%%%ﬁrﬂﬁwa.=( 1 );
0 0 0 0
01 0
HE—A—|0 0 0)1%
0 0 0
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-1 1 0
4P,={1 0 o),
0 0 1
01 0 1
EHZE—B—»(O 0 1 1§BME?Al=2&9%ﬁ%9&%ﬁErﬂﬁﬂaﬂl=(o);
0 0 0 0

1 —1 —1
daE—B—»(o 0 0)1@
0 0 0

1 1
BHBTA, =2, =1 AKX XNIFERNER P, = (1) B = (o) ,
0 1

1 1 1 —1 2 1
& P,=(0 1 0) ,ﬁ/fz\P=P1P;l= 1 —1 —1|,0 P'AP =B.
0 0 1 0 0 1
. —
. IR
Q HEHE

1. [BIA? — 24 =0=>r(A) +r(Q2E —A) =4=>A TN A,A, =2,4, =0, X _IWBH EH]
HHBHN 2, A, =22, =0 BHE _F, FUZ - REHOMEE R y + y2.
Q EFEE

2.[RIBRABHELHHREM,f1 |AE—A [=0,18A BISEENA, =1,4,=2,1,=09,
B | AE—B |=0,18 B WIS MEENA, =1,1, =1, =3,EHNF A,B BHEIEHIES, (HIFEHE
AHELFFLLA,B A RERHEM, 2 C).
1
0

A =Oyﬁ(A).

O BEE

4. LEBRYBEHXRATA HEXMHRERE,r(ATA) =n, 3 EEH X >0,
XT(ATAYX =(AX)T(AX), % AX =a , BN r(A) =n, Bl a # 0,574
+ 524

3R B RE £ =XTAX 2, y2 4 Ayl + A, y%  Horh @ HEACH . BY =
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AX)TAX)=e"a=|a|* >0, KB X"ATAX BREEKH,ATA HIEEER, BT
PLATA WREE2XTE.
GEBAIBEERAT=A, BN PTAP) " =PTAT(P")" =P"AP,FT LA PTAP H 3 BR4ERE , WHE &
M X #0,X"(PTAP)X =(PX)"A(PX),4 PX=a,FAHFPAIFH X %0, e %0, X H
HARERBERE, Ll e Aa >0, XT(PTAP)X >0, X"(PTAP)X HEEE_—KH,F
£ PTAP R IF sESE .
LGERY BRAT= A SHERM X #0,X"AX = (PX)"(PX),H} X # 0 H P 7[3#, 5FLL PX #0,
FRXTAX =(PX)T(PX) =|PX|[* > 0,81 XTAX HIEE KE, M A HIEEEKE.
ERYERABIEE,HTLLAT=A,B"=B,\Ti(A+B)"=A+B,8 A+B Rt FREK.
MEBEMX #0,X"(A+B)X=X"AX+X"BX,HNA,.BHEEHERK, U XTAX >0,
X"BX >0,BM X"(A+B)X >0, FRA+B NEZHERK.
ARBIBEN f=X"AX 3 ERXERITHRBERR f=y! +yi — 2y FFLERE A SO IE(E
A =2=12;=—2.H |A |=2A,A, =—28 A" WEBEERIp, =p,=—2.u,=1,
M A® +2E WAFIEEN 0,0,3,80 e, H A" +2E BB THEIE(E 3 MISME M &, Xl A
BB TAFEME A, = —2 BFR1E I £
X
SANBTFREEL =2, = 1 HFTEREN a= (xz) YEAN A HEXFRERE, BTUA
X3

aTa =0,0 2, + 2, =0,8MEMAWBTA, =1, =1 KISEMEY

0 —1
az=(l)9 a3=(0 )?
0 1

0 —1 1 1
4‘.(\P=(a2ya3,a1)=(1 0 0 !mP_IAP= 1 )’1%
0 1 1 —2
1 3
1 7 % 73
A=P 1 P'=| 0 1 0 |,FiRI-KEH
-2 3 1
2 7%

1 1
f=XTAX=—?xf + zi —?xg —3z,x;.

AR KRB f =220+ 220 +axl+ 22,2, +2bx x5 + 22,2, WHEEER D
f=X"AXx,
2 1 b
1 21
b 1 a
MR B R EER), TR A MSEMEN 1,1,4.
MIAE—A |=2°—(a+DA*+da —b* +2)A +(—3a — 26+ 26> +2), i UA
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12).1151%3QTAQ=B=( 1 ),FJTL‘AA~'B(IEI)§IE§%EIE
4

X3

E:PA: X =
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A—(a+ A+ Ua—b+DA+(—3a—26+2+2)=Q —1D*QA —4),
ﬁiﬁa=2vb=l.

-1 -1
¥M=Azé1B¢,$(E—A)x=01§g,=( 1 ),§2=(_1);
0 2

1
A, =40, HUE—AX=01¢&, = (1).@?«& E,,E,,E, FIBIIERS . Bafifb R
1

_1 11
Z 6 3

—1 —1 1
Y =’l'(1 'Y =l(_1 WYy =—|1 ,DI'JQ= l’ '"i l’
'ﬁo 2J€2 3@.1 JZZ 63
o 2 1
B 3

a-t+3 1 2
2a a—1 1
a—3 —3 a
a=0Ra=3FEHARESERE,Fla;, >0G=1,2,3),Hha=3 %Ha=38,H
A—3 —1 =2
-1 A—-3 2
-2 2 A—9
B A RIS 1,4,10. BR A BEXFRERE, TUFEEXER Q. R

X =QY
v+ ayi+ 10y <105 + 35 + 33

10.VRYRA R FBAFEZEH, L =ala+1@—3)=0,Ma=—15§

| \E—A |= =Q—-1DG—-4)QA —10)=0

f=XTAX
X |=v2 8,
Y 4y 4+ =YY =YTQTQY =QY)"QY) =X"X =X [* =2,
FRUAY | X [=v2 Bt . XTAX BB A K 20 (B AAE 20 T LABLE], t y, =y, =0,y, =+2).
11. GERAJA Fist R — BN £ =X"AX,
EX A RS FREM, BT EEERER X =QY, #1&

f=x’fox==QyA,yf+A2y§+---+A,y5,EEP A >0 =1,2,,n),
SHEREH X Z0,HN X =0V, filAY=0"X #0,
FR =2y FA,y + o+, >0, IR X 08 X AX >0, il XTAX A
EEZWRE,. A FEEERE.

12. GERRY W E4E: . i BTAB 2 I1F 2 B/, M 3HE A X # 0,X"B"ABX = (BX)"A(BX) >0,
FFLL BX # 0, EDXHEREM X £ 045 BX # 0, B4A BX = 0 RATHE L r(B) = n.
A RZ & r(B) =n,X{EEN X #0,8 BX #0,

H9 A BEEERE, L X"(B"AB)X = (BX)"A(BX) >0,
HN(BTAB)T =BTAT(B")" =B"AB,Fi Ll BTAB JX R,
B BTAB 9 IE & 5 .
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O H=E

1.

.[®IP(A | B)=0.7=

[#%1E% P(A+B)= P(A)+P(B)— P(AB),H P(A)+P(B)= 0.8,P(A+B)= 0.6,
FfLk P(AB) =0.2. XE¥% P(AB)=P(B) — P(AB),P(AB) =P(A) — P(AB),
BTl P(AB) + P(AB) =P(A) + P(B) —2P(AB) =0.8— 0.4 =0. 4.

P(AB) _1—P(A+B)

1—P(B) 1—P(B) ’

EX P(A|B)=0.4,P(B|A)=0.4,Ffl P(A) =P(B) H P(AB) =0.4P(A),

1—P(A)—P(B)+P(AB) 1—2P(A)+0.4P(A) 0.7
1— P(B) - 1—P(A) -
2

@78 P(A) =P (B) =%.P(AB) -=

P(A | B)=0.7=

TR P(A+B)=P(A)+P(B)—P(AB)=———=—,

.[#BIBE% P(A | B)=P(A | B),ffLL A,B H{E M, A\l A,B HEMT,

P(AB)=P(A)P(B)=P(A)[1—P(B)]=0.4X0.5=0.2

L EB (D H0<PB<IH,PA|B)=PA | B WA B EERLA,B R,

(DA,B BEWHEHREFAAFHABAB.A B AR HMERE,

.[(#E) i P(A§)=P(A—B)=P(A)—P(AB)=0.2RP(A)=O.61§= P(AB)=0.4,

H# P(AB)=P(B—A)=P(B) —P(AB) =0.3 48 P(B) =0.7,

Bl PA+B | A)=FAA+B)]_ PAB) 1-P(A+B)

PA) PA)  1-PQA)
_1—P(A)—PB)+P(AB) _1-0.6—0.7+0.4 1
B 1—P(A) - 0. 4 T4
IMIP(A) =P{X =4,Y =6} + P{X =5,Y =5} + P{X =6,Y =4) =3><31—6=é,

P(B)=P{X=2,Y=1}+P{X=3,Y=1}+P{X=3,Y=2}+P{X =4,Y =3)
+P{X=4Y=2}+P{X=4Y=1}+P{X=5Y=4}+P{X=5Y= 3}
+P{X=5Y=2}+P{X=5Y=1}+P{X=6,Y=5)+P{X=6,Y=4)
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15_5

+P{X=6,Y=3}+P{X=6,Y=2}+P{X=6,Y=1}=£=12

P(AB)=P{X=6.Y=4}=%,

1 5 1 17
DI'JP(A+B)—P(A)+P(B)—P(AB)——1—§+ﬁ—%—%.
6.(%]&@@%?&P(A§)=P(ZB)=%,
B3 P(AB) =P(A) — P(AB),P(AB) =P(B) — P(AB),ffLA P(A) =P (B),

BEMIAE P(A) — P2(A) =%,m15 P(A) =%.

7. UB) LBWEEN S =%a2 EESREANERS x mmsmma=§ HIKIRIDH D, »

o

) _ D _iJ‘% J'Zacosﬁ _“+2___l l
FiRBLEY p = S  ra® odﬂ 0 rdr = 2 2+1r°

8. [RIZ A, ={Fil™R¥Ni%H)(G=1,2,3),P(A,)=0.6,P(A,)=0.3,P(A;)=0.1,
FRsR 2R

P(A) 0.6
P(A,+A;) 0.6+0.3

9. [BYE— KRBT A RENEER p,B={=ZKHAR+F A ZLRE-K),

P(A] IA|+A2)= =%.

D'l'lP(B)=;—3,ﬂ P(B)=1—P(B)=1—(1—p)%,

BRUA 1= (1= p) = #18 p — o B W B A R BB

10.[R14 A={$—H=Ra%),B={HB MM Rak), WHTRHERN
P[AB(A+B)]_P(AB) __P(AB)

P(A B |A+B)= B(A + (A B) _ ,
P(A +B) P(A+B) 1—P(AB)
—= _Al _2 VI TS ——

Q EEA

11.IRY BRI A,B EAMAE,.FFU P(AB) =0, FRA
P(B |A)— P(A)P(B |A)=P(B |A)P(A) =P(AB) =P(B) — P(AB) =P (B)

B (B).

12. (818 P(A+B|C)=PA|O+PB|C),BAEPA+B|C)=PA|O)+PBI|O
— P(AB | C), itk P(AB | C) =0, \Ti P(ABC) =0,
# P(AC + BC) =P (AC) + P(BC) — P(ABC) =P (AC) + P(BC),#(B).

13. ()% P(A) >0,P(B) > 00,54 A, BT SERERFHEN, BF A,B M,
P(AB) =P(A)P(B)>0,MA,BAREF;#&#A,BHEFK,M P(AB)=07# P(A)P(B),
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14.

15.
16.

17.

18.

19.

Bl A,B AW, X=ANHEBRHMILA—EHE T, % D).

[(BYHENEMHA,CH,B,C i, HA,B AHEE,

Fr P(AC) =P(A)P(C),P(BC)=P(B)P(C),H AB=4.

P[(A+B)C]=P(AC+BC)=P(AC) + P(BC) — P(ABC)
=P(A)P(C)+P(B)P(C)=[P(A)+P(B)]P(C),

i P(A+B)=P(A)+P(B)—P(AB) =P(A) + P(B),

B P[(A+B)C]=[P(A)+P(B)]P(C)=P(A+B)P(C).BlA+B 5C #,F

BERNA). ‘

[RIBETFA,, A, A, TR LA, , A,, A, SHFREML,BR—E IR, %8,

[|IP(A) =0 if,H% AB C A,fill P(AB) =0,F £ P(AB)=P(A)P(B),H A,B

WAL BB SEMEENA RS ;& P(A) =1, P(A)=0,A,B 7, A,B s ; K

7 P(A+B)=P(A)+P(B),#8 P(AB) =0,{6 AB A" —ER AR BEI 4, % (D).

[#JA+B=B%HhFAB=A,AB=A%HHFACB,ACBEHWFBCA,fi AB=

A—AB, AB =0 %#HF AB =A,Fi L% (D).

(17 A,B,C M MIERT.A,B,C EM ©SP(ABC) =P(A)P(B)P(C)

SP(AYP(B)P(C)=P(A)P(BC),FiLAIEHER I (A).

[(RIP(AD =P(A2)=%,P(A3)=P(A1A_z)+P(A_1Az)=%+ =%,P(A4)=%,

1
4
1
i’
BAPAA) =0l A, Ay A, REFMT,(C) (D) F¥;
BAPAA,AD=0#P(ADPADP(A) BRI A LA, A, BRIh 37 B RAH E #h
3,3 (B).

P(A1A2)= ’

P(A,A;) =P(A,A,) =—i~,P(AgA3) =P(A,A,) =

.blo—t

O BEE

20.

21.

[(RIFA ={(F: ZHEFEH MIE),
B=A{ELA—FFHNEANLFHANFS S EHRSMERA),MWB=A,+A,+A,.A

2l 1, S U DA o
P(A,)= E’: E(l— 19293):P(A,-Aj)—- :?T— E(i,]— 1,2,3,i #])9P(A1A2Aq)— H— Fy

2

=3
(&) A &E—
BEEAE =G+, BRA, ={F L KRB BR) ,WEREFEHE N aa+6— D1,

. _ala+b—1D! a
FTEL P(AL) = (a+6)! Ta+b
FE=

A RRERARXNNR, B e RNERBEERE I =AL, B KRB BRFASHE
aA::-;—l _ . a
AL, Tatb
+ 529 .
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22.

23.

24.

25.

26.

27.

28.

[RYBERZHEAEINANHZASHNI 2,y O< 2 24,0y < 24,
—x>1,
NFERRRESHFO RS LERER]
T — Y 22,
AD={(z,y) |0z <24,0C y < 24},
MDD =z, |y—xz=l,x—y=2,(z,y) € D},

U A5 S OB O p = 2 = 1013,

[R)4 A, ={%r KBEBENFEIFE (2 =1,2,-,10),

—_— —_— —_— 9 1 1
P(A)=0.1,P(A,A) =P(A)DPA, | AD =1; X = =75
P(A, A, A A =PADPA, | ADP(A; | A, AyAyy)
9 _ 8 1 1
SN e X T rF1 107

[ﬁ]&A] ={E|3ﬁj] 5},A2 ={Eﬁﬁyg 10}yA3 ={Eﬁﬁj‘7 15}’3 ={[ﬁ§ﬁk?2&}y

.
’

W P(B)=P(ADP(B |A)+PA)PB|A,)+PAHNPBI| A =1%.

[BID % A ={RE&EHER),B={(ZH+HBAF),C={FFEH,MWC=A+B,

P(C)=P(A+B)=P(A)+P(B) — P(AB) =P(A) + P(B) — P(A)P(B)
=0.6+0.5—10.6X0.5=0.8.

(@) |A, ={#PP},A, ={(EFZ),B={BHgHEH) N

P(A.)=P(Az)=%, P(B|A,))=0.6, P(B|A;)=0.5,

pea, | By=PWAOPBIAD PADP(B | A
' B P(B)  P(ADPB|AD+PANPBI|AY
0.5X0.6 6

T0.5%X0.6+0.5%x0.5 1I'
[iEfAY 1 A,B 7,78 P(AB) =P(A)P(B),
H P(AB) = P(A — B) = P(A) — P(AB) = P(A) — P(A)P(B) = P(A)[1 — P(B)] =
P(A)P(B),#8 A,B L, [FIBTE A,B ML ;
M P(A B)=P(A+B)=1—P(A+B)=1—P(A)—P(B) + P(AB)
=[1—P(A)J[1—P(B)]=P(A)P(B),18 A,B 1.
GERAY 3 A,B Rt &4, C %4, AB C C,F£ P(C) = P(AB),
i P(A+B)=P(A)+P(B)—P(AB) <1,
FFH P(AB) > P(A)+P(B)—1,FR P(C)=P(A)+P(B)—1.
[BID A = FHBRNREEIE  MEEHK)IG=1,2,3),
B, ={%; RENMERIBERERIG=1,2),H

1 = 3 = 7
?,P(B] IA])—I_O"P(Bl IAz)—Es

P(A,)) =P(A,) =P(A,) = P(B, |A3)=25—5,
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P(B,)=P(A)P(B, | A)+P(A,DP(B, | A,) + P(A,)P(B, | A,)

1 3 1 7 1 5 29
=3 X0t 3 XT3 X% "0

7 7 - 7 8 8
9 =30’ P(BlelAz)—ﬁXﬁ—%9
20 5

24”30

(2)P(B,B, |Al)=%x
P(B,B, | Ay) == X P(B,) =P(B,) =,
1 2 3 _25 ? 2 _‘ 1 _90’

3
— P(A,)P(B A,
P(B.B,) ZJ: (ADP(B,B, | A)

_ 20
P(B. | B,) = P(B,) P(B,) T el
“ TR RE S

O HTE

1. [fBYRRIhEREH X, X ~ B(100,p),
D(X)=100p(1 — p) . 43 HEE RV/100p (1 — p).

S fP=pA—pO<p<D,Hf(P=1-2p=0EFp= %,Elﬁf”(%)= —2<0,
B p =% W £(p) MBKME, Y p =% R I s S
2.[#&)&3P{x=k}=(1—p)"“p(k=1,2,---)(£=Pp=%),?%
NP(X = IR b S
§P(X—2k)——g:p(1 P =p =575
3.(mle<y)=P<Y y) =P(X* < y).

¥|y>OH'J' Fy(y)—P(Xz ¥ =Py < X<Vy)

_ _ 1 1 _EJG 1 _2
_IWfX(I)dI_KJ—51+xzdx_ﬂ v 132 dx—“arctanfy

0, y<0, JO’ y<07
FRFy(y)=<2 W fy(y) = 1
— , 0, —_—,y > 0.
narctan«/g_r y > ady L+ y
O EERE
x= —t +-c0 a
4. [BRIF(—a)= f(x)dx— f(—t)dt—J f(t)dt=l—J_ FQ)Hde

—1— J'_wf(t)dt+J_nf(t)dt)=l—F(—a)—2J:f(t)dt,

WF—a) =~ fx)de, #®.
2 0
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5. [BYREHE F(+o0) =1, BEHRERN D).
6. (R EH o (z) AENR—HNERNIHRBW LS LBERMGR:
o< px) < 1; (Do) BFEARE;
Neolx) FELE; We(—0)=0,p(+ ) =1
BREA FQx — 1) HREKM,%ED).
7.[8IF,(y) =P(Y < y) =P(min{X,2} < y) =1—P(min{X,2} > y)
=1—P(X>y,2>y)=1—P(X >y)P2>y),
Yoy =20, Fy( =14y <28, ,F () =1—P(X>y)=P(X <y)=Fx(),

1_ I’ >0a i
frﬁFx(x)={ ST T RN o< y <28, Fy(y) =1—¢€7;
09 X <O?
J19 y>2,
Fy(y)=<1—¢e,0< y <2,B8 Fy(y) 7 y =2 &ENH,EB).
07 y<09
O BER
8. [MRYIA={ \PF&EPERNHER),X WTREBRMER0,1,2,3,8{X=i}=B,(=0,1,2,3),
C4
W P(X=0)=P(B,)=P(A)P(B, | A)+ P(A)P(B, IA)=£><0+ 3 Xc‘ 215,
CiC: 3 CiC; 10

C4 +_5“ c,‘s = ﬁ9
— — CiC; C:C;

P(X= 2)= P(By)= P(AYP(B, | A)+P(AIP(B, | M= Lx 2243z 12

57X "X T

P(X=1)= P(B,)= P(A)P(B, | A)+P(A)P(B, | A)= %

2 Cici 3 2
P(X—3)—P(B)-P(A)P(BsIA)-I-P(A)P(leA)—E C + X 0= 25°
6
0 1 2 3
ﬁ)fl«‘lXBﬁﬁ*iﬁﬁgﬁX~(i 10 12 2
25 25 25 25

9. [(BINDT WBRFMHEHEN F () =P(T <),
% < 0B, F(t)=0;
YoM, F()=P(T<)=1—P(T>)=1—P(N=0)=1—¢™

0, t <0,

BT LA F(t)={ . BT ~EQ).
1—e l,t;o,

(2) FisRBRR

P(T>16,T =8 P(T>=16) _ _,

= > =8) = = h
p=P(T=16|T=8) P(T > 8 P(T=8)

10. BRY(1) ¥z <—18F,F(x)=0;
Yr=—1 B‘J'9F(—l)=%,
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11,

12.

13.

E%PF&<X<J%%—%—%-—ﬁu&h&<x<nﬂ—k<r<nk$T,

P(—1< X< x|—1<X<1)—

,:FE

W—1<x <1 A,
P—1<X<K<)=P—1<X<Kx,—1<2<<])
=P—1<X <D P—1<X<x|-1<x<D

_5 z+1_5z+5
~ 8 2 16
Fz)=P(X <2)=P(X <~ D+P(—1<X< )_%+5x1:5=5~f1:7,
§x>1N,F($)=19
JO’ x<—1,
7
MF@=2T" 1< <1,

16
ll’ x 21.

(2YP(X <0)=F(® =%

[RIF, (y) =P(Y<y)=PU— VX <y)=P(X=U—3*
(1—y)) =1 f'ﬁ (z)dz =1 lf”ﬁ LI
=1—P(X < y)) = . fx(x)dx = el IO l—!—xzx,
. 31—yt _ o
fyy)=F'y(y) = T+ d=5)7] (—o0 <y <4 00),

[#IF, (y)=P(Y<y)=P(" < y),
é y g 1 W,X <0yFy(y)—O;

In Iny
%y >16,X >0,Fy(y)=P(e* <y)=P(X < lny) =_[_y Fx(x)dx =J0 e “dx,

0’ y<1’
fr(y)= L fy(y) = lz’y>1‘
A—2 -1
[(BIH|AE—A|=| 0 i1—1 0 |=G—1DDQA—2)Q4—-Y)=0,
0 -1 A-—-Y

1%%%14 B‘Jﬁﬁi@yg/\l =19Az =2913 =Y.
HY F# 1,20, 8K A —ELUXAL;

2 1 0
Ly=18,A=(0 1 0|,A=1RX_FH4H1FHE,
01 1
BEAr(E—A) =2,k A Rtk
2 10
HyYy=28f,A=[0 10)J=2ﬁ:EﬁEE,

01 2
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HHr(2E—A) =1,k A A3t M4k, 4 A TTXT AR N
P(Y#1,2)+P(Y=2)=P(Y=0)+P(Y=2)+P(Y=3) =%.

I4. [BPX+Y=0=PY=—X)=P(| X |>D=PX>D+PX <1
=P(X>1)=1—-P(X<1D=1—Fyx(1)=e,

Fy(MI=PY <y)=PY <y, | XIKSDH+PYK<y, | X|>D
=PX<y, | XISKSDH+P—X<y, X>D+P(—X<K<y,X<-1
=P XKLy, 0< XK D+PX 22—y, X>1,

My <—10F,Fy(y) =P(X >—y)=¢é";

Y -1<y<0M,Fy(y)=P(X>1)=¢e"

Ho<y<1B,Fy(y»)=PX<K<y+PX>D=1—e"+e?;

By>1H,Fy(y)=PO<XK<D+PX>D=1,

Jen’ y<—1,

_ e-ls —1<y<0,

&FY(y)—ll_ —Ay_+_e_“,0<y<].s
1, y =1,

= BRI R RN

QO HEHE

1.I8) P(X+2y<4)
=P(Y=DP(X<4—2Y | Y=1)+PY=2)P(X<4—-2Y | Y=2)
+P(Y=3)P(X<K4—-2Y|Y=3)

=—P(X 2)+;P(X 0)+%P(X<*‘2)

1 3
—gcb(l) —I-z—i-ﬁd?(-—l) =0. 465 87.

1— 9 > ’
2. VR Fy(a) = Flahoo) = | ¢ x< B X ~EQ,fBY~E®G), B X,Y M.
) 1‘\ )
Pmax{X,Y} > D=PX>1HY>1D=1-PX<L,Y<D=1-PX<DPY LD
=1—F,(DFy(D=1—1—eDU—e¥) =42 —¢".
3.[8YH X,Y 70,2) FIRABS4SHE
0’I<0v Jos y<0,
Fy(y)—‘

Fx(I)= %90\1 < 2,

1, = =2, 1, y =2,
Bk X,Y #HEML, Brkd
F,(2)=P(Z<2)=1—P(Z>2)=1—P(min{X,Y} >2)=1—P(X >=2,Y > z2)
=1—-P(X>2)PY>2)=1-[1-PX<]J[1-P(Y < 2)]
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=1_[1‘Fx(2):|[1—Fy(Z):]’

FRPO<CZ < l)=Fz(1)—Fz(0)=%.
4. [BYF, (W) =PU<S<W)=PX+Y<uw),Hu<<OR,Fyu)=0;

Bo<u<1B,Fy(w)=PUKu)=PX+Y<u)=P(X=0,Y<<u

=P(X = O)P(Y<u)—I><u;-1 3“:3,

HI<u <2, Fyw)=PX=0,Y<<w)+PX=1Y<xu—1

3 1 u 3 u
=7 tTT X7ty

0’ u<0’

Wu=208F,Fylu)=1. Bkl Fy(u) =+

400
_P(X>5Y<3) fiaf erar o

5.[MIP(X>5]1Y< 3 POY <3 =T ===
dy e “dx
0 y

6.[RYS{(X=0}=A ,{Y>o}=B,mu7§P(AB)=%,P(A)=P(B)=%,£5(

P(max{X,Y} = 0)=1—P(max{X,Y} <0)=1—P(X <0,Y <0)

=1—P(A B)=P(A +B)=P(A)+P(B)—P(AB)=%.

Q EFEH

7.[8YF,(z) =P(Z < 2) =P((min{X,Y} < z)=1—Pmin{X,Y} > 2)
=1—P(X >z, Y>2)=1—P(X >2z)P(Y>=2)
=1 —-[1-PX<)I[1—-PY <2)]=1—[1—Fyx(z)][1—Fy(2)],3(O).
8. [RYF,(z)=P(Z < z)=P(max{X,Y} <<2)=P(X <=z, Y<2)
=P(X < 2)P(Y < 2)=Fx(2)Fy(2),%(B).

Ae ™, >0,
9Jﬁlm¥X~EuLﬁu§E®&%fu)={e T >0 ts R
09 I<O9
— —A:r, 0,
Fo={""¢" "7 %sp00= 1.p00= 5 EREX+V = 2 EX V=0,
09 I\O, A A A

— oW
i max{X,Y) WS FREE Fi (z) # {1 e™, >0,

FLACA) , (B) , (C) TEART, 3% (D).

’ I\Oy

Pmin{X, Y} <x)=1—P(min{X,Y}) > z)=1—PX >z, Y >x)
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—1-PX>2P¥ > =1-[1-F@F={' "¢ * *>©
0, xz < 0.

10. (Y% X, Y My BBBRAESSH,0 X, Y WEEBLKHASBRAESSF,%ED).

H.IBIBAX, YO IRMN_HEESSH, LU X, Y BRAN—EESH i .aX +bY RN —4
EXELSMH XY ML 5ARMREMR, BT LLE (B).

R.IBIAEHX, D RAHESHHER, X, YHIZAS5X,Y FEXEH, B X, Y {ULE
ERERBERERAREEREN X, Y MBI, (A 735 XY #BRNESH A BHEEMH
SLMXLY) RN ZHESSN B XY A—EMEML, (B) A4 X, Y ME M6
AREHES X +Y IRA—HER, (D) Fxt, i (O).

13.18)Z=Y—X ~N,D,BEHX—-Y~N1,1, X+Y~NQ,D,

X -2y ~N(-z, ),Y—zx~N(1, ) B LA (B).
O BES
Xl 2
14 . [R1X = =X, X, — X, X;,2U=XX,,V=X,X,,BU,V I~ [@47.
3 4

PU=1)=P(X,=1,X,=1)=0.16, P(U=0)=0.84,X WA EERMME X —1,0,1.
PX=—1)=PWU=0,V=1)=PU=0)P(V=1)=0.84X0.16=0. 134 4,
P(X=1)=PWU=1,V=0)=PU=1)P(V=0)=0.16 X 0.84=0.134 4,
—1 0 1
P(X=0)=1—-2X0.1344= 0.7312,:]=%X~( )
0.1344 0.7312 0.134 4

15 . [#)Q) BF X, Y B, Frid
PU=V=i)=P(X=i,Y=i)=P(X=i)P(Y=1i) =%,i =1,2,3;

PW=2V=1=P(X=2,Y=1)+P(X=1,Y=2) =2,

PU=3,V=D=P(X=3,Y=1)+P(X=1,Y=3)

<O|l\:> toll\‘) ©

PU=3,V=2)=P(X=3,Y=2)+P(X=2,Y=3)

PWU=1,V=2)=PU=1,V=3)=PWU=2,V=3)=0.
FFLAU,V) HEBRE SRR

v
1 2 3
U

1

1 5 0 0
2 1

2 E E 0
2 2 1

3 0 ) )
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16.

17.

(DPZ=1=PWUV=D=PU=1,V=1 =%;

P(Z=2)=PWUV=2)=PU=1,V=2)4+PWU= 2V—l)=—§—,
P(Z=3)=PWUV=3)=PWU=1,V=3)+PWU= 3V—1)=%,
P(Z=4)=P(UV=4)=P(U=Z,V=2)=%;

P(Z=6)=P(UV=6)=P(U=2,V=3)+P(U=3,V=2)=£;

P(Z=9)=PWUV=9)=PWU=3,V=3) =%.F)fu Z M mEN

1 2 3 4 6 9

z~{1 2 2 1 2 1

9 9 9 9 9
(3)EB:FP(U=1)=P(X=I,Y=1)=%,

PWV=1D=PX=1Y=1D+PX=2Y=D+PX=3Y=D+PX=1Y=2)
+P(X=1,Y=3)=%,

Tﬁ]’P(U=1)P(V=1)=% %#P(U—l V_1>=—,ﬁ)fuu V RHE .

(4)P(U=V)=P(U=1,V=l)+P(U=2,V=2)+P(U=3,V=3)=%.

4 1
(B pu+pu =248 pu =2’

B X,Y HEMI BT pr.X poy =pu» TR p,.=—411—,

’

| w

p 1 P
B pXpe=tuBp. =?»ﬁd3 Putpu=p.8pn=

4 1 . 1
Hpnt+petpu=p.8pus =E9ﬁ'm pr.Xps=pu B p., =3

w

4 1 .
Hput+pun=pr.8 P =Z’EEE Pt p.=1%H p2.=z.

+oo
[BY) fx(x) =J_wf(x yy)dy.
M <KOMF.fx(x)=0;
oo +
¥zx>0 H‘]‘,fx(x)=J_oof(x,y)dy =J.o

oo

00
2¢ T dy = e_’J e ”d(2y) =e™,
0

e’y >0,

Dwf"(r)={o, z <0.

oo

fy(y)=J_ f(I ,y)dx,
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Yy< OB, fy(y) =
oo oo

%i'y>0ﬁ,fy(y)=J Ze_“'“")dr=2¢:3'2’J‘o e dr =2¢7%,

2¢, y>0,
o]
meY Y 0, y <.
(2 BA flx,y)=fxx)fy(y) . FrUBEYLER X,Y HE M.
(DF;(2)=PZ KLz)=P(X+2Y<2)= H f(zx,y)dxdy,

r+2y<z

YH2z<<OB,F,(2) =0;
§Z>OH:J-9

F,(z)= H f(x,y)dxdy=re-’dxjfze-“dy
0

r+2y<z

—J e_’dxj ’ e 2d(2y) =re"(l—e’_‘)dx =l—e" —2ze",
0

l—e*—=z2e7, 22>0,

0, Z<09

ze  , =z>0,

()={
fz(= 0, =z<0.

ol Fz(z)={

18 . [BIDP{X >2Y}= Hf(x yy)dxdy —J dyJ' (2—x—y)dx = 27

¢
x>y

(DF,;(2)=PZKL2)=PX+Y<L2)= ﬂ f(z,y)dzdy.

r+y<z

z— 3
Z

Bee<OM,F(2)=0;H0< 2z <18, Fz(z)—j '[ y(2—.7:—y)d.2c=zz—?;

N3
:‘—'.'I1<z<25¢,Fz(z)=l—Ji_ldle 2z —y)de =1— 2 32) ;
%Z?zﬂtj-sz(Z):l.
JZz—zz, 0z<1,
Bt f,(z) =<(2—2)2, 1<z<2.
0, Hb.
19. (ﬁ’ E%JX -~ N(p,az),Y~UE—7r,1t],F)fU X&Yagﬁgﬁﬁjg
2 1
_'(_{J;L et < < )
fx(x)=Ji e ¥ (—oo< g <4oo), fy(y)=J27f TSYST
Zno 0, Hft.
X X,YHEMS LU XY WS EERE N
;e_%}i —o <z <to, —a<y<n
FEsy) =Fx@) fr(3) =42xV/2m g ’ PTENYSRT
0, Hth.
F,(2)=P(Z<2)=P(X+Y<2)= J] flx,y)dxdy
rt+y<z

z— —(:—& = = _1.ro —
J J Te ¥ dx=ij dyJ T L e 2(_’g)zd(’r ‘u)
2ng Zmd—n - fon a
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20.

21.

22.

=%Ji,dy.[fuJ;—ne_édt=ﬂ ch(__—z_i’_”)dy
TR R
W e =g o2 ) o (5.
[#RY(D) B@H X ~ U, D, FLL fx(x) :{;Oﬁfmx <1,
XEX=x(0<z <D TF,Y~UWz)HE frix(y | x)=J%, 0<y<x,&
0, HAth,

1
. 0< < <1v
Fy) =Fx(@) frix(y |x>=Jx Y=

0, HAft.
400
(2) fy(y) =J# flx,dr , Yy <0HK y =18, £y (y)=0;

Jlnl, 0y <1,
y

\ 0,  Hith.
[#8) 4 &, (a, +a;) +k,(a, +Xa;) +k,Ya, =0,8H15

(k) +Yka, + &, +Ek)a, + Xk,a; =0,
BHea,  a,a; ZELE,FLUE

1
o<y <1HF,fy(y) =J %dx =1n%,ﬁ5[ fry)=
Y

Jk,+Yk3=0,
ki 4k, =0,
Xk, =0.
X a, +a,.a,+Xe,,Ye, REHLNTSHERMR LR RAF LT, B
1 0 Y
1 1 0[|=0,AT XY=0,
0 X 0

e, ta; e, +Xa;,Ya, KUHENETLELRHEFR XY =0.
E:%‘:@J X,Y fﬁﬁiﬂlﬁﬂfu a, +a,.a, +Xa3 ,Yal %ﬁ*ﬁ%ﬂ‘)ﬁﬁﬁ

P(XY =0) =P(X =0,Y=—%)+P(X —1,Y=0)+P(X=0,Y=0)

—P(X =0)P(Y=—%)+P(X =1)P(Y=0) 4+ P(X =0)P(Y =0) =—;—.

[82)P (max{X,Y} # 0) =1 — P(max{X,Y} =0)=1—P(X =0,Y=0)
=1—P(X=0)P(Y=0)=1—¢'e?=1—¢",

P(min{X,Y} #0)=1—P(min{X,Y} =0),

4 A={X=0},B={Y=0},M(min{X,Y}=0)=A +B,

F£ P(min{X,Y})=0)=P(A+B)=P(A)+P(B)—P(AB)
=e'Fel—eleel=e'tet—¢"?,
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B P(min{X,Y}#0)=1—¢"'—e? 4¢3,
23.[BYF, () =PU < u)=P(X+2Y < u)
=P(X=DPX+2Y<u | X=D+PX=DPX+2Y<<u| X=2)

=0.5P(Y<u; )+0.5P( \“;2).
Wy < 1R, Fy(u) =0;

Wl <u<L 28, Fylu) =0. 5J_ e dz =—(1—eH")

1 2
Hu>208,Fy(u)=0. 5[ ‘ 4edx 40, 5J fde v dr =%(1 — ™) —I—%(l—e‘_z“).
0 [}

JOy u<1,
B folu) =<, 1<<u<2,
e e, u>2.
11( b )E D9
24. IR BHER(X,Y) WBEAHEN F(z ,y>={ z5y *
0,(z,y) & D,

URNRTHEBENF)=PU<L2),
Yx <OB,F(z)=0;
Y =20,F(x)=1;
Vo< <18, F(z)=PX+Z2<L2)=P(Z= 0, X< x)
T T 2
=P(X<Y,X<x)=J dxf dy =j (1—z)dz =z — L,
H1<z <2FF(@)=P(Z=0,X<2)+PZ=1,X<z—1)
=PX <Y, X<D+PX2Y, X<z -1

—5 e[ ay =g+ L -,

0, x <0,

x—%, o<1,

1
?+l(x’_1)2; 1<.’C<Z’
=

U BT REON F(x) —
2

1, X

2.
(2) ii(X Z) H‘Jﬁ‘jﬁ@ﬁﬁf‘(x,z),
rfx<z<o]rlreong

1 z 1 3 3
P{X 2,X<Y} jodxj‘zdy—Jo(l—x)dx—g;

!

%, F;(0)=P{Z<0}=P{Z=0}=P{X <Y) =%,

7)=rlx<y]

(

0)# Fy () F2(0) 578 X2 R M.

N]l—a
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DY . AL B BT A AE

QO HEA

1.

[#21D(X) =E(X*) —[E(X)]* =4, DY) =EX*»—[EM]} =9,
Cov(X,Y) =pPxy ° '\/E(X) . ‘\/D(Y) =2,

DX +Y)=D(X)+ DY) +2Cov(X,Y)=4+9+4=17,
MEX+Y)Y?=DX+Y+[EX+Y]=17+1=18.

2 mlE(X)—j' F)d =fe Pl —z)dz =2 — > =+
. = 01‘ X x x X xr = 2 = 2 N
o[t =[ ot — a2 =S 2
E(X*) jx f(x)dx 61 —x)dx > 5 =10’
muooo———%_—,a:%
1] 1 2 3
P{IX—E(X)|<2D(X)}—P”X— ‘<10} P(—5-<X<€)
= 37
=J%61(1—x)dx=f-2—5.
3.y X wammnx ~ (0 1 F )
' 0.3 0.5 0.2/’
E(XY) =E[X (X’ —D]=E(X*—X)=E(X*) —EX),
EH E(X*)=—8X0.3+1X0.5+8X0.2=—0.3,
E(X)=—2X0.3+1X0.5+2X0.2=0.3,fLl E(XY)=—0.6.
1 —z+27-1 1 _le(;l?) ! M 1
4. (RIER f(z)=—e - . R X ~ N(l,—) JFEEM) =1,
"/;t_ 2% ><l 2
7z
1
DX =7
5. MBI EX X ~ PG FELEX) = A,D(X) = A8 E(X") = DX +[EXOT = 2" +a.
i E[(X — DX —2]= E(X* —3X +2 = E(X) —3E(X)+2=2A"—2+2=1181=1
6. [RIX A P(X =k)=0.2X0.87",k=1,2,.
1
kl_ k — ’=
w3 S = (51 =(5) = 17 1<
1
NEX)=0.2>,kX0.8"=02X—"——"—-7=
FTLA E(X) =0 2 X 0.8 TR
Q EFER

7. [R)JEGHANERRK p. W X ~Bn,p), Y=n—X~B@,1—-p)

E(X)=np, DX)=np(1—p), EX)=nl—p), D) =np—p),
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Cov(X,Y) =Cov(X yn — X) =Cov(X ,n) — Cov(X,X),

EH Cov(X,n) =E(nX) —Em)E(X) =nE(X) —nE(X) =0,
Cov(X,Y)

vDX) vDY)

Cov(X, X)) =D(X) =np(1—p),filh pyy =

=—1,1(A).

8. M1 B P{Y=aX+b)= 1Ga >0 B ,pxy = 1; 24 P{Y = aX +b) = 1(a < 0) Bf sy = —1.

% arcsinz + arccosz = %(—1<x <D,BMU+V= %ERU= —V+§.Fﬁupw= -1,

(A,

9.(&]%)(1’ sz ctty X,, *EEZE!SZ;BI“(B);(C) EIE%B‘J,%X“ Xzy "ty X,, ijjx*ﬂﬁ,

mcAY RIEFK, (D).

10. [RYBERA(XY) RAZBESS, U aX +6Y IRAEASS 5,

%
11

12,

E(aX +bY)=a +2b,

D(aX +bY) =a® + 4b*> + 2abCov(X,Y) =a® + 4b% — 2ab,
Bf aX +8Y ~ N(a +2b,a® + 4b% — 2ab),

B P(aX+bY<1)=0.58a+26=1,FLI% D).

RER

ORI ' X A —FERIFITRE, X WA REREY 1,2, ,n.
HP(X =k =%,k =1,2,n.

ERBRE 3 KA RRITHIT, WY

P(X = 3)= P(A,A,A;)= P(A)P(A, | A)P(A, | AA,) = "n_lx"_zx

n n 2
Ex) =S k_ntl ExhH=N ¥ _@+DCnt+1D)
k=1 7 Z k=1 1 6
2_

D(X)=E(X*) —[EX)]* =" - 1
@) BRY AFITREGY WTTEERE R 1,2, ,n,,

1 k—1 1
E-P(sz)=(1__) —k =1,2,-.

n n

} =Ny

.r=l—;

= 11, .,
EW) =2k x(1--) ;=;(§x‘)

k=1 n

Eq) =1 —l)k_1 L o0, DWW =n—n.
k=1 n

n

U1 X 207 5 Ko RAHBORE N X ~ B(5,) ,

109 X=01

L‘J.Y 73; I9 IJY=
FRER N 0. X=3.
-2, X=3,
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13.

14.

15.

i E(Y) =10P(X =0) +5P(X =1) —2[P(X =3) + P(X =4) + P(X =5)]
=10 X 0.328+5X0.410 — 2 X 0. 057 =5. 216 (JT 7).
[RIE(T)=—1XP(X <10)+20 X P(10 < X < 12) —5P(X > 12)
=—®(10—p) +20[D(12 — ) —®(10— )] —5[1 — (12 —p)]
=250(12 —p) — 210(10 — u) — 5,

43 E(T) =210/(10 — p) — 250’ (12— ) =0, B 91 _wowl g5 gzt .
du - wi= p)= —e — =22 . =0,
d A Jox

1, 25

B8 p=11——ln 2 ~10.9, FRIAY =~ 10. 9 B, 88— B0 HFEER K.

z

1 £
AU ~ N(O,D)=> = e I, —o00< y <+ oo,
fu = u.
1 [ e 2 [ £ 2 [+ £y 2
$E(Z)=E|U|=—-j lule *du= J ue ‘du= —| eldi—=)= [—>
‘\/27[_°° 20 /znjo (2) [id

E(Z*)=EU*) =DW) +[EW)* =1=>D(Z) =E(Z") —[E(D)] =1—%.

(@RI BX X RASECH 2 (55, BTEL X B9 H0 R 8h
{1_3—219 x >0,
’ x <0,

F(x)=

(U,V) 97 88 BE 3} (0,0),(0,1),(1,0),(1,1).
PWU=0,V=0=P(X<1L,LX<2)=PX<D=F()=1—¢"
PWU=0,V=1)=P(X<1,X>2)=0;
PU=1,V=1)=P(X>1,X>2)=P(X>2)=1—F(2)=¢"';
PWU=1,V=0=P(X>1, X< =e’—¢e".

U,V) MG HERA

1 el —e e

o 1 0 1y,
(2)d3U~(l . _2),V~( . _4)45

—e e 1—e e
EWU)=e?, E(V)=e', EWUV)=e", EWU* =e?, EWWH=e", M
DW)=EW* —[EW))=e?—e", DIV =E(V») —[E(W)]) =e"'—¢e",
Cov(U,V) =EUV) —EWUEWV)=e"'—¢",
FR ooy = Cov(U,V) _ 1 .
VD) « VD) Je¥+1

. 543 -



EWMBRENT R 1800( % —)/BE W

16.

17.

18,

19.

(7] F R BEYLAE B4 k.
1,508 i B A%,

BREHLAE R X FR AR B, S X, = {0 B g g =231,

11
WX=X,4+X,++Xy, EX)=D>EX).
i=2

P(X, —0)—(1—%) 2°=(%)m, P(X, =1)=1—(T95)2°,
ANEX)=1— (i)zo,ﬁfu E(X) =ﬁ)1~:(x.> =10 [1 - (i)zo]
! 10 o i 10 .

4o
¢ [6D) E(X)=j_ zf{x)dx =0,

o0 o0
D(X) = E(X®) —[ECOT =j 22 f(x)dr = j i dr = [(3) = 2,
—o 0
(2) B Cov(X, | X D=E[X | X |]—E(X) +E | X |=E[X | X |]
+eo
=J_ z |z | f(x)dz =0,

FREA X, | X | R,

Q) MEBEMa >0,P{X<a, | X |<a)=P{| X |<a),
MOo<PX<K<a)<LHUP{X<a,|X|<a)>P{| X I<a} e PX<a),
WX, X AHEEM.

(%Y DEZ) =%E(X) + %E(Y) =%,

D(Z) =%D(X) -I-%D(Y) +%Cov(X,Y) =5+%X (— %)«/D(X) VDY) =3.

(2)Cov(X,2) ——D(X) + lCOV(X,Y) =3+ i x (— %) X 12 =0=>py, =0.

Q) BAAX,Y) RN ERDH, BT Z HﬁMIE’“éN’ﬁ R ef X &BEMIE*%Z‘E XX,
Z AMX TP X,Z ME M.
1

[ﬁ](l)P(X<Y)=z, P(X>2Y)=%, P(Y<X<2Y)=Z,

W,V) Wl e B {E X (0,0),(0,1),(1,0),(1,1).
PU=0,V=1)=P(X <Y,X > 2Y)=0;

PU=1,V=0)=P(X >Y,X <2Y) = P(Y<X<2Y)=%;

PW=0,V=00=P(X <Y, X <2¥)=P(X <Y) =%;

1

P(U=1,V=1)=1—(4 +%)=%.
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1
0 — 0
4
1 1
1 7 2
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3 3 1 1 1
E(U)_Z’ D(U)—E, E(V)—f, DWV)=—, E(UV)—-Z—,

1 COV(U,V) 1
Cov(U,V) =EUV) — EADEWV) ==, A
8’ T /DD 43

[ﬂ)(l) ﬁ X] 9Xz 9""X,,,+,, *ﬂﬁﬁl‘l,ﬁu
DY) =D \D(X,)=ne*, D(Z)=,D(Xnu)=nc’
i=1 k=1
(2)Cov(Y,Z) =Cov[ (X, 4+ X)) + KX + o+ X0 Xt + oo + X i)
= (:OV(X] +‘“+Xm 9X,,.+] +"'+X,,,+,,)+Q)V(Xm+1 +'"+X,, 9X,,.+| +."+Xm+n)
=D (X + o+ X))+ Cov(X iy + 0+ X s X + 00+ Xoin)

=(n—m)a?,

Cov(Y,Z) _n—m

W oy, = -
A Te oI R
(831D (Y,) = Cov(Y,,Y,) =D(X,;) + D(X) — 2Cov(X,,X)
el 2_ 1
n n n

(2)Cov(Y,,Y,) =Cov(X, — X, X, —X) =D(X) — Cov(X,,X) — Cov(X, , X) =—%.

2
n
jg X] ,Xz,""Xn ﬁ!l’lﬁ.%ﬁﬂﬁ}iﬂfﬁﬁ?ﬁ ,Fﬁ'l«'l Y| +Y,, HEME%&%E?
1

?.

(3)Y1+Y,,=X1+X,,—%Z;X,.=(1_ )Xu—%Xz—----%xn_.+(1—%)x",

EXY,+Y,)=0=>P{,+Y, <0 =
X

£ NOD,V=T=£ <N,
'3 - [*2

[(BIEN X, YEHRMA N, o») /. U=

BHU,VHEMS,M X =cU+p,Y=0V+u,¥ Z=max{X, Y} =cmax{U,V} +pu,
g U, VHEMRIBWU,V) WREEEREN

_u2+uz

f(u,v)=2—1"-e 7 (—oo <L u <00, —o0 v+ ).
FR E(Z) =cE[max{U,V}] +p.
i ELmax(U,V)1 = du| " max{u,v)fu,0)dv
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T 1 -2 1 (% o, 2
=ZJ . dGJ r’cosf X —e *dr =-—J \ cos@dﬂf r’e "dr
- 0 2n nJ-F 0

B E(Z) =0E(max{U,V}) +p == + 4.
Jr

23.[&]1’[}(“)=P(U<u):P(max{X19X29"'9X,,} <u)
=P(X1<H9X2 <u,"',X,,<u)

=J(i) 0<u<a,

a
lo, i,
L
2y, 0<u<a,
.fu(u)=Ja"u SHsa
o,  #m,

_ oo _ a l w1 _ na
E(U)—J'_wufu(u)du Lu Xa"u du il
E(U?)—rw 2fuCudd —f" 2y Lyt gy = 12

=] ufulu u—ou a"u u—n+29

7‘1(12
(n+ 1D (n+2)
24 [BR12 A =5 i PAKBIACHBRIERRE) i =1,2,,n,

TEDW) =

{I’A' RE 1 WX =X, +X, 4+ +X
‘ O’Ai Kﬁi’l ’ ’ ,11, o l 2 "
P(x,=0)="—"1 P(xf=1)=%,
] 1 n—1, .
:E(X;):E(X,.)=;, D(X,)) =——(i=1,2,,n)
n

E(X)=D)E(X)=1;
i=1

Mi£j HTJ',P(X;=1,X,~=1)=P(A,«Aj)=P(A,~)P(A,- IAi)=7z(+l)’
n—
0 1 )
:X;Xj"-' 1— 1 1 =>E(X;X,~)=’T_l)(l 7)),
n{n—1) nn—1)
1 1 1 . .
COV(X;,Xj)—E(X,-Xj) E(X;)E(Xj)—m n—z—m(z #])9
=D(X)=2,D(X,)+23Cov(X,, X)) =22 yacix L __
p— pe n n"(n—1)
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. KB LB PR e 2

QO |=EH

1.[BIE(X)=0, DX)=3, E)=0, D(Y)—%

W EX—Y)=0, D(X—-Y)=D(X)+D{)—2Cov(X,Y) =%,Efu

DX —Y)

_2
9 5

P(IX-YI<3)=PUX-V—-EX-VI<H=1-

2 [RID & X, E i KWAKG=1,2,3,4,5,6), 0 X = _Zx..,ﬁrh

1 2 3 4 5 6
Xi~ 1 1 1 1 1 1 (i=1’293,495,6)9
6 6 6 6 6 6
S 1 7 : |
35 .
D(X;)—ﬁ,z—1,2,3,4,5,6.
7 35 35
DI'JE(X)=6><7=21, D(X)—6><——=7,Ehmtl:£9ﬂ<%it,ﬁ
PUA< X <28)=P(| X —EX) |<D> 1—9%=19—4.

()l X, ~PGB/BEWX)=i,DX))=i(i=1,2,-,10),

1424 +10_11
100 20

D(Y)—I—O—OZD(X )=

m P (4 <Y<7)=P(—%<Y—E(Y) <%)

—P(IY-EW I<3)>1-Z5 =5

% 4 100 -
3. (B4 U= DX, EWU)=0, DU)=100X ===,

i=1

100

100

BIIJP(ZX. <=

O BES

4. (B> U=X+Y,MEW) =EX)+EX) =3,
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DWW =D(X+Y)=D(X)+D(Y)+2Cov(X,Y) =4+9+2 X (— %)X 2X3=7,

FRP{X4Y—3[>10)=P{|U—=EWU) |> 10} < .

100
5. UM 8% i RAmEREMY X, ,
m“ Xi ~ E(O. Ol)yE(X,) =1009D(X,) =1002(i =192""936).

36
X=>X,,
i=1
X —3600 _4200—3 600
P(X>4200)=1~P(X<4200)=1—P(/, < )
36 X 100 /36 X 100

~1—@(1)=0.158 7.
6. [i-IEHﬂ’ @j‘j Xl aXz,"'vX,, ﬂ!fﬁ'ﬂﬁ:}‘*ﬁ»ﬁﬁu stXi,'"yX: ‘mzﬂﬁﬁ]ﬁﬁﬂ
E(X}) =a;» DX} =a,—a}, % n F4PKET, f .0 4% R 2 18
n T Q3

Z":Xf —na,
= = ERRMREESS A8 Z, ECRMAESSH . BAASH N
Jnla, —al) \/cu——ag

n

/‘\ . = A y ,o.o’ Y
7.[#1% X'_{O,%i S A BLR B S (:=1,2 300)

0 1
) (i =1’21'"9300).

WX, ~ (0. 94 0.06

300

4 X RRFBEFERIZHOSUE, N X = Zx

E(X)=300X0.06=18, D(X)=300X 0.056 4 =16. 92.
RELHERRE n RIMR, MEE R P ORI EEE

n—18 0—18
POSX < ~ of __)—cp(/_)>o.95,
SAST 16. 92 16.92

=1.645,n 2> 24. 8, FTLI BV ER Y 25 KR A BBIR TS & VT E 5

mpn_18
16.92

KNATFEFHFHBEERFETF 0. 95.
AN &k R RN N

QHZE

1L.IBRYH X, + X, + -+ X, ~ N(O.Sl),ﬁ%(Xl +X; 4+ +X) ~NO,D.BRY,,,

Y, MEMERM NC0,9) 439, BTRACY, /3)% + (Y, /3)2 + « + (Y, /3)* ~ X%(9),
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(X, + - +X5)/9

EII%(YH--"-i—Yﬁ)~XZ(9).IELH$U— ~ £(9).
\/—(Y2+ +Y2)/9
1 1 's_Xf/l X:
Lz g2 2 ve 2y . Y2 = LI
2.[#&) le X2, 4(Y,+Yz) , X232, 1 b F(1,2).

I(Yf+Y§)/Z

)S

3. [#8] lﬂ%—; X2 (n — 1), I

_ ' 192 ' ‘
D [(La—zl)—s]=2(n—l)= (n— 1) D(SZ)=Z(n—1)=>D(SZ)=n26 -
. —

1)52 (n —1)S?

lml XZ(m_l), —Z—~X2(n—1),
o
( —l)S2 (n—1)S:
BT~ X =D H—— ~ X — D MR,
(m—1)82
____/(m—l) s
I}-U =—~F(m_l!n_l)

—1)S; S?
(n__)___/(n_l) z

Q EEAR

- " _
5.[f&) %—ﬁ NN(O,I),——ZZ- "wxz(n—-l),u
o

Al o S,

Nn Jn n—1

n— 1) ﬂ\i(D).

6.UBIE X ~t(n), B X = y/ JHH U ~ N(0,1),V ~X2(n), AU,V MEMY, F&
A/ n
U*/1
Z_ —~ »)
X —V/n F(l,n),]i(A).
v 2
7. (&) ﬂ3—~N(0 1)4%"X ~X2(),
«/;7
_ 2
(n=DS* i,y g 5@ DS gy,
o o 0'
o2
n_}i_'/l w2
o nX
TR - — ~ F(1,n — 1), M (A).
¢ DS /(n—1) S
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O BEHE

8.(ﬁEﬁHlY.~N(p,§), Y2~N(,u,%2), zaiz~X(2),

2 — 2
mu Y|~'Y2 ’\’N(O,%‘) ,Yl “'252 *ﬂﬁ@l‘[’
vz vz
— 2
i zwﬁm%iﬁ’%/ = PP (s OGO

V2
I.(BIBRU= EX ~ N(@©,m),V= meX ~ N(,n), AU,V HEM,

i= i=m+l

\%
¥%_ ~ N(0,1),— ~ N(0,1),#%
Jm Jn

m n

E 2 K 2—_1 m 2 1 m+n 2 2
(ﬁ) +(/;) —;(;)x,.) +;(i=zw)ﬂx,.) ~ X%(2).
. 2 v N _ 2 —_
10. (81X ~N(o,"—),£=‘/;, ~N©,D, XD e - X o
n i 2 c o
N
X -
%wmm m g ~:(n—1),an@~z<n—1>.

(n—1)8?
Ja—z/(n -1

11.T8XD # Y, =X, —Y=—%2X, +(1 —%)x,.,
i

‘*E’D(Yf’=(—,,) >, )+(1—%) DXy =1-1.

i=1
FET

(2) 55‘] X] ’Xz 9"'9X,,(71 > 2) *ﬁﬁ?ﬂ.\"‘[’
BFA Cov(Y,,Y,) =Cov(X, — X,X, — X)
=Cov(X,,X,) — Cov(X,,X) — Cov(X,X,) + D(X),

D —
(;IX") »yD(X) =%=>Cov(yl ,Y") = ._l.

H Cov(X,,X) =Cov(X,X,) =
12 [ﬁ’ EI%J Xl sz 9"'&X,, iﬂilﬁlﬁ*ﬁ,ﬂfuiﬁ' E(X]T) =E(X2T) = eee =E(X,,T)

=EX,T) =%E[(X, +X;+ -+ X)T]=EXT)=(n—1)E(XS?)

n

=(n — DE(X)E(S?) =(n — Dyo?.
13.TRIEY) = —ZEIX —p|=E|X—p |, D)= —Eplx —u |= —DIX—;: [

+e 1 et
MEIX—ul=] lz—plX——c * de
- Joneo
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15.

16.

o —pu 1 '“_;zL’z x—p J':’"c t —é 20
=o‘I | | X e d =2¢ e tdt =——,
o ' o Jin ( o ) o Jon V2r
E|X—p |2=J+ |z —p 1P X — u;’z)udx =2a2fwt2 X—l—e_édt=az
- 21‘(0’ V2w
_ 2 1 2ty 1) 2),.
FREW) == D(Y)—n(a K)—n(l “)a.

(ﬁlé\y. =X,- +X,,+,~(i=1,2,‘",n),m'JY, yY29 9Y %JIE:U/E%N(Z‘M ’20_2) H{Iféjﬁpﬁ

m#zl:,?=,l2x =2X,U=2,(Y,—Y)*=(n—1) me(Yi—?)2=(n - 1Ss?,
i=1 i=1

i=1

Hrh S RHEAY,,Y, .Y, BHFE, M ESH) = 2" FUGEHRU= Z (X, + X, — 2X)?

BB N EU)=E[(n — 1)S?]=2(n — De’.
(821 & X, X,,S,S: AEM, THla,b 5X,,X, HEML, BRa+b=1
E(X)) =u.E(X,) =p=EWU) =p[E@)+EM®)]=pE(a +b6) =pE) =p.

(R B X, ~ Nuoo®) X ~ N2 ) BEMME R,

F)fux,.ﬂ—3<-~N(0,11L—162)=>X"“ X X"“_ / - ~ N, D.
n T1

n
[~
n

=1, X X — X %—ﬁ TS, BB ¢ AR X B

(n — l)S

n+] X _
X —_—
"+ _ [ X=X .

[9——_21)8 /(n—l)
¢

.S HA T

o

1.

o

HST

L) 7 o° EAMHTRT H@ﬁ{nEIE%J(X—J_za X +ﬁz;) Jf e, =1.96,
?%ﬁzx% . =0. 388='2><\/—1_6-><1 96 = 0. 588=>5% =0. 36.

EFED

2.1 E(L 3 x1) = LD ExD =0 BL SIXE o MM B (A,
i=1 i=1

i1
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O BmER

JUAMIEX)=0X0*+1X20(1—0)+2X0°+3X(1—20)=3—40,
1
8
L) =0 X[20(1—6)] X 6% X (1 —26)* =46°(1 —6)*(1 —26)*,
InL () =In4 + 6Inf + 2In(1 — @) + 4In(1 — 28),

xr =

B+1+3+0+3+14+2+3)=2,4EX)=z B8%0 B@éﬁmﬂﬁﬂya=%.

o d __2 8 . LR _7-/B3
PPl @) =g — 15 75 —O RSO MBRURMEIHEND = o

4. URIDOX HEUEBIER K rwn x ~

¢ 6 1—26

1+1+34+2+1+2+3+3

xr =

=2,43—-30=278¢ H‘Jéﬁﬁiﬂﬁ%}@=%.

8
(2)L(1,1,3,2,1,2,3,3;0) =P(X =DP(X =1)P(X =3) =6° X 0> X (1 —20)3,
d 5 6

= J — D _———e— =
InL (8) 5ln€+31n(1 20),<rdelnL(0) 7 1= "

%0%%k&mﬁﬁﬁ%9=%.
5. DRRY 0K X 0085 B 6 0 407 R 05 5

1 0’ l’<0,
k] 0< <09
f(:c)={0 * F(z)= % 0<z <9,
0, ,
ﬁf& 1’ 1209
1
1y an? 0< .~<0,
&Ilaxz 1°°* Y, %:E\%X E‘J#ﬂimgﬁ,fu%&ﬁﬁ L(a) ={0 * (i=1,
0, Hith

2;'",").
o<z, <G=1,2,yn) BF,L(§) =0in> 0, H 3 0 M/het L) BK,

FrLh 6 BB R MR THE N 0 =max{x,,2,,2,),0 BBABRMEHEN

9=max{X1 st 9"'9X,,}. 399=max{X1 sz 9'"9X,,} B‘Jﬁ‘?ﬁﬁ&ﬁ
0, .Z’<0y

F,(z) =P(max{X,,,X,} <2)= PX, <z2)PX, <z)=F'(z)= J;—n, o <40,

].y 1209
a—1
L, 0 07
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n—1
E(a) =J:.‘C Xn:;" d:c =n_7;_15—/+—09ﬁ)ﬂ«19=max{xn st 1"'9X,.}Z-\.E0 B‘J?ﬁ{ﬁ'ﬁ?ﬂ'ﬁ.

+ 552 -



TR RE\

-—021?
6"a" (x zpox,) e =1,z > 0,xy > 0500052, >0,
6. @)= flx)f(xs)flx,)=
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X
i=1
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i=1
1
un—— ] 0 < <0 ’
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?
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i
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V20
4 H, B AR S EREERT 10 BR.
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4, NYLESRREIE® TIE.
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